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Abstract BOne-to-many^ mutualisms are often observed in
nature. In this type of mutualism, each host individual can
interact with many symbionts, whereas each individual sym-
biont can interact with only one host individual. Partner choice
by the host is a potentially critical mechanism for maintaining
such systems; however, its long-term effects on the coevolu-
tion between the hosts and symbionts have not been complete-
ly explored. In this study, I developed a simple mathematical
model to describe the coevolutionary dynamics between hosts
and symbionts in a one-to-many mutualism. I assumed that
each host chooses a constant number of symbionts from a
potential symbiont population, a fraction of which are chosen
through preferential choice on the basis of the cooperativeness
of the symbionts and the rest are chosen randomly. Using
numerical calculations, I found that mutualism is maintained
when the preferential choice is not very costly and the muta-
tion rate of symbionts is large. I also found that symbionts that
receive benefits from hosts without a return (cheater symbi-
onts) and hosts that do not engage in preferential partner
choice (indiscriminator hosts) can coexist with mutualist sym-
bionts and discriminator hosts, respectively. The parameter
domain of pure mutualism, i.e., free from cheater symbionts
and indiscriminator hosts, can be narrower than the whole
domain where the mutualism persists.

Keywords Cooperativeness .Partner choice .Maintenanceof
variation . Indiscriminator host

Introduction

Mutualisms are intimate associations between individuals of
two different species, where each individual benefits from the
activity of the other. Among the full variety of mutualisms in
nature, we often find a class in which each host individual can
interact with many symbiont individuals (or symbiont strains),
whereas each individual symbiont can interact with a particu-
lar host individual. Here, I refer to this type of mutualism as
Bone-to-many^mutualisms, which include well-known mutu-
alistic associations such as legume–rhizobia (Denison 2000;
Simms and Taylor 2002; Kiers et al. 2003, 2006; Denison and
Kiers 2004; Heath and Tiffin 2007, 2009; Sachs and Simms
2008; Oono et al. 2009; Friesen and Mathias 2010; Friesen
2012) and obligate pollination mutualisms (Pellmyr and Huth
1994; West and Herre 1994; Goto et al. 2010; Jandér and
Herre 2010; Jandér et al. 2010).

Mutualisms are of particular interest in the field of evo-
lutionary ecology because they are thought to be vulnerable
to invasions of individuals that reap benefits from their part-
ners without return (cheaters). Theoretically, the origin and
maintenance of mutualisms can be often explained by the
general mechanism of partner fidelity feedback (Bull and
Rice 1991; Frank 1994; Sachs et al. 2004; Fujita et al.
2014). Partner fidelity feedback operates when the associa-
tion between partners lasts for so long that the donation from
one partner to the other affects its own fitness through pos-
itive feedback from the other. For one-to-many mutualisms,
however, partner fidelity feedback is inefficient for facilitat-
ing mutualisms because of Bthe tragedy of the commons^
(Rankin et al. 2007; Oono et al. 2009). It occurs when the
contribution of an individual symbiont (or a strain of sym-
bionts) to its host benefits all symbionts that share the same
host through the feedback; cheating symbionts profit the
most from the tragedy of the commons.
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Therefore, partner choice is theoretically suggested to be a
more plausible mechanism for one-to-many mutualisms (Bull
and Rice 1991; Noë and Hammerstein 1994, 1995; West et al.
2002a, b; Foster and Kokko 2006; Ezoe 2012; Bever 2015).
Following the classification used by Sachs et al. (2004), I use
the term Bpartner choice^ in a broader sense to include host
sanction or preferential allocation of resources to partners. If
cheaters or less cooperative individuals are less likely to be
chosen to associate with (alternatively, be selectively sanc-
tioned or less rewarded by) the partners, they cannot suffi-
ciently exploit the association. A number of empirical sup-
ports for a host’s partner choice have been reported in some
one-to-many mutualistic systems, including legume–rhizobia
(Simms and Taylor 2002; Kiers et al. 2003, 2006; Sachs and
Simms 2008), yucca–yucca moth (Pellmyr and Huth 1994),
fig–fig wasp (Jandér and Herre 2010), and Glochidion tree–
Epicephala moth (Goto et al. 2010) systems. Partner choice
also helps to maintain mutualism in many-to-many mutual-
isms, such as plant–mycorrhiza systems (Kiers et al. 2011).

