
ORIGINAL PAPER

Surface tension of mixtures containing ionic liquids based on an
equation of state and on the geometric similitude concept

Luis F. Cardona1 & José O. Valderrama2

Received: 10 May 2020 /Revised: 24 June 2020 /Accepted: 13 July 2020
# Springer-Verlag GmbH Germany, part of Springer Nature 2020

Abstract
Amodel based on a cubic equation of state and on the geometric similitude concept is proposed to calculate the surface tension of
pure substances and mixtures containing organic substances, water, and ionic liquids. The geometric similitude is observed
between surface tension and density for liquidmixtures at different temperatures and concentrations. The parameters of the model
have been estimated by fitting experimental pure component data obtained from the literature. The model has been extended to
binary and ternary mixtures using simple mixing and combining mixing rules without interaction parameters, so the predictive
capabilities of the model are guaranteed. Data for 90 binary mixtures (2660 data) and 12 ternary mixtures (467 data) are
considered. The mixtures are composed of organic solvent + ionic liquid and water + ionic liquids. The temperature varies from
278.15 to 348.15 K in the whole composition range at atmospheric pressure. Various form of estimating the necessary pure
component parameters are analyzed. Results show that the model is accurate for primary estimation in process design and process
simulation.
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Abbreviations
EoS Equation of Statqe
Eq. Equation
Fig. Figure
IL Ionic liquid
MS Microsoft
N I S T -
ILs

National Institute of Standards and Technology -
Ionic Liquids Database

VPT Valderrama-Patel-Teja

Greek Letters
α Temperature function defined in Table 1
%Δ Percent deviation

ρ Mass density (g/cm3)
σ Surface tension (N/m)
Ø, β, γ Constant for all substances described in Table 1

Super/subscripts
cal Calculated
c Critical property
exp Experimental
i, j Components i and j
L Liquid phase
m Mixture
max Maximum value
mim Minimum value

Introduction

The surface tension is an important property of especial interest
in phase transition phenomena found in processes such as ca-
talysis, adsorption, distillation, extraction, and biological mem-
branes [1–3]. Examples of these types of processes are those
associated with environmental engineering, liquid chromatog-
raphy, development of compound materials, drug carriers,
chemical reactions that occur in fluid surfaces, and
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microelectronics [2]. Ionic liquids, on the other hand, have
emerged as intriguing modern fluids in science and technology
so the knowledge of their properties has given origin to exten-
sive research during the last 25 years [3, 4]. Not only experi-
mental data on ionic liquid properties have been measured but
also models for correlating and predicting those properties have
been proposed [5–7]. Ionic liquids, due to their unique molec-
ular architecture and properties, have helped enhancing the ca-
pabilities and potential applications of many solvents [8]. In this
regard, the surface tension of ionic liquid provides access to
understand the intrinsic energetics of ions interactions, an im-
portant feature in surface thermodynamics [8, 9]. Experimental
data on surface tension are limited and for mixtures is still more
reduced. Therefore, having good correlating models but espe-
cially predictive models is of paramount importance for many
applications involving ionic liquids, especially mixtures con-
taining these fluids [2].

Different theories for modeling the surface tension have
been proposed during the last decade such as the gradient
theory, perturbation theory, van der Waals theory of fluid
interface [10], the significant liquid structure theory,
structure-based methods such as quantitative structure proper-
ty relationship (QSPR) [11, 12], and other empirical models
based on the Parachor [13]. Also, other predictive methods
such as group contribution approaches [14, 15] and computa-
tional intelligence schemes such as artificial neural networks,
have been proposed in the literature [16, 17].

The empirical models most commonly used are those
based on the Parachor [13, 18]. The most interesting contribu-
tion on this line of research is that developed by Gardas and
Coutinho [19], who use the Parachor approach to predict the
surface tension of 38 imidazolium-type ionic liquids (ILs)
(361 data). The mean absolute relative deviation is around
5.75% with maximum deviations of 25.20%. Also, these au-
thors proposed another empirical model based on the molec-
ular volume of the ion pair [19]. This model shows a mean
absolute relative deviation of 4.50% when it was applied to 22
imidazolium-type ILs (47 data). Koller et al. [20] developed a
new empirical surface tension model based on that suggested
by Gardas and Coutinho [19] and proposed an exponential
relation between the surface tension and the molar volume.
This model with three adjustable parameters per ionic liquid
shows deviations lower than 7.00%. More recently, Esmaeili
and Hashemipour [21] proposed an empirical exponential
model obtained by Multi-Gene Genetic Programming
(MGP). This model with three adjustable parameters was ap-
plied to ammonium, imidazolium, pyridinium, pyrrolidinium,
and phosphonium-type ILs.

In the literature, there are some few methods available to
predict the surface tension mixtures, especially binary mix-
tures of ILs. However, most of them have been applied for a
limited number of ILs and are not accurate enough, most
probably due to the fact that surface phenomena in mixtures

are highly complex because of the structure of the ionic liquids
and ion interactions [20]. Experimental data of surface tension
for the IL family 1-alkyl-3-methyl imidazolium tetrafluorobo-
rate with water and with ethanol have been presented by Rilo
et al. [22]. The authors provide experimental values that had
been fitted to a two-parameter linear equation for each mix-
ture. The overall mean absolute relative deviation using the
lineal model for the IL + ethanol is below 5.90%, while in the
IL + water the mean deviations are below 27.60%. Another
interesting contribution on this line of research is that of
Varela et al. [23], who applied the Bahe–Varela pseudolattice
theory to estimate the surface tension of aqueous binary mix-
ture of ILs. The theoretical predictions show good agreement
with experimental data of several IL mixtures for ILs of dif-
ferent hydrophobic strengths in the low to intermediate con-
centration range. Better overall results were obtained at high
IL concentrations.

Other works provide general information about the struc-
ture at the interface, based on understanding the energy forces
between ions. On the basis of the above developments, differ-
ent studies have been presented such as nanosized cellulose
fibers by electrospinning or acid-catalyzed saccharification of
woody materials [8, 24]. However, these studies have been
applied to some few mixtures only, specially containing
imidazolium-based ionic liquids and in a limited composition
range. Oliveira et al. [25] were the first researchers who
modeled the surface tension in binary mixtures, especially
those containing bis(trifluoromethylsulfonyl) imide-type ionic
liquids at 298.15 K and at atmospheric pressure. These au-
thors used the soft-SAFT equation of state coupled with the
density gradient theory (DGT) to predict the surface tension
using a molecular-based approach. Later, these authors [26]
extended the experimental data and modeling to other ILs
including pyridinium, pyrrolidinium, and piperidinium. The
authors use the Redlich–Kister equation with three adjustable
parameters per mixture to estimate the surface tension with a
standard deviation lower than 0.0012. Shojaeian and
Asadizadehb [27] applied artificial neural networks (ANN)
to predict the surface tension of the 33 binary mixtures con-
taining different types of ionic liquids (1537 data points). The
correlation coefficients R2 in the training, validation, and test-
ing steps are above 0.98. Also, these authors compared their
results with those determined by other methods and concluded
that ANN gives the most accurate results.

