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Abstract—Splitting of resonant optical modes in Fabry–Perot microcavities with distributed Bragg reflectors
is studied experimentally. The splitting was detected in polarized light at large angles of incidence onto the
external boundary of a microcavity. A theoretical model is developed which makes it possible to describe quan-
titatively all of the special features of the splitting observed. © 2003 MAIK “Nauka/Interperiodica”.
INTRODUCTION

Recently, much attention has been focused on
Fabry–Perot microcavities (MCs) because of their
interesting physical properties [1]. Some examples of
the phenomena that were observed in MCs are given by
Rabi splitting due to the interaction of localized optical
modes with excitons in quantum wells [2], the splitting
of eigenmode frequencies in a system of two MCs cou-
pled by a common mirror [3], and the polarization split-
ting of eigenfrequencies of optical TM and TE modes
[4]. Most of the effects in MCs were studied at angles
close to normal incidence of light.

The aim of this study is a detailed investigation of
the optical eigenmode of a planar MC at large angles of
incidence. As experimental samples, we used MCs on
the basis of oxygen-saturated hydrogenated amorphous
silicon (a-SiOx:H) and tin oxide (SnOx). The splitting of
the optical-mode resonant frequency in one of the
polarizations of light is revealed. The value of splitting
and the polarization (TM or TE) in which it appears
depend on the optical constants of the individual layers
and the MC geometry.

EXPERIMENTAL

The microcavity under consideration is a thin-film
structure comprised of alternating layers of oxygen-sat-
urated hydrogenated amorphous silicon (a-SiOx:H) and
tin oxide (SnOx).

1 A schematic of the MC structure is
shown in Fig. 1. The upper (A) and the lower (B) dis-
tributed Bragg reflectors (DBRs) consist of two pairs of
quarter-wave layers of SnOx and a-SiOx:H (the respec-
tive thicknesses are λ/4n1 and λ/4n2) with a high (n1)
and a low (n2) refractive indices (n1 = 1.87 for SnOx and
n2 = 1.46 for a-SiOx:H). A half-wave active layer of
SnOx with the thickness λ/2n1 is placed between the

1 The detailed description of the MC design and fabrication pro-
cess are given in [5–9].
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two DBRs. The optical parameters of the layers were
determined from the interference pattern recorded
directly during the growth of the microcavity structure.
The properties of each layer were independently
obtained from ellipsometry measurements. The thick-
nesses of the layers were chosen so that the resonance
wavelength (λ) in vacuum at normal incidence of light
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Fig. 1. Scheme of an SnOx/a-SiOx:H-based microcavity
consisting of two quarter-wave distributed Bragg reflectors,
the upper (A) and the lower (B), and a half-wave active SnOx
layer (C). S is the quartz substrate; ki and kr are the wave
vectors of the incident and reflected waves, respectively;
ϕ is the angle of light incidence; TM and TE are the polar-
izations of light; n1 and n2 are the refractive indices; and λ is
the operating wavelength of the microcavity.
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Fig. 2. Transmission spectra of the SnOx/a-SiOx:H-based microcavity at the angles of incidence ϕ = 60°, 70°, and 80° for (a) TM
and (b) TE polarizations. Circles show the experimental results and solid curves show the results of calculations.
lies within the range from 1.3 to 1.5 µm, which corre-
sponds to the range used by modern fiber-optics com-
munication devices.

The materials of the layers were selected so that the
microcavity structure grown had a fairly high optical
contrast 2(n1 – n2)/(n1 + n2), which allows one to
observe the MC eigenmodes with a minimum number
of periods within DBR. The latter circumstance plays
an important role in simplifying the technological pro-
cess of growing a multilayer structure.

Spectroscopic studies were carried out using a com-
puter-controlled grating monochromator equipped with
an InGaAs-based photodiode as a radiation detector.
We performed the measurements in the synchronous-
detection mode. The transmission signal was collected
from the surface area of 1 mm2. The angular aperture
did not exceed 0.7° during the measurements, which
enabled us to avoid undesirable broadening of reso-
nance lines as a result of collimation of beams passed
through the MC at different angles.

We measured the MC transmission spectra both in
TM and TE polarizations at different angles of inci-
dence in the range from 0° to 85°. The spectra were
recorded in the interval including the value correspond-
ing to the photonic band gap [1]. As long as the angle
of incidence is no greater than 70°, the spectrum shows
a clearly pronounced resonance peak, which is attributed
to the excitation of an MC eigenmode. At larger angles,
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a doublet structure of the resonance peak appears in TM
polarization; whereas, in TE polarization, such a struc-
ture is absent at any angle of light incidence.