Partner choice, however, would have a different effect on
most one-to-many mutualisms than many-to-many mutual-
isms because of their asymmetric structure; in one-to-many
mutualisms, it is very often the case that only hosts have the
option of choosing more effective symbionts. This favors
symbionts that contribute the most to their hosts and hence
secure the least profit for themselves from the association. In
other words, symbionts are inevitably Benslaved^ by their
hosts (Kiers et al. 2011), which can harm the stability of the
mutualistic system, particularly when symbionts can freely be
recruited from the environment so that partner fidelity feed-
back operates insufficiently. In such cases, there are no incen-
tives for host individuals to ensure benefits to their symbionts.
Because of the unilateral exploitation by hosts, the symbiont
population might shrink and eventually go extinct by a small
change in environmental conditions. Otherwise, symbionts
might withdraw from the unprofitable associations to become
free-living or parasitic if they are capable to do so (Sachs and
Simms 2006). This potential for failure of mutualisms can be
considered as the second tragedy of the commons in one-to-
many mutualisms, although it has rarely been recognized.

To focus on this problem, previously I developed a simple
theoretical model for evolutionary dynamics of the coopera-
tiveness of symbionts in one-to-many mutualisms with as-
suming that hosts have a limited ability to discriminate among
symbionts (Ezoe 2012). Specifically, I divided the symbiont
partner choice by hosts into two components: one is preferen-
tial choice, in which more cooperative symbiont individuals
are more likely to be chosen, and the other is random choice,
in which they are chosen independently of their cooperative-
ness. I showed that cheater symbionts that receive benefits
from their hosts with no return can invade when the discrim-
ination in the preferential choice is strict. This is because more
strict preferential choice favors more cooperative symbionts

that secure less profit for themselves, which gives competitive
advantage to cheaters chosen in the random choice. This result
seems paradoxical but is consistent with empirical evidences
that cheater symbionts often coexist with the mutualist ones
and are not necessarily punished by hosts in mutualistic sys-
tems (West and Herre 1994; Denison and Kiers 2004;
Edwards et al. 2010; Jandér and Herre 2010). Nevertheless,
my previous study was insufficient to fully explain coevolu-
tionary stability of one-to-many mutualisms, as I did not con-
sider the evolution on the host side explicitly.

In this article, I extend my previous model by considering
the evolution of the two traits on the accuracy of the partner
choice by hosts, the fraction of the preferential choice, and the
strength of the preferential choice. Using numerical calcula-
tions, I explore the long-term coevolutionary dynamics be-
tween hosts and symbionts. I mainly examine the effects of
cost coefficients for the accuracy of the partner choice and the
mutation rate of symbionts on the outcome of the coevolution-
ary dynamics.

Mathematical model

I extend my previous model (Ezoe 2012) to allow the partner
preference trait of hosts to evolve. First, I assume an obligate
mutualistic system where each host interacts with many sym-
bionts, whereas each symbiont can interact with a particular
host. The symbiont population is sufficiently large and consists
of many strains of varying cooperativeness values, x (0≤ x≤1),
with the host. The cooperativeness of the strain i is denoted by
xi. The partner choice trait of a host is represented by a pair of
numbers (c, k), where 0≤c≤1 is a fraction of the preferential
choice of a host and k≥0 is the strength of the preference. I
assume that the preferential choice is genetically determined.
The trait of a host individual of strain j is denoted by (cj, kj).