Another approach that has been explored by several authors
is the use of equations of state by comparing the similarities
between the PρT diagram of a substance and the PXT diagram
of the same substance, being X another property such as viscos-
ity [6]. These similarities gave origin to the concept of geomet-
ric similitude, pointed out by Philips [28] at the beginnings of
the XX century while studying and analyzing the behavior of
the viscosity of carbon dioxide. During the last years, several
models have been presented using the concept of geometric
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similitude and different equations of state have been employed
[6, 7, 29–32]. However, to the best of the author’s knowledge,
the correlation and prediction of surface tension in mixtures

containing ionic liquids using the geometric similitude model
have not been presented in the open literature, in the form done
in this paper. The most novel and outstanding aspect of the

Fig. 2 Density and surface tension of some ionic liquids as a function of the temperature. Data taken from [39] for [C6mim][TPTP] and [bpy][bti], from
[40] for [epy][bti], from [41] for [bpy][BF4], and from [42] for [C4mim][lactate]

Fig. 1 Density and surface tension of some organic substances as a function of the temperature. Data taken from [33] for 1-octanol, from [34] for 1-
propanol, from [35, 36] for n-dodecane, from [37] for 1-octene, and from [36, 38] for heptane
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Fig. 3 Density and surface tension of mixtures of ethanol and water and
[C2mim][Ac] and 1-propanol at different concentrations (expressed as
mole fraction x of ethanol or [C2mim][Ac]). Data for water + ethanol

[43]; data for [C2mim][Ac] + 1-propanol from [34]. (1) water + (2)
ethanol, (1) [C2mim][Ac] + (2) 1-propanol
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present paper is the acceptable prediction of surface tension in
mixtures containing ionic liquids.

Empirical model based on a cubic equation
of state

The geometric similitude concept for the surface tension is more
complex to visualize than those for viscosity or density, previ-
ously presented by the authors [6]. As known, the visual simil-
itude between two diagrams representing the variation of two
different properties with pressure and temperature (plus concen-
trations in the case of mixtures) gives origin to this method. If
one plots density vs temperature at constant pressure (1 bar) for
organic substances, a simple plot such as that shown in Fig. 1 is
obtained. Similar plot is obtained for the surface tension vs
temperature at constant pressure (1 bar) as can be observed in
Fig. 1. By simple plots, we mean that one can observe a smooth

behavior of the properties which decrease as the temperature
increases, for both density and surface tension.

For ionic liquids, being structurally more complex sub-
stances than organic alkanes or alcohols, similar plots can be
obtained as presented in Fig. 2. Again, the variation of density
and of surface tension follows a smooth, steady decrease as
the temperature increases. This observation indicates that
there is a geometric similitude and that the equation describing
these curves should be simple. Although this might be true,
the problem of relating variables and mixture properties, of
greater importance for industrial applications, gets more com-
plicated. Therefore, the influence of the concentration on the
value of the properties is nowmore complex to observe and to
explain. An example of this fact is shown in Fig. 3.

Figure 3 compares the properties of two mixtures com-
posed of organic systems and ionic liquid mixtures. The
curves indicate that for a fixed composition the density and
surface tension decrease as the temperature increases.
However, the dependency of the properties on concentration

Table 1 Proposed general surface tension model based on the VPT equation of state

Row Description Mathematical expressions Eq.

1 Explicit pressure expression P ¼ R*Tσ
Mm−bmσ−

amσ2

M2
mþMmσ bmþcmð Þ−cmbmσ2 A1

2 EoS parameters ac;i ¼ ϕ0 þ ϕ1Zc;i
� � R*2T2

c;i

Pc;i
bi ¼ β0 þ β1Zc;i

� � R*Tc;i

Pc;i
ci ¼ γ0 þ γ1Zc;i

� � R*Tc;i

Pc;i

αi Tð Þ ¼ exp H1;i 1− T=Tc;i
� �H2

� �h i
ai = ac, iαi(T)

A2

3 Simple van der Waals
mixing rule

am ¼ ∑
i
∑
j
xix jaij aij ¼ ffiffiffiffiffiffiffiffiaia j

p

bm = ∑ xibi cm = ∑ xici

A3

4 Binary mixtures am ¼ x21⋅a1−2x1x2 a1a2ð Þ0:5 þ x22⋅a2
bm = x1 ⋅ b1 + x2 ⋅ b2; cm = x1 ⋅ c1 + x2 ⋅ c2

A4

5 Ternary mixtures am ¼ x21⋅a1−2x1 x2 a1ð a2Þ 0:5−2x1 x3 a1ð a3Þ 0:5−2x2 x3 a2ð a3Þ 0:5 þ x22⋅a2 þ x23⋅a3
bm = x1 ⋅ b1 + x2 ⋅ b2 + x3 ⋅ b3 cm = x1 ⋅ c1 + x2 ⋅ c2 + x3 ⋅ c3

A5

Table 2 Solution of empirical model using Cardano’s analytical method

Mathematical expressions of the general model Coefficients of the cubic polynomial equation

P ¼ R*Tσ
Mm−bmσ −

amσ2

M2
mþMmσ bmþcmð Þ−cmbmσ2

Cubic polynomial

f0 + f1σ + f2σ
2 + σ3 = 0

f 2 ¼ −Mm −amþbmP bmþ2cmð ÞþR*T bmþcmð Þ½ �
bm −amþbmcmPþcmR*Tð Þ

f 1 ¼ − Mm
2 cmP−R*Tð Þ

bm am−cm bmPþR*Tð Þ½ �
f 0 ¼ − Mm

3P
bm am−cm bmPþR*Tð Þ½ �

Cardano’s analytical solution Associated parameters of the Cardano’s method

σ ¼ ycos 1
3 cos

−1 3q
py

� �h i
− f 2

3 p ¼ 3 f 1− f
2
2ð Þ

3

q ¼ 2 f 32−9 f 1 f 2þ27 f 0ð Þ
27

y ¼ 2
ffiffiffiffi
−p
3

q
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Table 3 Basic properties of pure ionic liquids used in this study and ranges of temperature and surface tension fromNIST-ILs database at 1.01 bar. The
complete table is provided as supplementary material

No. Substance Properties of pure components Ranges of temperature, pressure, and surface tension Ref.

