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Abstract—We study the damping efficiency of torsional vibrations of a body using a dynamic vibration
damper containing a system of successive impactor pairs with magnets as colliding elements. Dimen-
sionless essentially nonlinear differential equations of motion of the protected body and magnetic ele-
ments are obtained. The influence of the designed parameter selection of the vibration damper on the
vibrations of the carrying body is considered. The features of damper tuning in a wide vibration damp-
ing band mode are described. The optimal variant of damper tuning with the most effective damping
of body vibrations is established.
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The creation of high-performance machines and high-speed vehicles, boosted in terms of power,
loads, and other indicators of performance, inevitably leads to an increase in the intensity and expansion
of the spectrum of vibration effects exerted both on the machine itself and on the environment. Тo sup-
press the harmful effects of vibration, various methods and means are used. One of the effective ways to
reduce vibration levels is to attach dynamic vibration dampers to a vibrating object [1]. Dynamic dampers
are differentiated by the number of degrees of freedom, by the physical principle of the implementation of
potential and nonpotential forces, and by the design and other features.

Among the existing variety of principles and design dynamic vibration dampers, vibroimpact action
dampers hold a special place [1, 2] providing effective reduction of oscillations in a wide range of exci-
tation frequencies. An essential feature of the structure of any vibroimpact system is the presence of at least
one shock pair, which is a combination of two links moving with collisions. In engineering calculations,
to take into account the shock interactions of two rigid bodies, the concept of the recovery coefficient
upon impact is usually used [2, 3]. It is believed that the value of the recovery coefficient reflects the phys-
ical properties of the colliding bodies and does not depend on the impact velocity.

A lot of works by domestic and foreign authors are devoted to consideration of shock vibration damp-
ers. Many of them consider systems with one degree of freedom under different types of external impact
[4–10]. Papers [11–17] are also devoted to the use of vibration dampers with several degrees of freedom.

In this article we analyze the efficiency of using a dynamic damper with magnetic shock pairs to reduce
the level of torsional vibrations. Earlier, in [18–20], a shock damper of longitudinal vibrations was treated,
in which the role of inertial elements is played by permanent magnetic elements and the role of elastic
forces is played by magnetic forces. A diagram of this dynamic vibration damper with vibroimpact pairs of
magnetic elements is shown in Fig. 1. There are (n + 2) permanent magnets installed in the damper hous-
ing so that their like poles are oriented towards each other. The edge magnets, designated by the numbers
“0” and “n + 1,” are rigidly fixed on the damper housing.

When exposed to vibration f(t) transmitted to the damper housing, displacement Xi  of magnets
occurs relative to the left edge of the housing. This, in turn, leads to the appearance of repulsive forces Fi,
which depend on the distance  between neighboring elements (in the position of
static equilibrium ). At insignificant amplitudes of external periodic influences, the magnets will
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Fig. 1. Vibroimpact dampers with magnetic pairs. 
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Fig. 2. Installation layout of a dynamic damper on an oscillating shaft: (a) mounting of a damper on the shaft; (b) top view;
(c) general view of a body with a damper. 
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perform impactless movements, while at large amplitudes, vibroimpact modes of movement of magnetic
elements are possible.

In [18], the regions of impact and impactless oscillation modes of magnets were obtained on the plane
of parameters “the frequency of the external action and the amplitude of the external action.” In [19], the
damper efficiency was investigated depending on the distance between the magnetic elements at the initial
state of rest, on which the spectrum of the natural frequencies of the device depends. In [20], two types of
connection between the damper elements are considered: the analytically obtained magnetic characteris-
tic without correction for experimental data and the case of the absence of magnetic forces between the
elements.

Problem statement. The simplest scheme of dynamic damper arrangement on a shaft performing tor-
sional vibrations is shown in Fig. 2. In Fig. 3, as an example, two other possible schemes for symmetrical
installation of several dampers in the plane of the shaft cross section are shown.