Generations of symbionts are discrete, and their population
turns over per unit time. The association between hosts and
symbionts is renewed with every generation of symbionts. At
the beginning of the generation, each host chooses a suffi-
ciently large constant number, N, of symbiont partners from
the potential symbiont population in the environment
(Fig. 1a). The choice by a host individual, j, consists of two
components: the fraction, cj, of partners chosen on the basis of
their cooperativeness (preferential choice), and the remaining,
1− cj, chosen independently (random choice). For each pref-
erential choice, the probability that a symbiont of strain i is
chosen is

si
S
f xi; k j
� �
f k j

ð1Þ

where si and S are the population densities of strain i and all
symbionts (S =Σisi), respectively. The function f(x, k)
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represents the preferential weight for choosing more coopera-

tive symbionts, and f k j
is the average of f(x, kj) over the

symbiont population in the environment, i.e., f k j
= Σisif(xi,

kj)/S. I assume a specific function form f(x, k) = xk, whereas
Ezoe (2012) analyzed with more general forms of f. On the
other hand, for each random choice, the probability that a
symbiont individual of strain i is chosen is equal to the fre-
quency of the strain si/S. Therefore, the expected number of
symbionts of strain i in the N symbiont partners is equal to

c jN
si f xi; k j

� �
S f k j

þ 1−c j
� �

N
si
S

ð2Þ

After establishing associations with symbionts, the host offers
a constant amount of resources,R, to each symbiont. A symbiont
of strain i spends (1−xi) resources on their own reproduction and
contributes xi to the fitness gain of the host (Fig. 1b). More
cooperative (higher x) symbionts gain less reproductive success
but are more likely to be chosen by hosts. Note that if no hosts
choose symbionts preferentially, symbionts making any contri-
bution to their hosts should not be favored. Therefore, tomaintain
a mutualistic association between hosts and symbionts, at least
some hosts must engage in the preferential symbiont choice.

At the end of each generation, the offspring of symbionts
disperse over the environment and completely mix with other
strains. I assume that the cooperativeness of individual sym-
bionts can change by mutation; therefore, the density of strain
i at the beginning of the next generation si′ is

si
0 ¼ 1−

X
i0

μii 0

0
@

1
Aσi þ

X
i0

μi 0 iσi 0 ð3Þ

where μii′ is the mutation rate from strain i to i′ and σi is the
density of the offspring of strain i at the end of the generation:

σi ¼ gNR
X

j

1−xið Þsi
S

c j
f xi; k j
� �
f k j

þ 1−c j
� �

8<
:

9=
;h j ð4Þ

where g is a conversion rate constant from the resource to the
symbiont offspring and hj is the host frequency of strain j.

The expected fitness gain of a host of strain j is equal to the
total return from its symbionts minus the cost of the partner
choice:

φ j ¼ aNR
X

i

si
S

c j
f xi; k j
� �
f k j

þ 1−c j
� �

8<
:

9=
;xi−χ c j; k j

� � ð5Þ

where a is a conversion rate constant from the resource to the
host through the symbionts and χ(c, k) is a cost function of the
symbiont choice by the host. I assume that χ(c, k) is an in-
creasing function with respect to c and k:

χ c; kð Þ ¼ ρcc= 1−c=Cð Þ þ ρkk= 1−k=Kð Þ ð6Þ
where ρc, ρk, C, and K are positive constants and the upper
limits of c and k are 0<C≤ 1 and 0<K, respectively. The
terms on the right-hand side of Eq. (6) represent a reasonable
assumption that the ability of the host to discriminate among
symbionts is imperfect with a finite cost.

I assume that the population density of hosts remains unity
over time (Σjhj=1) and that mutations occur at a small rate per
unit of time. Then, the frequency of the host strain j in the next
time unit hj′ is

hj
0 ¼ αX

j
φ j

1−
X
j 0

ν j j 0

0
@

1
Aφ j þ

X
j 0

ν j 0 jφ j 0

8<
:

9=
;þ 1−αð Þhj ð7Þ

where νjj′ denotes themutation rate from strain j to j′ and 0<α≤1
is the turnover rate of the host population. The parameter α re-
flects the difference in the turnover time between the host and
symbiont populations, although its value does not affect the qual-
itative results of the dynamics in preliminary calculations.