M (g/mol) Tc (K) Pc (bar) Zc N ΔT (K) Δσ (N/m)

1 [C4mim][BF4] 226.03 643.18 20.38 2.50 ∙ 10−1 65 278.15–393.00 3.82 ∙ 10−2–4.57 ∙ 10−2 [51, 52]

2 [C2mim][DEP] 264.27 877.19 21.47 2.35 ∙ 10−1 11 293.15–338.15 3.38 ∙ 10−2–4.43 ∙ 10−2 [51, 52]

3 [C6mim][Ac] 226.32 887.72 21.03 2.20 ∙ 10−1 9 298.15–338.15 2.98 ∙ 10−2–3.31 ∙ 10−2 [51, 52]

4 [P14][dca] 208.31 887.25 20.61 2.16 ∙ 10−1 15 293.05–353.45 5.08 ∙ 10−2–5.64 ∙ 10−2 [51, 52]

5 [C8mim][bti] 475.48 1317.82 20.98 2.33 ∙ 10−1 9 283.15–343.15 2.89 ∙ 10−2–3.21 ∙ 10−2 [51, 52]

6 [P14][bti] 422.42 1093.1 24.25 2.80 ∙ 10−1 15 283.1 0–363.15 3.20 ∙ 10−2–3.49 ∙ 10−2 [51, 52]

7 [C4mim][DMPO4] 264.26 877.19 21.47 2.35 ∙ 10−1 1 298.15 3.80 ∙ 10−2 [51, 52]

8 [C6mim][BF4] 254.08 689.98 17.94 2.41 ∙ 10−1 67 268.58–393.00 3.43 ∙ 10−2–4.14 ∙ 10−2 [51, 52]

9 [mbpy][BF4] 237.05 625.79 18.9 2.56 ∙ 10−1 45 278.15–350.75 4.23 ∙ 10−2–4.72 ∙ 10−2 [51, 52]

10 [ppy][BF4] 208.99 573.81 21.81 2.70 ∙ 10−1 10 278.15–300.65 5.07 ∙ 10−2–5.26 ∙ 10−2 [51, 52]

11 [bmpy][BF4] 237.05 625.79 18.9 2.56 ∙ 10−1 53 278.15–338.15 4.29 ∙ 10−2–4.75 ∙ 10−2 [51, 52]

12 [C4mim][C8S] 348.51 1189.84 20.25 2.29 ∙ 10−1 11 278.75–328.00 2.57 ∙ 10−2–3.57 ∙ 10−2 [51, 52]

13 [bpy][BF4] 223.02 597.61 20.33 2.65 ∙ 10−1 25 278.15–338.15 4.42 ∙ 10−2–4.79 ∙ 10−2 [51, 52]

14 [C2mim][BF4] 197.97 596.23 23.59 2.57 ∙ 10−1 13 278.15–338.15 4.86 ∙ 10−2–5.13 ∙ 10−2 [51, 52]

15 [C2mim][ESO4] 236.30 1067.49 40.46 3.01 ∙ 10−1 17 278.75–333.15 4.34 ∙ 10−2–4.73 ∙ 10−2 [51, 52]

16 [C6Hmim][CH3CH2CO2] 240.35 888.22 19.15 2.14 ∙ 10−1 9 288.15–328.15 3.26 ∙ 10−2–3.43 ∙ 10−2 [51, 52]

17 [C4Hmim][CH3CH2CO2] 214.31 845.96 22.16 2.24 ∙ 10−1 9 288.15–328.15 3.48 ∙ 10−2–3.65 ∙ 10−2 [51, 52]

18 [C3Hmim][CH3CH2CO2] 198.27 825.01 23.69 2.25 ∙ 10−1 9 288.15–328.15 3.60 ∙ 10−2–3.77 ∙ 10−2 [51, 52]

19 [C5Hmim][CH3CH2CO2] 226.32 867.02 20.46 2.18 ∙ 10−1 9 288.15–328.15 3.37 ∙ 10−2–3.54 ∙ 10−2 [51, 52]

20 [C4mim][glycinate] 213.28 927.82 24.84 2.25 ∙ 10−1 6 298.15–343.15 4.68 ∙ 10−2–5.45 ∙ 10−2 [51, 52]

21 [C3mim][Ac] 184.24 827.21 26.61 2.33 ∙ 10−1 9 298.15–338.15 3.34 ∙ 10−2–3.66 ∙ 10−2 [51, 52]

22 [C4mim][Ac] 198.27 847.31 24.45 2.29 ∙ 10−1 23 293.2–343.15 3.22 ∙ 10−2–3.92 ∙ 10−2 [51, 52]

23 [C5mim][Ac] 212.29 867.46 22.61 2.24 ∙ 10−1 9 298.15–338.15 3.10 ∙ 10−2–3.42 ∙ 10−2 [51, 52]

24 [C4mim][lactate] 228.29 953.56 23.82 2.21 ∙ 10−1 15 293.15–343.15 4.00 ∙ 10−2–4.31 ∙ 10−2 [51, 52]

25 [C4mim][Cl] 174.67 789.00 27.85 2.42 ∙ 10−1 20 298.00–393.00 4.18 ∙ 10−2–4.82 ∙ 10−2 [51, 52]

26 [C2mim][lactate] 200.24 912.67 28.24 2.31 ∙ 10−1 9 288.15–333.15 4.63 ∙ 10−2–4.95 ∙ 10−2 [51, 52]

27 [C5mim][lactate] 242.32 974.35 22.09 2.16 ∙ 10−1 9 288.15–333.15 3.98 ∙ 10−2–4.31 ∙ 10−2 [51, 52]

28 [C2mim][C4SO4] 264.35 1096.08 32.55 2.77 ∙ 10−1 1 298.15 3.96 ∙ 10−2 [51, 52]

29 [C2mim][C8SO4] 320.46 1157.12 23.21 2.42 ∙ 10−1 2 293.15–298.15 3.10 ∙ 10−2–3.13 ∙ 10−2 [51, 52]

30 [C4mim][MSO4] 250.31 1081.64 36.1 2.88 ∙ 10−1 32 283–368.1 3.76 ∙ 10−2–4.60 ∙ 10−2 [51, 52]

31 [C1mim][DMPO4] 222.19 816.76 27.18 2.51 ∙ 10−1 17 293.15–338.15 4.13 ∙ 10−2–4.84 ∙ 10−2 [51, 52]

32 [C2mim][DMPO4] 236.21 836.85 24.97 2.46 ∙ 10−1 6 298.15–343.5 4.33 ∙ 10−2–4.53 ∙ 10−2 [51, 52]

33 [C4mim][dbp] 348.43 1002.19 15.07 2.06 ∙ 10−1 1 298.15 2.94 ∙ 10−2 [51, 52]

34 [C6mim][Cl] 202.73 829.16 23.5 2.33 ∙ 10−1 20 298.00–393.00 3.62 ∙ 10−2–4.18 ∙ 10−2 [51, 52]

35 [NHHH2][NO3] 108.10 719.75 46.24 2.47 ∙ 10−1 2 298.15–300.10 4.73 ∙ 10−2–4.81 ∙ 10−2 [51, 52]

36 [C4mim][PF6] 284.18 719.39 17.28 2.20 ∙ 10−1 28 287.6–352.99 4.05 ∙ 10−2–4.45 ∙ 10−2 [51, 52]

37 [C6mim][PF6] 312.24 764.89 15.50 2.14 ∙ 10−1 15 293.15–353.15 3.51 ∙ 10−2–3.90 ∙ 10−2 [51, 52]

38 [C2mim][mesy] 206.27 1026.03 48.13 3.31 ∙ 10−1 13 298.50–342.7 4.54 ∙ 10−2–5.09∙10−2 [51, 52]

39 [P666(14)][9COO] 655.13 1563.77 6.77 1.28 ∙ 10−1 6 298.00–343.00 2.62 ∙ 10−2–2.90 ∙ 10−2 [51, 52]

40 [C4mim][bti] 419.37 1269.93 27.65 2.59 ∙ 10−1 29 278.75–351.56 3.05 ∙ 10−2–3.49 ∙ 10−2 [51, 52]