The MC transmission spectra in the region of the
photonic band gap is shown by dotted curves in Fig. 2
for (a) TM and (b) TE polarizations and three angles of
incidence (ϕ = 60°, 70°, and 80°). It is seen that, in TM
polarization, the doublet structure is absent at ϕ = 60°,
arises at 70°, and becomes pronounced at 80°. The
splitting of the doublet increases with increasing ϕ. In
TE polarization, only one resonance peak is detected at
the same angles of incidence. The TE peak turns out to
be narrower than the TM peak. The photonic band gap
most clearly manifests itself in TE polarization as an
appreciable increase in the transmission coefficient at
the long- and the short-wavelength edges of the spectral
range considered.

Dots in Fig. 3 show the spectral position of the
experimental resonance peaks versus the angle of light
incidence. As the angle increases, the resonance wave-
length corresponding to the maximum transmission
decreases. For angles ranging from 0° to 70°, the reso-
nance frequencies for TM and TE polarizations coin-
cide. At the angles exceeding 70°, a distinct splitting of
the resonance peak is observed in TM polarization. It
should be noted that the appearance of the splitting is
threshold-like.
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In order to explain the experimental results, in what
follows, we suggest a model for the formation of trans-
mission spectra of an MC structure at large angles of
light incidence.

THEORETICAL MODEL

The transmission spectra of the structure studied
were calculated by the transfer-matrix method [10].
The calculated spectra (solid curves in Fig. 2) were fit-
ted to the experimental data by varying the refractive
index of SnOx and the MC layers’ thickness. As can be
seen, good agreement between the theoretical and the
experimental results was achieved. The calculated
curves reproduce all the special features of the experi-
mental spectra including the photonic band gap and the
resonance peak with its doublet structure.

The resonance wavelengths providing for the maxi-
mum transmission through the studied MC structure
(n1  > n2) versus the angle of light incidence were
derived from the calculated spectra for TM polarization
(solid line in Fig. 3) and TE polarization (dashed line).
The calculated values correlate well with the experi-
ment. The resonance wavelength decreases with
increasing angle of incidence. For angles in the range
from 0° to 70°, the resonance wavelengths for both
polarizations are very close (small polarization splitting
[11]). This fact is attributed to the relatively low value
of the optical contrast, as well as to the fact that the
optical thicknesses of the DBR layers and the active
layer are equal to λ/4 and λ/2, respectively, with high
accuracy.
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Fig. 3. Angular dependence of the resonance wavelengths
of the SnOx/a-SiOx:H-based microcavity for TM and TE
polarizations. Circles represent the experimental results.
Solid and dashed curves show the wavelengths of the reso-
nance transmission peaks obtained from the spectra calcu-
lated by the transfer-matrix method for TM and TE polar-
izations, respectively. The dot-and-dash line is the result of
calculating TM polarization according to analytical expres-
sion (3).
In order to establish the reasons for TM-peak split-
ting, we make a number of simplifying assumptions.
Let us assume the optical thickness of the active layer
and that of the DBR layers to be equal to λ/2 and λ/4,
respectively. The relationship between the refractive
indices of the MC layers is such that, at any angle of
incidence, the Brewster effect does not occur at the
interfaces between the adjacent DBR layers (nV >

1/ , where nV is the refractive index of the
external medium).

Analysis shows that, under certain conditions, a
constructive interference of waves (summation of
waves with the same phase) in the region of the photo-
nic band gap occurs at the internal boundaries of the
external quarter-wave layer of the upper DBR (this
layer is adjacent to the external medium). For TE polar-
ization, such interference occurs at any angle of light
incidence if n1 < n2 (see the arrangement of layers in
Fig. 1). In TM polarization, the interference becomes
constructive if n1 > n2 and the angle of incidence ϕ
exceeds the Brewster angle ϕBr = n1/nV) or if
n1 < n2 and ϕ < ϕBr. For angles of incidence close to 90°,
the reflectivity at the upper boundary of the external
layer tends to unity, which results in the formation of an
additional MC denoted as MCλ/4, in contrast to MCλ/2 in
the half-wave active layer. Thus, at large angles of inci-
dence, we obtain a system of two MCs coupled by a
common two-sided mirror, which is formed by the part
of the upper DBR between the active and the upper
(external) layers.

It is known that, in a system of two MCs coupled by
a common mirror, the frequencies of eigenmodes may
split [11]. Similar splitting should also be expected in
the system under study.