Without loss of generality, we will consider the scheme of the damper attachment corresponding to
Fig. 2. The shaft is assumed to be an absolutely rigid body mounted on bearing supports with the total tor-
sional stiffness cϕ (N) and a damping factor dϕ (kg m2/s). A periodically varying external torque is applied
to the shaft:

(1)

where ω is the torque circular oscillation frequency and t is time. Under the action of the torque, the shaft
will perform torsional vibrations with twisting angle ϕ(t). The damper is rigidly attached to the shaft.

( ) ( )= ω0 cos ,M t M t
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Fig. 3. Attachment scheme of several dampers to a shaft (top view): (a) a body with two dampers and (b) a body with three
dampers. 

(a) (b)
When all the elements of the system vibrate between the magnetic elements, a repulsive force Fi(zi)
arises depending on the dimensionless distance zi between adjacent magnets (Fig. 1) [19]

(2)

where ; ; h is the height of the cylindrical magnet, m; B is the residual magnetic
induction, T;  is the magnetic constant m kg s–2 А–2; and a is the scaling parameter equal to the radius
of the cylindrical magnet, m.

Impact interactions in magnetic pairs, in accordance with the stereomechanical theory of impact, will
be taken into account using the recovery factor R [2].

Of particular interest is the study of the conditions for the occurrence of vibroimpact modes. In this
article, we also study the efficiency of torsional vibration damping of the shaft, depending on the distance
between the magnets at rest (the spectrum of natural frequencies depends on it), the amplitude and fre-
quency of the external torque, and the recovery coefficient upon impact.

Equations of motion. The movements of the system under consideration will be described by the shaft
rotation angle ϕ and the movements Xi of each magnet relative to the left edge of the damper. Using the
Lagrange equations, we write the differential equations of the system motion in the form

(3)

where mi is the mass of the i-th magnet, kg; r0 is the distance from the axis of the body of rotation to the
longitudinal axis of the vibration damper, m; d is the external damping factor, kg/s; J0 is the moment of
inertia of the shaft relative to the axis of rotation, kg m2; ri is the distance from the axis of rotation to the
i-th rotating element, m; Fi and Fi + 1 are the repulsive forces of two neighboring magnets, described by
dependences (2), N; and the “primes” above variables mean derivatives with respect to time, t.

In what follows, the following designations are used for the variables during the transition from the
state “before” impact to the state “after” impact: . The conditions of impact interactions of
mobile magnetic pairs and magnetic pairs, in which one of the magnets is rigidly fixed to the housing, are
different. In this article, we used two versions of the recovery factors in accordance with [3]: R = 0.56
(steel–steel impact) and R = 0.94 (glass–glass impact).

The impacts of internal magnetic elements against each other are described by the relations
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Table 1. Variable parameter values

No. Recovery coefficient, R
External torque 
amplitude, М0

External perturbation 
frequency, ν

Distance between magnets 
at a state of rest, α

1 Without impact 0.024 ν = ν0 = 0.059 0.43
2 0.56 0.135 ν = ν0 = 0.059 0.43
3 0.56 5 × 10–4 ν = [0.8ν0, 1.2ν0] α1 = 0.43, α2 = 1.15

4 0.94 5 × 10–4 ν = [0.8ν0, 1.2ν0] α3 = 1.56, α4 = 1.79
In contrast to the damper of longitudinal vibrations, in this case, the impact of a movable magnet with
a relatively stationary magnet is taken into account with conservation of the angular momentum

In order to reduce mathematical model (3) to a dimensionless form, we introduce the linear scale
, m, the time scale , and dimensionless complexes and variables

(4)

Having substituted (4) into (3), we obtain the equation of the system of motion in dimensionless form

where the “prime” means the derivative with respect to dimensionless time τ.
In the calculations (except for the amplitude–frequency characteristics), a damper with five impactor

pairs (four movable magnets and two fixed on the body) was used, the first frequency of which is equal to
the natural frequency of the body. This procedure is described in [19]. Numerical calculations were carried
out using the MATLAB software package for the following values of constant system parameters:

where n is the number of movable magnets;  is the ratio between the damper inertia moment relative to

the axis of rotation of the body and the moment of inertia of the body without a damper; and 
is the natural vibration frequency of the protected body.