41 [C8mim][PF6] 340.29 810.85 14.05 2.07 ∙ 10−1 13 283.91–353.62 3.08 ∙ 10−2–3.48 ∙ 10−2 [51, 52]

42 [C8mim][BF4] 282.13 736.99 16.02 2.31 ∙ 10−1 20 298.00–393.00 2.60 ∙ 10−2–3.07 ∙ 10−2 [51, 52]

43 [C10mim][bti] 503.53 1279.63 19.67 2.36 ∙ 10−1 8 298.15–363.15 2.52 ∙ 10−2–2.98 ∙ 10−2 [51, 52]

44 [C5mim][bti] 433.40 1281.08 25.64 2.52 ∙ 10−1 6 293.15–343.15 3.03 ∙ 10−2–3.29 ∙ 10−2 [51, 52]

45 [C4mim][tca] 197.31 1047.36 19.38 1.74 ∙ 10−1 5 292.35–303.45 4.41 ∙ 10−2–4.74 ∙ 10−2 [51, 52]

46 [C1mim][MSO4] 208.24 1040 52.92 3.34 ∙ 10−1 6 288.15–313.15 5.89 ∙ 10−2–6.09 ∙ 10−2 [51, 52]
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(mole fraction) is not clear (separation between lines and
slopes of the lines). Thus, a more sophisticated model must
be considered to include this third variable, the concentration.
Considering that some equations of state can be acceptably
applied to the liquid phase, for both pure substances and mix-
tures, the following hypothesis may be established: an equa-
tion of state that can well represent the effects of pressure,
temperature, and concentration on density will also be able
to represent the effect of these variables on the surface tension,
using the concept of geometric similitude. This hypothesis is
to be demonstrated in this work through the application of the
equation of state (EoS) model to binary and ternary mixtures
for predicting the surface tension. It should be noticed that
once the geometric similitude is established, the meaning of
the parameters is totally lost. Therefore, seeking any relation
between the order of magnitude of the parameters, their be-
havior, or the sign of the parameters, has no sense.

The Valderrama–Patel–Teja cubic equation of state [44,
45] is the selected equation of state that provides the relation
between the variables pressure, temperature, and concentra-
tion with the surface tension. This equation of state has been
used in several applications [46, 47] and has also been suc-
cessfully applied to the prediction of viscosity of ionic liquid
in a wide range of temperature and pressure [6]. The EoS
model applied in this paper is shown in Table 1. The table

gives details on the dependency of the surface tension σ on
pressure, temperature, and concentration. Also, some param-
eters (constant values and functions) included in the model are
defined.

It should be noticed that even surface tension and density
decrease with temperature and both behave more or less
monotonically within a binary mixture, what is important
when the similitude concept is invoked is to have a flexible
model that can represent other types of behavior. The cubic
equation used in this paper has that flexibility. This equation
has the flexibility of representing geometric similitude in the
whole range of pressure and temperature, although the partic-
ular study is done in a narrower area, just the liquid phase.
Therefore, there is no restriction for applying the concept to
other pressures and temperatures, including different fluid
phases [6].

In Table 1, P is the pressure in bar, T is the temperature in
Kelvin, σ is the surface tension in newton per meter, and Zc is
the critical compressibility factor (dimensionless). The sub-
script m, c, i, and j indicate the mixture, the critical properties,
and the components “i” and “j,” respectively. The alpha func-
tion described in Table 1, row 3, is that proposed by Heyen
[48]. The use this alpha function has shown to be appropriate
in applications done by the authors in modeling viscosity [6].
The parameter H1 varies for each ionic liquid, while H2 is a

Table 3 (continued)

No. Substance Properties of pure components Ranges of temperature, pressure, and surface tension Ref.

M (g/mol) Tc (K) Pc (bar) Zc N ΔT (K) Δσ (N/m)

47 [C2mim][MSO4] 222.27 1053.61 45.92 3.16 ∙ 10−1 11 283.15–333.15 5.04 ∙ 10−2–5.35 ∙ 10−2 [51, 52]

48 [C2mim][Ac] 170.21 807.14 29.19 2.37 ∙ 10−1 7 278.15–338.15 4.54 ∙ 10−2–4.81 ∙ 10−2 [51, 52]

49 [bdmim][bti] 433.40 1281.11 25.48 2.50 ∙ 10−1 6 293.15–343.15 2.87 ∙ 10−2–3.74 ∙ 10−2 [51, 52]

50 [P13][bti] 408.39 1078.45 26.08 2.89 ∙ 10−1 14 288.15–343.15 3.00 ∙ 10−2–3.50 ∙ 10−2 [51, 52]

51 [prmpy][bti] 416.37 1228.87 27.53 2.65 ∙ 10−1 50 264.14–352.62 3.25 ∙ 10−2–3.64 ∙ 10−2 [51, 52]

52 [PP13][bti] 422.42 1093.1 24.25 2.80 ∙ 10−1 8 293.4–343.3 3.30 ∙ 10−2–3.56 ∙ 10−2 [51, 52]

53 [C3mim][bti] 405.34 1259.34 29.96 2.67 ∙ 10−1 6 293.15–343.15 3.22 ∙ 10−2–3.49 ∙ 10−2 [51, 52]

54 [C8mim][Br] 275.23 912.31 21.52 2.30 ∙ 10−1 1 336.00 3.20 ∙ 10−2 [51, 52]

55 Water 18.02 647.13 220.55 2.29 ∙ 10−1 6 293.15–323.15 6.78 ∙ 10−2–7.27 ∙ 10−2 [55, 56]

56 Acetone 58.08 508.2 47.01 2.33 ∙ 10−1 5 288.15–328.15 1.92 ∙ 10−2–2.43 ∙ 10−2 [57]

57 Ethanol 46.07 514 61.37 2.41 ∙ 10−1 19 274.77–318.99 2.02 ∙ 10−2–2.36 ∙ 10−2 [58]

58 n-Methyldiethanolamine 119.16 675 38.8 2.54 ∙ 10−1 4 303.15–333.15 3.53 ∙ 10−2–3.87 ∙ 10−2 [59]

59 1-Propanol 60.10 536.8 51.69 2.52 ∙ 10−1 7 293.15–323.15 2.13 ∙ 10−2–2.37 ∙ 10−2 [60]

60 2-Propanol 60.10 508.3 47.64 2.50 ∙ 10−1 5 293.15–323.15 1.88 ∙ 10−2–2.13 ∙ 10−2 [61]

61 Diethanolamine 105.14 736.6 42.7 2.43 ∙ 10−1 6 298.15–323.15 4.31 ∙ 10−2–4.72 ∙ 10−2 [62]

62 Methanol 32.04 512.5 80.84 2.22 ∙ 10−1 8 293.15–323.15 2.02 ∙ 10−2–2.30 ∙ 10−2 [60, 63]

63 1-Butanol 74.12 563 44.14 2.58 ∙ 10−1 6 298.15–334.95 2.17 ∙ 10−2–2.40 ∙ 10−2 [64–66]