In the region of the photonic band gap, the energy
reflection coefficient of a DBR RDBR = |rDBR|2 is nearly fre-
quency-independent. The phase of the amplitude reflec-
tion coefficient rDBR varies nearly linearly [8, 11]:

where σ = TM, TE denotes polarization, ϕ is the angle
of incidence in the external medium, ασ(ϕ) is the pro-
portionality factor between the phase and frequency,

and (ϕ) is the “central” frequency of the photonic
band gap. The coefficient ασ(0) is inversely propor-
tional to the difference between the refractive indices:

where  = 2πc/ (0), c is the speed of light, n is the
refractive index of the medium from which the wave

falls on a DBR, and (0) ≡ (0) = (0) [12]. The
phase of the amplitude reflection coefficient at the fre-

quency (ϕ) is equal to zero (sign “+”) if n ≥ n1, n2
and to π (sign “–”) if n ≤ n1, n2.

n1
2 n2

2+

(arctan

rDBR
σ RDBR

σ iασ ϕ( ) ω ωσ ϕ( )–[ ]{ } ,exp±=

ωσ

ασ 0( ) α 0( )≡ λn1n2/ 2c n1 n2–( )n[ ] ,=

λ ω
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ωσ
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The amplitude transmission coefficient tMC of a
microcavity as a whole is described by the following
expression (from here on, we omit the index σ, which
denotes polarization):

(1)

where tBB and rB are the amplitude coefficients of trans-
mission and reflection of light of the DBR B in the case
of incidence of light from the side of the active layer;
tSV is the amplitude transmission coefficient at the sub-
strate–external-medium interface; Φ = exp(iβω) deter-
mines the phase increment of the wave as it passes
through an active layer with the thickness Lc, β =

Lc /c, nx = nVsinϕ; tcom and rcom are the ampli-
tude coefficients of transmission and reflection of a
common mirror placed in a medium with the refractive
index n1; ttop and  are the amplitude coefficients of
transmission and reflection at the interface between the
external layer of the upper DBR (A) and the external
medium. Symbol “~” indicates that the wave propaga-
tion is opposite the Z axis.

Analysis of the poles of expression (1) in the
approximation  ≈  (which is confirmed
by exact numerical calculations) indicates the existence
of a critical angle of incidence ϕSp; exceeding this angle
results in the splitting of the eigenmode frequencies. An
approximate analytical expression for ϕSp is given in
the Appendix.

With the use of (1), the MC transmission spectrum
in the region of the photonic band gap can be thought of
as the product of three resonance factors:

(2)

where x = exp{i[(α + β)ω – α ]} and A and x1, 2, 3 are
the constants governed by the MC parameters (see
Appendix).

The analytical expression for the splitting of the res-
onance transmission peak ∆ωr obtained on the basis of
formula (2) is presented in the Appendix. The frequen-
cies of the two resonance peaks  are determined as

(3)

where ω0 = (α  + π)/(α + β) is the resonance fre-
quency for uncoupled MCλ/2 and MCλ/4, i.e., when
|rcom| = 1.

The resonance-peak splitting arises either in TM or
TE polarization, depending on whether the refractive
index of the material of the external DBR layer is
greater or smaller than that of the other material com-
posing the DBR structure. Irrespective of the polariza-
tion type, the splitting is described by the same formu-

tMC

ttoptcomΦ3/2tBBtSV

1 r̃toprcomΦ– r̃comrBΦ2– r̃toprBΦ3r̃com/rcom*+
---------------------------------------------------------------------------------------------------------,=

n1
2 nx

2–

r̃top

rBarg rcomarg

TMC
A

x x1– 2 x x2– 2 x x3– 2
---------------------------------------------------------,=

ω

ωr1 2,

ωr1 2,
ω0 ∆ωr/2,±=

ω
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las (1)–(3) presented in this section and by formula
(A.1) in the Appendix.

The case considered is essentially different from
that analyzed in [11] for the system consisting of two
identical MCs coupled by a common internal DBR and
sandwiched between two identical external DBRs. In
the case under consideration, the system of two MCs is
substantially asymmetric since the role of one of the
external DBRs is played by the interface between the
external layer of the microcavity structure and the
external medium. The phase of the amplitude reflection
coefficient of this interface is frequency-independent,
and the reflection coefficient differs from that of the
lower DBR. Furthermore, the thicknesses of the active
layers in these two MCs differ by a factor of 2. This
asymmetry controls the new characteristic features of
the splitting, which will be discussed in the following
section.

DISCUSSION

Figures 3 and 4 show the results of calculation in
terms of the analytical model suggested in Section 3 in
comparison with the experimental data. The spectral
position of the TM-doublet components was deter-
mined from expression (3) with the use of the values
|rcom|, |rB|, , and α calculated by the transfer-matrix
method. The theoretical curve in Fig. 3 (dot-and-dash
line) closely correlates with the experimental points
and with the results of calculation by the transfer-
matrix method. When the angle of incidence is close to
70°, the splitting of the resonance peak manifests itself
both in theory and experiment. Thus, the analytical
model suggested allows one to interpret the observed
splitting of the resonance peak as the splitting of the
MC eigenmode frequencies, which arises at large
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Fig. 4. Angular dependence of the TM-peak splitting for the
SnOx/a-SiOx:H-based microcavity. Circles show the exper-
imental data, and the solid line is the result of calculation by
formula (A1).



