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When the electromagnetic wave propagates through a slab superconducting material in microwave ranges, tunneling prop-
erties of the electromagnetic wave at critical temperature are investigated theoretically. The transmittance and the reflec-
tance of the slab superconducting material vary with the thickness of material as well as the refractive index of substrates.
The high transmittance is found for thin superconductor at low wavelength region. However, optical properties are strongly
dependent upon temperature and incidence wavelength. The electromagnetic wave is totally transmitted without loss for
incidence wavelength ( = 5000 nm) due to the zero refractive index and infinite penetration depth of the superconductor
at the critical temperature.
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The studies of one dimensional photonic crystals (1D-PCs)
including metallic, chiral, negative refractive index (NI) and
superconducting materials, etc. have attracted much atten-
tion[1-6]. The propagation of electromagnetic waves in peri-
odic media including metal, NI and superconducting materi-
als has been a subject of interest because of its several useful
applications in making optical devices like reflectors, super
lens, etc[7-10]. One-dimensional metallic photonic crystals (1D-
MPCs) have been shown to have high transmittance within a
certain controllable spectral range and an enhanced nonlin-
ear optical response in ID-MPC has also been reported[11,12].
The band structure for dielectric–dielectric photonic crys-
tals (DDPCs) displays that the photonic band gap (PBG) be-
tween the first and second bands widens as the difference in
dielectric permittivity is increased[13,14].

Recently, Thapa et al[15] has studied the enlargement of
photonic band gap in heterostructure of metallic photonic
and superconducting photonic crystals. They have shown that
the heterostructure of the metallic-dielectric and supercon-
ductor-dielectric can have omni-directional behavior. The
photonic crystals composed of superconductor and metallic
layers have also been studied by Aly et al[16-18]. The electro-
magnetic wave at THz in the one-dimensional superconduct-
ing metallo-dielectric superlattice is allowed to propagate
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through the structure when its frequency is higher than the
cutoff frequency. However, it will be totally reflected at a
frequency below the cutoff frequency. This cutoff frequency
is strongly dependent on the thicknesses of the superconduc-
tor and dielectric layers, and the temperature as well. Raym-
ond Ooi and Kam[19] have studied the transient pulse propa-
gation in 1D-PC. The two new effects are identified: double
reflection and slow-light ringing of transmitted and reflected
pulses. The angle and thickness dependent photonic band
structures in a one-dimensional superconducting photonic
crystal have been studied by Wu et al[20-22] based on the frame-
work of the Bloch theorem together with the transfer matrix
method in a multilayer structure. Additionally, the effects
coming from the oblique incident angle for both TE and TM
modes also have been numerically elucidated by them. They
have also analyzed the thickness-dependent optical proper-
ties in a one-dimensional superconducting photonic crystal
consisting of alternating superconductor and dielectric lay-
ers by using the transfer matrix method in a stratified structure.
Clark et al[23] have studied the superconducting gap and de-
termined the direction of nodes in the gap of the organic su-
perconductors in nanoscale. It has been shown that ultrathin
layers of metal can display superconductivity, but any limit
on the size of superconducting systems remains a mystery.
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In this paper, we study the optical properties of a slab
superconductor layer versus thickness, wavelength and
temperature. Nb (Tc = 9.2 K, 0 = 83.4 nm) is taken as a slab
superconductor. The tunneling properties of electromagnetic
wave in the slab superconducting material in microwave range
are investigated by using the translation matrix method. The
transmittance and the reflectance are calculated with varying
the thickness of the slab superconductor and the incidence
wavelength. The superconducting material is strongly depen-
dent upon the temperature and wavelength. So we calculate
the refractive index, transmittance and reflectance of the slab
superconductor versus temperature. Besides, we also study
the transmittance and the reflectance of the superconducting
materials with different substrates.

Firstly, we study the index of refraction of the supercon-
ductor based on the conventional two-fluid model[12,15-17]. The
two-fluid model is used to describe the electromagnetic char-
acteristics of superconductor at non-zero temperature.
Normally, the conductivity in the superconductor is complex
and is given as

m
ne sup

2i
)(                                 ,                                                        (1)

which is satisfied only when the conduction meets nn  <
insup/ . ( ) is the conductivity of the superconductor, e and
m are the charge and mass of electron, respectively, nsup is
the density of electron in superconductor state and  is the
frequency of external electromagnetic wave. Eq.(1) can be
expressed in term of the London-penetration depth L
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So the conductivity of the superconductor can be written as
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Now the conductivity equation for slab superconductor be-
comes temperature dependent.

The propagation of electromagnetic wave in the super-
conductor layer is considered to be with no external source
current and no charge, and then the Maxwell’s equation be-
comes
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By taking the curl on both sides of Eq.(5) and using the con-
vention plane wave ).(ie rkt , we have

By substituting ( ) from Eq.(3) into Eq.(6), we obtain
2
supk which is given as
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Then from the Snell’s law, the length of the tangential wave
vector component ksupx is conserved. So ksupy=( /c)sin = ,
where  is incident angle of the electromagnetic wave in
vacuum. Then, we have the frequency dependent normal vec-
tor component
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where the refractive index of the superconducting material
is given as
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To calculate optical properties of the slab superconductor,
we consider a superconducting material (nsup) sandwiched
between two semi-infinite dielectric media. The refractive
index distribution is given as below in Fig.1:
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The electromagnetic wave is incident in the x-y plane, so the
plane wave solution of wave equation of the electric field is
defined as
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where  is the y-component of the propagation wave vector.
By considering the wave incident from the left side, the elec-
tric field for the three regions (Fig.1) is given as
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Fig.1 Thin single superconductor sandwiched between
two media with dielectric constants n0=1.0 (air) and ns