64 Dimethyl sulfoxide 78.14 729 56.5 2.12 ∙ 10−1 5 293.15–313.15 3.98 ∙ 10−2–4.34 ∙ 10−2 [67]

65 Acetonitrile 41.05 545.5 48.3 1.84 ∙ 10−1 3 288.15–308.15 2.72 ∙ 10−2–2.95 ∙ 10−2 [68]

66 1-octene 112.22 567 26.8 2.66 ∙ 10−1 4 293.10–348.15 1.57 ∙ 10−2–2.25 ∙ 10−2 [37]
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Table 4 Ranges of concentration (mole fraction), temperature, and surface tension of the data used for binary mixtures. The pressure is 1.01 bar for all
data. 1: ionic liquid, 2: organic solvent

No. Binary mixture N ΔX1 ΔT (K) Δσm (N/m)

1 [C2mim][DEP] + water 16 0–1 298.15 3.71 ∙ 10−2–7.19 ∙ 10−2

2 [bpy][BF4] + Water 72 0–1 293.15–323.15 4.51 ∙ 10−2–7.27 ∙ 10−2

3 [C2mim][BF4] + water 78 0.87–1 278.15–338.15 4.86 ∙ 10−2–5.30 ∙ 10−2

4 [C2mim][ESO4] + water 15 0–1 298.15 4.72 ∙ 10−2–7.14 ∙ 10−2

5 [C6Hmim][CH3CH2CO2] + water 53 0.79–1 288.15–328.15 3.26 ∙ 10−2–3.54 ∙ 10−2

6 [C4Hmim][CH3CH2CO2] + water 54 0.79–1 288.15–328.15 3.48 ∙ 10−2–3.76 ∙ 10−2

7 [C3Hmim][CH3CH2CO2] + water 54 0.79–1 288.15–328.15 3.60 ∙ 10−2–3.87 ∙ 10−2

8 [C5Hmim][CH3CH2CO2] + water 54 0.79–1 288.15–328.15 3.37 ∙ 10−2–3.66 ∙ 10−2

9 [C4mim][glycinate] + water 108 0–0.01 288.15–328.15 6.08 ∙ 10−2–7.31 ∙ 10−2

10 [C6mim][Ac] + water 49 0.86–1 298.15–338.15 2.98 ∙ 10−2–3.57 ∙ 10−2

11 [C3mim][Ac] + water 49 0.86–1 298.15–338.15 2.98 ∙ 10−2–3.57 ∙ 10−2

12 [C4mim][Ac] + water 49 0.85–1 298.15–338.15 3.22 ∙ 10−2–3.87 ∙ 10−2

13 [C5mim][Ac] + water 49 0.86–1 298.15–338.15 3.10 ∙ 10−2–3.71 ∙ 10−2

14 [C4mim][lactate] + water 48 0–1 298.15–318.15 4.18 ∙ 10−2–7.19 ∙ 10−2

15 [C4mim][Cl] + water 46 0–0.48 298.10–302.10 5.37 ∙ 10−2–7.19 ∙ 10−2

16 [C2mim][lactate] + water 45 0.81–0.92 288.15–333.15 4.70 ∙ 10−2–5.10 ∙ 10−2

17 [C5mim][lactate] + water 45 0.78–0.90 288.15–333.15 4.05 ∙ 10−2–4.46 ∙ 10−2

18 [C4mim][BF4] + water 38 0–0.51 298.00–299.20 4.72 ∙ 10−2–7.20 ∙ 10−2

19 [P14][dca] + water 39 0–0.97 288.30–324.90 4.89 ∙ 10−2–7.19 ∙ 10−2

20 [C2mim][C4SO4] + water 27 0.04–1 298.15 3.91 ∙ 10−2–4.59 ∙ 10−2

21 [C1mim][DMPO4] + water 16 0–1 298.15 4.84 ∙ 10−2–7.19 ∙ 10−2

22 [C2mim][DMPO4] + water 11 0–1 298.15 4.41 ∙ 10−2–7.19 ∙ 10−2

23 [C4mim][dbp] + water 11 0–1 298.15 2.82 ∙ 10−2–7.19 ∙ 10−2

24 [C6mim][Cl] + water 10 0–0.14 297.20–298.20 4.32 ∙ 10−2–7.09 ∙ 10−2

25 [NHHH2][NO3] + water 10 0.10–0.93 298.15 4.32 ∙ 10−2–7.09 ∙ 10−2

26 [C4mim][PF6] + water 9 0.93–1 303.15–303.15 4.10 ∙ 10−2–4.33 ∙ 10−2

27 [C6mim][PF6] + water 8 0.30–1 298.15 3.73 ∙ 10−2–3.79 ∙ 10−2

28 [C2mim][mesy] + water 30 0–0.49 300.00–303.80 5.73 ∙ 10−2–7.21 ∙ 10−2

29 [P666(14)][9COO] + water 6 0.13 298.40–344.30 2.56 ∙ 10−2–2.91 ∙ 10−2

30 [C4mim][bti] + water 6 0.74 293.15–343.15 3.10 ∙ 10−2–3.37 ∙ 10−2

31 [C8mim][PF6] + water 5 0.78 298.05–335.05 3.17 ∙ 10−2–3.40 ∙ 10−2

32 [C8mim][BF4] + water 5 0.24 293.15–333.15 3.10 ∙ 10−2–3.38 ∙ 10−2

33 [C2mim][Ac] + ethanol 77 0–1 278.15–338.15 1.89 ∙ 10−2–4.81 ∙ 10−2

34 [mbpy][BF4] + ethanol 56 0–1 293.15–323.15 1.98 ∙ 10−2–4.58 ∙ 10−2

35 [C4mim][lactate] + ethanol 45 0–1 298.15–318.15 2.05 ∙ 10−2–4.29 ∙ 10−2

36 [C8mim][bti] + ethanol 39 0.10–0.98 283.15–313.15 2.29 ∙ 10−2–3.20 ∙ 10−2

37 [C4mim][bti] + ethanol 36 0.10–0.96 283.15–313.15 2.27 ∙ 10−2–3.34 ∙ 10−2

38 [C2mim][C8SO4] + ethanol 18 0–1 298.15 2.29 ∙ 10−2–3.09 ∙ 10−2

39 [NHHH2][NO3] + ethanol 16 0.09–0.87 298.15 2.36 ∙ 10−2–4.23 ∙ 10−2

40 [C2mim][MSO4] + ethanol 14 0–1 293.15–293.15 2.20 ∙ 10−2–5.26 ∙ 10−2

41 [C6mim][ESO4] + ethanol 13 0.03–1 298.15 2.30 ∙ 10−2–3.48 ∙ 10−2

42 [C4mim][BF4] + ethanol 12 0.10–1 298.15 2.28 ∙ 10−2–4.53 ∙ 10−2

43 [C4mim][dbp] + ethanol 11 0–1 298.15 2.19 ∙ 10−2–2.94 ∙ 10−2

44 [C2mim][DEP] + ethanol 11 0–1 298.15 2.19 ∙ 10−2–3.71 ∙ 10−2

45 [C4mim][DMPO4] + ethanol 11 0–1 298.15 2.19 ∙ 10−2–3.80 ∙ 10−2

46 [C2mim][ESO4] + ethanol 11 0–1 298.15 2.20 ∙ 10−2–4.72 ∙ 10−2

47 [C8mim][BF4] + ethanol 10 0.10–1 298.15 2.33 ∙ 10−2–3.28 ∙ 10−2

48 [C6mim][BF4] + ethanol 10 0.10–1 298.15 2.31 ∙ 10−2–3.73 ∙ 10−2
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constant value for all ionic liquids. The terms ϕ0, ϕ1, β0, β1,
γ0, γ1, and R* that appear in the equation of state (Table 1 row
3) are constants for all the ionic liquids and are obtained from
an optimization procedure. It is important to clarify that al-
though in the original PTρ equation the parameters may have

certain physical meaning, in the extended model based on the
geometric similitude concept the model parameters do not
necessarily have a physicochemical sense.