Direct numerical calculations were conducted on the long-
term dynamics of the model described above. The details on
the calculations are provided in the Appendix. After non-
dimensionalizing the model, it is found that the values of
aN, bN, and R do not affect the dynamics. Therefore, the
independent parameters are mutation rates of symbionts and
hosts (μii′ and νjj′, respectively), cost coefficients (ρc and ρk),
and upper limits (C and K) of the traits c and k in the prefer-
ential choice and in the turnover rate of the host population α.
I fixed νjj′ and α because changing their values did not affect
the results qualitatively in preliminary calculations and exam-
ined how the rest of the parameters affect the coevolutionary
dynamics between hosts and symbionts.

(1-cj)N
random
choice

cjN

preferential
choice

host
j

symbiont population

(a)

symbiont population

host
j

symbiont i

(b)

R
resource

Rxi
fitness return

to host

R(1-xi)
fitness of 
symbiont

Fig. 1 A schematic representation of the mutualistic system assumed in
the model. a At the beginning of the generation of the symbiont
population, each host chooses N partners from an environmental
symbiont population (other host individuals are not shown). The host
chooses partners as follows: a fraction of partners cj are chosen
depending on the cooperativeness of the symbionts (preferential choice)
and the remaining 1− cj are randomly chosen (random choice), where j
indicates the strain of the host. b After establishing an association
between the hosts and symbionts, each symbiont receives a constant
amount of resources, R, from the host. A symbiont of strain i spends 1
− xi of the resource on its own reproduction and contributes the remaining
xi for the fitness gains of the host
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Results

In the final states of the numerical calculations, the distribu-
tion of both the hosts and symbionts tended to converge
around one or two sharp peaks. In the symbiont population,
one peak occurred at x=0, which corresponds to symbionts
that make no contribution to their hosts (cheaters), whereas the
other peak occurred in the domain x > 0 (mutualists).
Similarly, in the host population, one peak occurred at
c= k=0, which corresponds to hosts that do not choose their
symbionts with any cost (indiscriminators), whereas the other
peak occurred in the domain c>0 and k>0 (discriminators).

Figure 2 shows how the final states of the numerical calcula-
tions qualitatively depended on the cost coefficients of the pref-
erential choice of the hosts ρc and ρk. Mutualism persisted when
both ρc and ρk were small, whereas the final states were either
stable or oscillating. When the cost coefficient of the strength of
preferential choice ρk was small compared with the cost coeffi-
cient of the fraction of preferential choice ρc, cheater symbionts
(x=0) coexisted with mutualist symbionts (x>0). On the other
hand, when ρcwas small comparedwith ρk, indiscriminator hosts
(c= k=0) coexisted with discriminator hosts. Indiscriminator
hosts could persist because the presence of discriminator hosts
prevented cheater symbionts from increasing. Therefore, they are
considered as Bfree-rider^ hosts. They did not invade when ρc
was large because of the presence of cheater symbionts, to which
they were more susceptible than discriminator hosts.

Overall, mutualism persisted over a wide range of cost
parameters, whereas Bpure mutualism,^ consisting of only
discriminator hosts and only mutualistic symbionts, occurred
in a relatively small region. A comparison of Fig. 2a–c shows
that mutualism persistence increases as the mutation rate of

the symbionts increases. A high mutation rate of symbionts
maintained a large variation in their cooperativeness, which
favored the costly preferential choice by hosts.

As mentioned above, the final states of the numerical calcu-
lations could be oscillating (Fig. 3). When the costs of prefer-
ential choice by the hosts are high, the magnitude of the genetic
variation among mutualistic symbionts generated by mutation
is not enough to maintain the preferential choice; thus, the traits
of the choice gradually decrease (Fig. 3a). This triggers a quick
rise of cheater symbionts (Fig. 3b), resulting in the increase of
genetic variation among symbionts so that the preferential
choice by hosts recovers. Foster and Kokko (2006) also found
similar oscillations in a parameter region between the regions
where mutualism is stable and unstable.