836 GOLUBEV et al.
angles of incidence due to the interaction between two
MCs: one in the active layer and the other in the exter-
nal layer of the upper DBR.

The splitting of the resonance TM peak versus the
angle of light incidence is shown in Fig. 4 (circles are
the experimental data; the solid curve represents the
results of calculation by formula (A.1)). The splitting
process is of a threshold type. At the angles exceeding
80°, the splitting only slightly increases with increasing
angle of incidence.

The splitting ∆ωr is governed by two parameters: the
transmission coefficient tcom and the reflection coefficient

 under the condition that |rB| ≈ 1 (see Section 3). The
common mirror mixes two degenerate modes of the
system consisting of MCλ/2 and MCλ/4, thus lifting the
frequency degeneracy of the modes. The transmission
coefficient tcom controls the degree of interaction
between the two modes and the value of splitting [11].
In the region ϕ > ϕSp, this coefficient only slightly var-
ies with the angle of incidence and the splitting
increases mainly due to the increase in the coefficient of
reflection of the interface between the upper DBR and
the external medium .

An important parameter is the minimum angle of
light incidence at which the splitting of the resonance
TM peak is initiated. This threshold angle can be
reduced by increasing | | and decreasing |rcom|, which
is achieved by reducing the refractive index n1 of the
DBR external layer.

The calculation of spectra by the transfer-matrix
method shows that the reflection coefficient of the
lower DBR |rB|2 has only a slight influence both on the
threshold angle ϕSp at which the splitting appears and
on the value of splitting ∆ωr (if |rB|2 is larger than the
reflection coefficient of the upper DBR). With an
increase in the reflectivity of the common mirror, ∆ωr

decreases and ϕSp increases. The corresponding varia-
tion in the width of resonance peaks is small. The
absorption of light in MC layers results in additional
broadening of the resonance peaks.

The above results were taken into consideration
when choosing the MC parameters (refractive indices,
the number of DBR-containing layers, the active-layer
thickness) so as to make the threshold angle low
enough to be reliably detected in experiments.

CONCLUSION

A Fabry–Perot microcavity was fabricated on the
basis of SnOx/a-SiOx:H by plasma-enhanced chemical-
vapor deposition. The frequency of the resonance peak
of transmission of this structure was studied experi-
mentally as a function of the angle of light incidence in
the range from 0° to 85° in TM and TE polarizations.
Splitting of the resonance TM peak at large angles of
incidence was revealed.

r̃top

r̃top

r̃top
It is shown that resonance-peak splitting originates
from the splitting of the eigenmode frequencies in a
system of two microcavities coupled by a common mir-
ror. The first microcavity represents an active layer.
At large angles of incidence, the external layer of the
distributed Bragg reflector adjacent to the external
medium plays the role of the other MC. If the external
layer consists of a material with the highest refractive
index (from the refractive indices of the two materials
comprising the distributed Bragg reflector), an external
microcavity is formed only for TM polarization if the
angle of incidence exceeds the Brewster angle at the
interface between the external medium and the upper
layer. This condition was met in the experiment. If the
external layer is made of a material with a lower refrac-
tive index, an external microcavity is formed for
TE polarization.

Approximate analytical expressions for the reso-
nance-peak splitting and the threshold angle at which
the splitting arises are obtained. The results of calcula-
tions by these expressions are in good agreement with
the experimental data.

APPENDIX

Splitting of the Resonance Peaks 
in Transmission Spectra

At large angles of incidence, the DBR reflection
coefficients |rcom| and |rB| show only a weak angle
dependence and may be calculated analytically using
the formulas reported in [11] or by the transfer-matrix
method. With reflection coefficients taken for the inter-
val of angles where splitting is expected, one can find
an approximate value of the angle ϕSp at which splitting
arises. In TM polarization (the refractive index of the
external layer is n1),

where

In TE polarization (the refractive index of the exter-
nal layer is n2, n2 < n1),

where

ϕSp

dnV
2 n1
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For both polarizations,
SEMICON
r̃top
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rcom
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rB

rcom
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The splitting of the resonance peaks in transmission
spectra is expressed as

(A.1)

where

and µ is the sign of rcom at the photonic midgap. Under
the condition  = , the poles of expres-
sion (1) take the values x1 = u – a/3 – iv, x2 = u – a/3 + iv,
and x3 = –2u – a/3.
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