For mixtures, the simple mixing rules proposed by the au-
thors for the prediction of thermal conductivity and speed of

Table 4 (continued)

No. Binary mixture N ΔX1 ΔT (K) Δσm (N/m)

49 [C2mim][C4SO4] + ethanol 10 0.07–1 298.15 2.36 ∙ 10−2–3.96 ∙ 10−2

50 [C2mim][Ac] + 1-propanol 77 0–1 288.15–348.15 1.90 ∙ 10−2–4.77 ∙ 10−2

51 [C8mim][bti] + 1-propanol 33 0.10–0.95 283.15–313.15 2.33 ∙ 10−2–3.17 ∙ 10−2

52 [C4mim][bti] + 1-propanol 41 0–1 283.15–313.15 2.31 ∙ 10−2–3.32 ∙ 10−2

53 [mbpy][BF4] + methanol 112 0–1 293.15–323.15 2.01 ∙ 10−2–4.58 ∙ 10−2

54 [bpy][BF4] + methanol 56 0–1 293.15–323.15 2.01 ∙ 10−2–4.69 ∙ 10−2

55 [C2mim][Ac] + methanol 55 0–1 278.2–318.2 2.10 ∙ 10−2–4.81 ∙ 10−2

56 [ppy][BF4] + methanol 52 0–1 293.15–323.15 2.01 ∙ 10−2–5.13 ∙ 10−2

57 [C4mim][lactate] + methanol 48 0–1 298.15–318.15 2.05 ∙ 10−2–4.29 ∙ 10−2

58 [C4mim][bti] + methanol 24 0.10–0.96 283.15–298.15 2.55 ∙ 10−2–3.34 ∙ 10−2

59 [C8mim][bti] + methanol 20 0.10–0.94 283.15–298.15 2.51 ∙ 10−2–3.16 ∙ 10−2

60 [C2mim][MSO4] + methanol 14 0–1 293.15–293.15 2.18 ∙ 10−2–5.26 ∙ 10−2

61 [C1mim][DMPO4] + methanol 11 0–1 298.15 2.24 ∙ 10−2–4.84 ∙ 10−2

62 [C2mim][DMPO4] + methanol 11 0–1 298.15 2.24 ∙ 10−2–4.43 ∙ 10−2

63 [C4mim][DMPO4] + methanol 11 0–1 298.15 2.24 ∙ 10−2–3.81 ∙ 10−2

64 [C2mim][ESO4] + methanol 11 0–1 298.15 2.24 ∙ 10−2–3.73 ∙ 10−2

65 [C4mim][dbp] + methanol 11 0–1 298.15 2.24 ∙ 10−2–2.95 ∙ 10−2

66 [C1mim][MSO4] + methanol 9 0–1 298.15 2.21 ∙ 10−2–5.65 ∙ 10−2

67 [C4mim][C8S] + methanol 7 0.18–1 298.15 2.44 ∙ 10−2–2.84 ∙ 10−2

68 [C4mim][MSO4] + methanol 6 0.07–0.82 298.15 2.33 ∙ 10−2–3.80 ∙ 10−2

69 [C2mim][Ac] + propan-2-ol 66 0–1 288.15–338.15 1.74 ∙ 10−2–4.77 ∙ 10−2

70 [C4mim][bti] + propan-2-ol 33 0.10–0.98 283.15–313.15 2.08 ∙ 10−2–3.33 ∙ 10−2

71 [C8mim][bti] + propan-2-ol 30 0.10–0.93 283.15–313.15 2.13 ∙ 10−2–3.15 ∙ 10−2

72 [C4mim][lactate] + 1-butanol 48 0–1 298.15–318.15 2.26 ∙ 10−2–4.29 ∙ 10−2

73 [C4mim][tca] + 1-butanol 45 0–1 298.15–338.15 2.03 ∙ 10−2–4.74 ∙ 10−2

74 [C8mim][bti] + 1-butanol 27 0.12–0.88 283.15–313.15 2.37 ∙ 10−2–3.12 ∙ 10−2

75 [C4mim][bti] + 1-butanol 26 0.10–0.96 283.15–313.15 2.35 ∙ 10−2–3.34 ∙ 10−2

76 [C4mim][C8S] + 1-butanol 7 0.16–0.92 298.15 2.36 ∙ 10−2–2.51 ∙ 10−2

77 [C4mim][bti] + dimethyl sulfoxide 50 0–1 293.15–313.15 3.19 ∙ 10−2–4.34 ∙ 10−2

78 [C2mim][bti] + dimethyl sulfoxide 45 0–1 293.15–313.15 3.51 ∙ 10−2–4.34 ∙ 10−2

79 [C4mim][bti] + acetonitrile 45 0–1 293.15–313.15 2.64 ∙ 10−2–3.28 ∙ 10−2

80 [P14][bti] + acetonitrile 27 0–1 288.15–308.15 2.72 ∙ 10−2–3.37 ∙ 10−2

81 [C6mim][bti] + 1-octene 24 0–1 283.1–348.15 1.57 ∙ 10−2–3.12 ∙ 10−2

82 (1) [C4mim][bti] + (2) [C2mim][bti] 7 0–1 298.15 3.32 ∙ 10−2–3.67 ∙ 10−2

83 (1) [C4mim][bti] + (2) [C5mim][bti] 7 0–1 298.15 3.25 ∙ 10−2–3.32 ∙ 10−2

84 (1) [C6mim][bti] + (2) [C4mim][bti] 7 0–1 298.15 3.19 ∙ 10−2–3.32 ∙ 10−2

85 (1) [C8mim][bti] + (2) [C4mim][bti] 7 0–1 298.15 3.14 ∙ 10−2–3.32 ∙ 10−2

86 (1) [C10mim][bti] + (2) [C5mim][bti] 7 0–1 298.15 3.09 ∙ 10−2–3.32 ∙ 10−2

87 (1) [bdmim][bti] + (2) [C4mim][bti] 7 0–1 298.2 3.31 ∙ 10−2–3.45 ∙ 10−2

88 (1) [P13][bti] + (2) [C4mim][bti] 7 0–1 298.2 3.31 ∙ 10−2–3.53 ∙ 10−2

89 (1) [prmpy][bti] + (2) [C4mim][bti] 7 0–1 298.2 3.31 ∙ 10−2–3.50 ∙ 10−2

90 (1) [PP13][bti] + (2) [C4mim][bti] 7 0–1 298.2 3.31 ∙ 10−2– 3.50 ∙ 10−2
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sound in mixtures containing ionic liquids were employed [7].
The authors stated that the parameter kij in the classical van der
Waals mixing [49] rule is of the order of − 2.0, so they fixed
this parameter for all mixtures. Clearly, this value for kij has no
physical meaning but is just an adjustable parameter that re-
sulted to approximately assume a constant value, keeping the

model as a predictive tool for estimating the properties of
mixtures. This assumption of kij = − 2.0 for all interactions
explains the minus sign in the term − 2xi ∙ xj of the mixing
rule for the proposed model (rows 5 and 6 in Table 1). Finally,
the units for each variable that present the model are T and Tc
in Kelvin, P and Pc in bar, σ in newton per meter, R* in bar ·