(substrate), respectively

where A, B, C, D and F are constants and k0x, ksupx and ksx are
the x-components of wave vector in n0, nsup and ns, respecti-

vely. The wave vector k
ix
 is defined by 2
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is the ray angle mea-

sured from x-axis. The magnetic field of the corresponding
electric field is defined by
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Now by applying boundary conditions on the tangential com-
ponent of electric fields (TE-mode) and the tangential com-
ponent of magnetic fields (TM-mode), there is no coupling
between these components in the whole medium. The bound-
ary condition at x = 0 and x = d is applied in Eqs.(12,13), and
we can obtain the transmission coefficient:

Similarly, the reflection coefficient is

Secondly, we discuss numerical analysis of the slab
superconductor. The two fluid models are considered for cal-
culating the refractive index of the superconducting material.
As known the penetration depth of the superconducting ma-
terial is highly sensitive to the temperature and the applied
external magnetic field. But in our calculations, we consider
the two fluid models to obtain the penetration depth and also
describes the electromagnetic response of a typical super-
conductor without an external magnetic field. According to
two fluid models, the electron in the superconducting mate-
rial either occupies normal state or superconducting state.
The London-penetration depth increases rapidly and ap-
proaches infinity as the temperature is either close to the criti-
cal temperature (Tc) or above 0.95 Tc.  In order to investigate
the possible correlations between the penetration depth and
temperature, we carry out several analyses for controlling
the reflectance and the transmittance of the superconducting
material with respect to substrate, thickness of material and
wavelength. The expressions for the reflectance and the trans-
mittance are given in Eqs.(14,15). When the thickness of the
slab superconducting layer is equal to or less than the rel-
evant skin depth of the superconducting layer, the electro-
magnetic wave will propagate in the material.

Fig.2 shows the variations of the refractive index and pen-
etration depth of the slab superconducting material with
temperature. At the critical temperature, the penetration depth
tends to infinity, and the real and imaginary parts of the re-
fractive index are zero. The real part of the refractive index
is linearly increased above the critical temperature and it

Fig.2 Penetration depth and refractive index of slab su-
perconductor versus temperature
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Fig.3 Transmittance and reflectance of slab supercon-
ductor versus thickness with n=1.0 for substrate

Fig.6 Transmittance and reflectance of slab supercon-
ductor versus wavelength with n=3.162 for substrate

Fig.5 Transmittance and reflectance of slab supercon-
ductor versus wavelength with n=1.0 for substrate

Fig.4 Transmittance and reflectance of slab supercon-
ductor versus thickness with n=3.162 for substrate

Figs.7 and 8 show the variations of reflectance and
transmittance with temperature on both substrates of n =1.0
and n =3.162. It is shown that the refractive index of the slab
superconductor is zero below Tc and positive above Tc. So
the transmission is reduced and the absorption is enhanced.
The electromagnetic wave with substrate n=1.00 is more
transparent than that with substrate n=3.162.

Fig.7 Transmittance and reflectance of slab supercon-
ductor versus temperature with n=1.0 for substrate

becomes zero below the critical temperature. Below the criti-
cal temperature, the imaginary part of the refractive index is
slightly decreased with increasing temperature. However, it
is zero at the critical temperature as well as above the critical
temperature.

Fig.3 shows the variations of the reflectance and trans-
mittance of the superconducting material versus the thick-
ness (d/wavelength) with the refractive index of substrate n=1.0 .
The reflectance and transmittance versus thickness of the slab
superconductor on the substrate with the refractive index n=
3.162 are represented in Fig.4. Figs.5 and 6 show the varia-
tions of reflectance and transmittance of the superconductor
versus wavelength with different substrates of n=1.0 and n=
3.162. It is observed that the transmittance and the reflec-
tance are approximately 50% at the wavelength of 1900 nm
for all substrates which we have considered for our
calculations. The high transmittance of the slab supercon-
ductor is obtained in the lower range of the incidence
wavelength. It reveals that the slab superconductor has low
transmittance for higher wavelength and partially high trans-
mittance for lower wavelength. We can say that the transmit-
tance of the slab superconductor may be enhanced when a
thin superconductor interacts with a low wavelength source

on air substrate. Such material for a device is not available in
laboratory.
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Fig.8 Transmittance and reflectance of slab supercon-
ductor versus temperature with n=3.162 for substrate

In this paper, we have theoretically calculated the tunnel-
ing properties of the electromagnetic wave at the critical tem-
perature when the electromagnetic wave propagates through
a slab superconducting material in microwave ranges. The
transmittance and the reflectance of the slab superconduct-
ing material vary with thickness of material as well as the
refractive index of substrate. The high transmittance is found
for thin superconductor in lower wavelength region. It re-
veals that the slab superconductor has low transmittance for
higher wavelength and partially high transmittance for lower
wavelength. The transmittance of the slab superconductor
may be enhanced when a thin superconductor interacts with
a low wavelength source on air substrate. Such material for a
device is not available in laboratory. However, the optical
properties are strongly dependent upon temperature and in-
cidence wavelength. The electromagnetic wave is totally
transmitted for incidence wavelength =5000 nm due to the
zero refractive index and the infinite penetration depth of the
superconductor at the transition temperature. The support-
ing substrate with the refractive index n=3.162 has less trans-
parent property than that with the refractive index n=1.0 for
the electromagnetic wave propagating, which supports the
metallic characteristic of the superconducting slab film.
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Engineering, Toyohashi University of Technology, Tempaku-
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