An assessment of the influence of individual parameters on the calculation results was carried out for
the values given in Table 1.

Figure 4 shows the results of numerical simulation for the oscillations of the body-vibroimpact damper
system under an external influence, which does not lead to the occurrence of impact modes.
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Fig. 4. Graphs of oscillations of (a) a vibration-isolated body and (b) magnetic elements in impactless mode. 
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Fig. 5. Graphs of vibrations of magnetic elements (a) during their collisions and (b) a vibration-isolated body. 
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One can see from Fig. 4 that the system performs periodic oscillations with a period equal to the period
of external influence. It is important to note that, in this case, the oscillation amplitude of a body with a
vibroimpact damper (Fig. 4a, curve 1) is approximately 250 times less than the amplitude of oscillations
of a body without a damper (Fig. 4a, curve 2). Тhe oscillation plots of four movable magnetic elements
relative to the damper housing are shown in Fig. 4 by straight lines 1–4.

Figure 5 plots the results of calculation of oscillations of the system with the amplitude of the external
action at which the impact modes take place.

Black dots in Fig. 5a indicate the moments of collisions between the elements of the system. With this
external influence, the oscillations of magnets are no longer periodic and irregular impact interactions
appear. The amplitude of vibrations of a body with vibration damper (Fig. 5b, curve 1) in this case
decreases by approximately 74 times as compared to the amplitude of vibrations of a body without a
damper (Fig. 5b, curve 2).

Amplitude–frequency responses. To assess the effectiveness of tuning of the oscillation damper depend-
ing on the ratio of the natural frequencies of the damper and the body, the ratio of the amplitude–fre-
quency responses of body oscillations with and without a damper (the vibration damping efficiency factor)
is used. Figures 6 and 7 show the corresponding plots. Curves 1–4 correspond to the four options for set-
ting the oscillation damper (each natural frequency of the damper is tuned to the natural frequency of
oscillation of the body and denoted by the same number with the curve), and line 5 shows the amplitude–
frequency response without a damper. Figure 6 shows the results of numerical calculations with the
parameters indicated in the third row of Table 1. It is important to note that, even with a relatively small
amplitude of external influence, impact modes are observed. This is confirmed by the nonsmoothness of
the curves in Fig. 6.

The result demonstrates that the damper is most effective, the first natural frequency of which is tuned
to the external action frequency: vibrations of the body with a vibration damper are practically absent
JOURNAL OF MACHINERY MANUFACTURE AND RELIABILITY  Vol. 50  No. 2  2021



110 GUSKOV, ZAMURAGIN

Fig. 6. Amplitude–frequency responses of a body with and without a damper at R = 0.56.
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Fig. 7. Same as in Fig. 6 for R = 0.94.
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throughout the considered frequency range of external influences and the modes of movement are mostly
impactless. The rest of the damper adjustment options also effectively reduce the body oscillation ampli-
tudes in the range considered, but the driving modes are mainly impact ones.

Figure 7 plots the calculated amplitude–frequency response with the recovery factor R = 0.94 upon
impact (Table 1, line 4).

In this case, the maximum vibration damping efficiency is also observed when using a damper with the
first natural frequency equal to the frequency of the external influence. One can see that the rest of the
dampers, with the use of which the impact oscillation modes arise, lead to larger values of the oscillation
amplitudes of the body in comparison with the same dampers having a lower recovery coefficient upon
impact (Fig. 6).

CONCLUSIONS

The use of the proposed device as a dynamic oscillation damper effectively reduces the vibration ampli-
tude of a damped body. An especially effective damper is that in which the first natural frequency is equal
to the frequency of the external action. When tuning other frequencies of the damper to the frequency of
the external impact, its efficiency is approximately the same and rather high in all cases considered.
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