Table 5 Ranges of concentration (mole fraction), temperature, and surface tension of the data used for ternary mixture. The pressure is 1.01 bar for all
data

No. Mixtures ΔX1 ΔX2 Number ΔT (K) Δσm (N/m)

1 (1)acetone + (2)water + (3)[C4mim][BF4] 0.01–0.08 0.43–0.98 13 298.1–298.8 4.57 ∙ 10−2–5.95 ∙ 10−2

2 (1)ethanol + (2)water + (3)[C4mim][BF4] 0.01–0.04 0.79–0.99 12 299.4–300.2 4.85 ∙ 10−2–6.15 ∙ 10−2

3 (1)acetone + (2)water + (3)[C4mim][Cl] 0.01–0.03 0.80–0.99 11 298.1–298.7 5.59 ∙ 10−2–6.11 ∙ 10−2

4 (1)n-methyldiethanolamine + (2)water + (3)[C1mim][DMPO4] 0–0.60 0–0.64 70 293.15–343.15 3.90 ∙ 10−2–4.62 ∙ 10−2

5 (1)n-methyldiethanolamine + (2)water + (3)[C2mim][DEP] 0–0.54 0–0.71 63 293.15–343.15 3.44 ∙ 10−2–3.76 ∙ 10−2

6 (1)1-propanol + (2)water + (3)[C1mim][DMPO4] 0.05–0.405 0.05–0.44 54 293.15–333.15 2.85 ∙ 10−2–4.56 ∙ 10−2

7 (1)2-propanol + (2)water + (3)[C1mim][DMPO4] 0.04–0.46 0.04–0.45 54 293.15–333.15 2.63 ∙ 10−2–4.72 ∙ 10−2

8 (1)2-propanol + (2)water + (3)[C2mim][DEP] 0.05–0.45 0.05–0.45 54 293.15–333.15 2.12 ∙ 10−2–3.19 ∙ 10−2

9 (1)1-propanol + (2)water + (3)[C2mim][DEP] 0.05–0.45 0.05–0.45 54 293.15–333.15 2.11 ∙ 10−2–3.24 ∙ 10−2

10 (1)n-methyldiethanolamine + (2)water + (3)[C4mim][BF4] 0.22–0.43 0.32–0.62 36 293.2–323.2 4.32 ∙ 10−2–5.14 ∙ 10−2

11 (1)diethanolamine + (2)water + (3)[C4mim][BF4] 0.14–0.33 0.33–0.54 32 293.2–323.2 4.60 ∙ 10−2–5.33 ∙ 10−2

12 (1)ethanol + (2)water + (3)[C4mim][Cl] 0.02–0.05 0.73–0.98 14 299.4–300.6 5.34 ∙ 10−2–5.80 ∙ 10−2

Table 6 Final model for correlating and predicting the surface tension of pure substances and mixtures

Description Mathematical expressions Values

1 Explicit pressure expression P ¼ R*Tσ
Mm−bmσ −

amσ2

M2
mþMmσ bmþcmð Þ−cmbmσ2 R* = 40.01 ∙ 10−1

ϕ0 = −1181.039
ϕ1 = 2.36
β0 = −0.77
β1 = −0.15
γ0 = −3.06
γ1 = −0.17

H2 = 12.80 (constant for all fluids)
H1,i is specific parameter for each ionic

liquid and for water.
H1 can be estimated using a single value of

surface tension σo at To and Po = 1 bar
H1,i for ionic liquids can be estimated by
knowing the molar mass M, but accuracy

is uncertain.
No interaction parameters are used in the

mixing and combining rules.

2 EoS parameters
ac;i ¼ ϕ0 þ ϕ1Zc;i

� � R*2T2
c;i

Pc;i

bi ¼ β0 þ β1Zc;i
� � R*Tc;i

Pc;i

ci ¼ γ0 þ γ1Zc;i
� � R*Tc;i

Pc;i

αi Tð Þ ¼ exp H1;i 1− T=Tc;i
� �H2

� �h i ai = ac, iαi(T)

3 With H1 from a single
experimental datum (H1

using one σ value)

σ = σo at T = To and P=Po

H1;i ¼ 1
1− T0=Tcð ÞH2

� �
LnQ

Q ¼ Mi
2þMiσ0 biþcið Þ−cibiσ02

ac;iσ02

� �
R*T0σ0
Mi−biσ0 −P0

� �h i

4 H1 using M H1, i = − 4.54 ⋅ 10−6 ⋅Mi
2 + 7.54 ⋅ 10−3 ⋅Mi + 3.32 ⋅ 10−1

5 Simple mixing rule am ¼ ∑
i
∑
j
xix jaij aij ¼ ffiffiffiffiffiffiffiffiaia j

p

bm = ∑ xibi cm = ∑ xici Mm = ∑ xiMi

6 Binary mixtures am ¼ x21⋅a1−2x1 x2 a1ð a2Þ 0:5 þ x22⋅a2 bm = x1 ⋅ b1 + x2 ⋅ b2
cm = x1 ⋅ c1 + x2 ⋅ c2

7 Ternary mixtures am ¼ x21⋅a1−2x1 x2 a1ð a2Þ 0:5−2x1 x3 a1ð a3Þ 0:5 −2x2 x3 a2ð a3Þ 0:5

þx22⋅a2 þ x23⋅a3 bm = x1 ⋅ b1 + x2 ⋅ b2 + x3 ⋅ b3
cm = x1 ⋅ c1 + x2 ⋅ c2 + x3 ⋅ c3
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Table 7 Selected values of H1 and deviations given by the general surface tension model for ionic liquids. The complete table is provided as
supplementary material

No. Substances H1 by regression H1 using one σ value H1 using M

M
(g/mol)

H1 %Δσ I%ΔσI I%ΔσIImax H1 %Δσ I%ΔσI I%ΔσIImax H1 %Δσ I%ΔσI I%ΔσIImax

1 [C4mim][BF4] 226.03 1.96 0.43 3.71 11.63 1.92 2.44 3.84 13.91 1.80 8.68 8.68 20.76

2 [C2mim][DEP] 264.27 2.10 − 1.13 3.66 20.62 2.06 0.94 4.48 18.96 2.01 3.80 6.83 16.66