Finally, I changed the upper limits of the parameters of the
preferential choice (Fig. 4). When I decreased the limit of the
strength of preference K, the parameter region in which mu-
tualism persisted shrank, although the region in which pure
mutualism persisted expanded toward the region in which
mutualist and cheater symbionts coexisted (Fig. 4a). When I
decreased K further, only pure mutualism persisted (Fig. 4b).
These results might seem counterintuitive, but are consistent
with the condition for cheaters not to invade k(1− c) <1 (Ezoe
2012). AsK decreased, the strength of preference k of discrim-
inator hosts also decreased because the cost of having high k
increased. This prevented mutualism from persisting when the
cost coefficient of the strength of preference ρk was high. At
the same time, however, decrease in k favored lower cooper-
ativeness among mutualistic symbionts, which increased their
fitness and consequently prevented cheater symbionts from
invading. Similarly, when I decreased the limit of the fraction
of preferential choice C, the region in which mutualist and
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Fig. 2 Dependency of the final states of numerical calculations on the
parameter values. Blank regions indicate the states of pure mutualism [(−,
−) states] where the symbiont population consists of mutualists, and all
individuals in the host population engage in preferential partner choices
(discriminator hosts). Horizontally and vertically hatched regions
indicate the states where cheater symbionts (x = 0) (+, −) and
indiscriminator hosts (c, k= 0) (−, +) coexist with mutualistic symbionts

and discriminator hosts, respectively. Cross-hatched regions indicate the
states where both cheater mutualists (x= 0) and indiscriminator hosts are
included (+, +). Dark shaded regions indicate states without mutualistic
symbionts. Light shaded domains indicate final oscillatory states. The
values of parameters are as follows: ν0 = 0.0001, α = 1, C = 1.0,
K= 10.0; a μ0 = 0.00001, b μ0 = 0.0001, c μ0 = 0.001
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cheater symbionts coexisted expanded (Fig. 4c). This was
because lower c allowed cheater symbionts to invade through
random choice by the hosts.

Discussion

To investigate the long-term stability of one-to-many mutual-
isms, I expanded the theoretical model developed by Ezoe
(2012) to describe coevolutionary dynamics between

cooperativeness of symbionts and partner choice of hosts. By
conducting numerical calculations of the model, I found that
mutualism persisted when the preferential choice by hosts were
not very costly and when the mutation rate of symbionts was
large. Over a large parameter region, however, symbionts that
received benefits from hosts without return (cheaters) or hosts
that did not engage in costly preferential partner choices
(indiscriminators) coexisted with mutualist symbionts and dis-
criminator hosts. The parameter region where pure mutualism
(i.e., free from cheaters and indiscriminators) occurred was small
compared with the whole region where mutualism persisted.

To date, a number of theoretical studies have investigated the
evolutionary dynamics of one-to-many mutualisms. Some of
them examined the evolutionary stability of the cooperativeness
of symbionts for a given level of the partner choice by hosts
(West et al. 2002a; Friesen andMathias 2010; Ezoe 2012), while
West et al. (2002b) examined the evolutionary stability of costly
partner choice by hosts for a given distribution of cooperative-
ness of symbionts. From those results, however, I cannot con-
clude immediately that the cooperativeness of symbionts and
costly partner choice by hosts are stable in the coevolutionary
dynamics: partner choice by hosts reduces genetic variation in
the symbiont population, which in turn decreases the incentive
for costly partner choice (Heath and Stinchcombe 2013). Foster
and Kokko (2006) developed a coevolutionary model in which
the cooperativeness of symbionts and the costly partner choice of
hosts coevolve. They found that the mutualism is unstable
without the constant immigration of less cooperative symbionts
from the outside or biased mutation toward the degradation of
the cooperativeness of symbionts. Similarly, Song and Feldman
(2013) showed that non-heritable phenotypic variation in the
symbiont population facilitates the maintenance of costly partner
choice of hosts and thereby mutualistic systems.

In contrast, the present study suggests that the variation
among symbionts in cooperativeness that is necessary to main-
tain the costly partner choice can result not only from those direct
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sources of the variation, but also from indirect mechanisms
through the imperfect choice of hosts. I previously showed that
the frequency of cheaters in the symbiont population increases
with the strength of the preferential choice of hosts k as long as
k(1−c)>1 (Ezoe 2012); strengthening the preferential choice
causes the mutualistic symbionts to be more cooperative (larger
x) at the expense of their own fitness, which is advantageous for
cheating symbionts that are chosen through the random choice.
In the present model, the variation in cooperativeness among
symbionts favors higher k values initially. As k increases and
exceeds 1/(1−c), however, cheating symbionts begin to invade
and increase in frequency. To reduce the chance of associating
with cheaters, hosts must increase the fraction of preferential
choice c. This incurs additional choice costs to the hosts to hinder
further increases in k. Thus, the variation in cooperativeness
among the symbionts is maintained.

It is difficult to identify the reasons that the mutualism can-
not persist without the outer sources of variation among sym-
biont cooperativeness in Foster and Kokko (2006), while it can
in the present model. A possible cause of the difference be-
tween the two models is an assumption how the contribution
of symbionts to their hosts affects their own fitness. In my
model, I assume that the fitness of symbionts is proportional
to (1− their cooperativeness); therefore, it can approach zero as
the cooperativeness increases to the maximum. This assump-
tion reduces the relative fitness of highly cooperative symbionts
and helps cheater symbionts to invade, which facilitates main-
tenance of variation in the cooperativeness among symbionts.
This assumption would be consistent with pollinating seed-
consuming mutualisms in which symbionts cannot reproduce
without the expense of host seeds or legume–rhizobia mutual-
isms in which carbohydrates that rhizobia consume to fix ni-
trogen are provided by hosts. In contrast, Foster and Kokko
(2006) assume that the terms of costs for contribution to hosts
and benefits for reward from hosts are separated, and the sum
of the two terms is the fitness of symbionts. Therefore, the
fitness of symbionts does not vanish even though the
contribution is at the maximum as long as the association is
so cooperative that their hosts properly reward them for their
contribution, which would prevent cheater symbionts to invade
until the variation among symbionts decreases under the critical
level that can support symbiont choice of hosts. However, it is
possible that other differences in assumptions between Foster
and Kokko (2006) and my models might also affect the differ-
ence in their results: The former assumes the constant cost of
mutualisms independent from the strength of partner choice,
partner fidelity feedback between hosts and symbionts, and
evolution of the amount of host reward, while the latter does
not. Future studies might clarify the causes of the difference in
the results and give a deeper insight into conditions for main-
taining one-to-many mutualisms.

It seems paradoxical that the presence of cheaters can pre-
vent mutualisms from ending up with an evolutionary

breakdown. Nonetheless, some theoretical studies have found
similar results in various contexts of the emergence and main-
tenance of mutualisms (Foster and Kokko 2006; Ferrière et al.
2002, 2007; Ezoe and Ikegawa 2013; Fujita et al. 2014;
Steidinger and Bever 2014). In addition, empirical studies
show that cheater symbionts persistently coexist with the mu-
tualist ones in the legume–rhizobium (Denison 2000) and fig–
fig wasp systems (Jandér et al. 2010).

As well as cheater symbionts, the present model also pre-
dicts the presence of indiscriminator hosts, which abandon the
costly partner choice. The majority of hosts engage in the
choice so that the average cooperativeness of symbionts is
maintained above a certain level. Therefore, indiscriminator
hosts are not severely exploited by less cooperative or cheater
symbionts. The presence of indiscriminators might potentially
relieve selective pressure on less cooperative symbionts and
maintain variety within symbiont populations. This specula-
tion is theoretically intriguing, although there are few empir-
ical supports for this hypothesis to my knowledge.
Nevertheless, the present model implies that diversity within
host populations can play an important role in maintaining the
variation in symbiont populations.

Steidinger and Bever (2014) developed a model for the
coevolutionary dynamics of mutualisms with an assumption
that both the traits of symbionts and hosts are binary (cheaters/
mutualists for symbionts, discriminators/indiscriminators for
hosts). They suggested that the coexistence of discriminators
and indiscriminators in host populations facilitates the coexis-
tence of cheaters and mutualists in symbiont populations and
vice versa. Although my results are similar to theirs, I have
also shown that whether and when cheater symbionts and
indiscriminator hosts can coexist with mutualist symbionts
and discriminator hosts, respectively. This is allowed by my
assumption that the trait values of the symbiont and the host
are continuous so that the variation among mutualist symbi-
onts can solely support the partner choice by hosts. In their
model, both the symbiont and host populations should be
mixed because of their binary assumption. Other studies have
shown that the dynamics of models of mutualism with contin-
uous traits can be qualitatively different from the ones with
binary traits (Doebeli and Knowlton 1998; Ezoe 2009).

However, interactions between hosts and symbionts can be
more complex than the assumption in the present model.
Empirical studies suggest that mutualisms can be context de-
pendent, i.e., the degree of cooperation depends on the com-
bination between genotypes of hosts and symbionts as well as
environmental conditions (Heath and Tiffin 2007, 2009).
When various host strains coexist within a population, a mu-
tualistic symbiont strain for a particular host strain may be less
effective or even a cheater for another host strain; as such, the
diversity within the symbionts can be maintained as a whole
(Bever 1999). The spatial structure of habitats can also harbor
heterogeneity in congeniality between symbionts and hosts
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through localized coevolution (Parker 1999; Thompson
2005). Although studies on the evolution of mutualism have
tended to concentrate on the intimate interactions between
cooperative host and symbiont strains, I should focus more
attention on the roles of diverse interactions between both host
and symbiont assemblages in diffusive coevolutionary
dynamics.

Acknowledgments This work was supported by the Grant-in-Aid for
Scientific Research (C) from the Japan Society for the Promotion of
Science (JSPS) KAKENHI 23570034.

Appendix

The cooperativeness of symbionts was set to xi= i/40 (i=0, 1,
…, 39). The symbiont choice trait of hosts was two-dimen-
sional, where j= (j1, j2) and (cj, kj) = (C j1/40, K j2/40) (j1,
j2 =0, 1, …, 39). The mutation rates of symbionts and hosts
were

μii 0 ¼
μ0=2 if i−i

0�� �� ¼ 1 and i≠0
μ0 if i ¼ 0 and i

0 ¼ 1
0 otherwise

8<
:

ν j1; j2ð Þ j1
0
; j2

0ð Þ ¼
ν0=4 if j1− j1

0�� ��þ j2− j2
0�� �� ¼ 1 and j1 j2≠0

ν0=2 if j1 ¼ j1
0
; j2 ¼ 0 and j2

0 ¼ 1
ν0=2 if j2 ¼ j2

0
; j1 ¼ 0 and j1

0 ¼ 1
0 otherwise

8>><
>>:

respectively. Throughout the numerical calculations, the value
of ν0 was 0.0001, and the turnover rate of the host population
was α=1.

Each numerical calculation began from the initial distribu-
tions of symbionts and hosts, where si=0.025 (i=0, 1,…, 39)
and

h j ¼ 1 j ¼ 0; 0ð Þ
0 otherwise

�

respectively. Preliminary calculations showed that the initial
distributions scarcely affected the final states of dynamics.
Two million time units were sufficient for the dynamics to
converge to a stable equilibrium or periodic oscillation.

In the final stages of the calculations, frequencies of the
symbiont individuals of any trait value were not exactly equal
to zero because of mutation. I determined that mutualist sym-
bionts persisted when the frequency of cheater symbionts
q= s0/Σsi was smaller than 0.995, whereas the cheaters were
extinct when it was less than 0.005; cheaters and mutualists
coexisted otherwise. Similarly, indiscriminator hosts became
extinct when their frequency was less than 0.005.
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