3 [C6mim][Ac] 226.32 1.98 − 1.03 2.87 5.24 1.87 5.32 5.32 10.94 1.80 7.67 7.67 14.48

4 [P14][dca] 208.31 0.69 0.40 2.92 5.54 0.59 5.28 5.28 10.67 1.70 − 38.88 38.88 41.98

5 [C8mim][bti] 475.48 2.73 0.48 3.68 5.88 2.69 2.64 3.60 8.40 2.89 − 6.97 6.97 11.71

6 [P14][bti] 422.42 2.80 0.83 1.86 6.37 2.78 1.95 2.19 7.55 2.70 5.73 5.73 11.53

7 [C4mim][DMPO4] 264.26 1.95 0.00 0.00 0.00 1.95 0.00 0.00 0.00 2.01 − 2.84 2.84 2.84

8 [C6mim][BF4] 254.08 2.20 − 0.40 3.57 9.79 2.11 4.75 5.35 14.04 1.95 12.75 12.75 22.92

9 [mbpy][BF4] 237.05 1.95 − 0.10 1.96 5.39 1.91 1.97 2.68 7.30 1.86 4.42 4.49 10.01

10 [ppy][BF4] 208.99 1.72 0.03 0.85 1.57 1.74 − 1.25 1.34 2.93 1.71 0.64 0.98 2.19

11 [bmpy][BF4] 237.05 1.95 − 0.13 1.97 5.91 1.94 0.19 1.99 5.60 1.86 4.15 4.27 8.44

12 [C4mim][C8S] 348.51 2.45 − 8.10 13.90 20.43 1.96 16.56 16.56 38.76 2.41 −7.29 13.84 19.73

13 [bpy][BF4] 223.02 1.93 − 0.02 2.15 3.94 1.91 1.24 2.26 5.17 1.79 7.39 7.39 11.52

14 [C2mim][BF4] 197.97 1.67 − 0.13 1.35 2.71 1.66 0.74 1.43 3.54 1.65 1.26 1.70 4.14

15 [C2mim][ESO4] 236.30 1.57 0.34 1.63 5.47 1.54 2.28 2.46 7.94 1.86 − 12.87 12.87 15.34

16 [C6Hmim][CH3CH2CO2] 240.35 1.88 − 0.36 1.46 2.59 1.85 1.26 1.64 3.90 1.88 − 0.58 1.52 2.81

17 [C4Hmim][CH3CH2CO2] 214.31 1.75 0.47 1.38 2.53 1.73 1.21 1.56 3.64 1.74 1.21 1.70 3.29

18 [C3Hmim][CH3CH2CO2] 198.27 1.65 0.22 1.25 2.42 1.62 1.13 1.47 3.49 1.65 0.15 1.25 2.35

19 [C5Hmim][CH3CH2CO2] 226.32 1.80 0.12 1.35 2.61 1.77 1.25 1.61 3.76 1.80 − 0.23 1.39 2.54

20 [C4mim][glycinate] 213.28 0.96 − 0.16 4.63 8.26 0.81 7.16 7.16 16.18 1.73 − 31.77 31.77 36.36

21 [C3mim][Ac] 184.24 1.72 − 0.59 3.08 4.57 1.63 4.38 4.38 9.41 1.57 4.73 8.54 13.34

22 [C4mim][Ac] 198.27 1.64 1.68 5.25 13.40 1.71 − 1.74 5.54 9.78 1.65 1.47 5.24 13.17

23 [C5mim][Ac] 212.29 1.90 − 0.65 2.87 5.37 1.79 4.99 4.99 10.19 1.73 8.40 8.40 13.76

24 [C4mim][lactate] 228.29 1.38 0.29 1.79 4.93 1.34 2.59 2.65 7.12 1.82 − 18.95 18.95 21.25

25 [C4mim][Cl] 174.67 1.23 − 0.18 3.46 6.45 1.10 6.83 6.83 14.72 1.51 − 12.78 12.78 18.29

26 [C2mim][lactate] 200.24 1.12 − 0.13 1.75 3.52 1.06 2.91 3.04 6.06 1.66 − 23.45 23.45 26.06

27 [C5mim][lactate] 242.32 1.42 − 0.20 2.10 4.33 1.35 3.37 3.57 7.14 1.89 − 20.71 20.71 24.00

28 [C2mim][C4SO4] 264.35 1.83 0.00 0.00 0.00 1.83 0.00 0.00 0.00 2.01 − 8.12 8.12 8.12

29 [C2mim][C8SO4] 320.46 2.26 0.46 0.46 0.46 2.25 0.47 0.47 0.94 2.28 − 0.41 0.41 0.41

30 [C4mim][MSO4] 250.31 1.76 0.95 4.63 10.42 1.69 4.11 5.09 14.07 1.93 − 7.47 7.65 17.05

31 [C1mim][DMPO4] 222.19 1.63 0.61 4.64 9.07 1.49 7.74 7.74 16.99 1.78 − 6.70 6.84 13.56

32 [C2mim][DMPO4] 236.21 1.66 − 0.51 0.91 2.24 1.61 1.66 2.14 4.47 1.86 − 9.96 9.96 11.53

33 [C4mim][dbp] 348.43 2.40 0.00 0.00 0.00 2.40 0.00 0.00 0.00 2.41 − 0.25 0.25 0.25

34 [C6mim][Cl] 202.73 1.57 0.10 3.45 7.00 1.42 7.24 7.24 15.03 1.67 − 4.94 5.19 11.06

35 [NHHH2][NO3] 108.10 0.84 − 0.50 0.87 1.37 0.85 − 0.86 0.86 1.72 1.09 − 12.03 12.03 12.80

36 [C4mim][PF6] 284.18 2.05 0.30 2.44 4.81 1.98 3.35 3.54 7.88 2.11 − 2.53 2.96 7.15

37 [C6mim][PF6] 312.24 2.31 0.46 2.14 4.75 2.27 1.70 2.91 5.90 2.24 3.99 4.20 7.64

38 [C2mim][mesy] 206.27 1.48 0.11 2.66 6.15 1.48 − 0.04 2.81 6.07 1.69 − 9.86 9.86 15.51

39 [P666(14)][9COO] 655.13 2.11 1.37 3.17 4.83 1.94 8.31 8.31 13.73 3.32 − 44.41 44.41 47.14

40 [C4mim][bti] 419.37 2.74 − 0.27 2.60 8.15 2.69 1.95 3.00 7.51 2.69 1.90 2.99 7.19

41 [C8mim][PF6] 340.29 2.51 − 0.47 2.96 6.53 2.39 5.42 5.59 11.31 2.37 6.52 6.52 12.61

42 [C8mim][BF4] 282.13 2.74 0.29 4.08 8.41 2.57 8.61 8.61 17.88 2.10 37.54 37.54 48.60

43 [C10mim][bti] 503.53 3.05 2.03 4.49 9.08 3.05 0.81 4.89 9.08 2.97 6.20 6.76 13.54

44 [C5mim][bti] 433.40 2.76 − 0.90 2.48 4.91 2.76 − 0.90 2.48 4.91 2.74 − 0.20 2.50 4.25

45 [C4mim][tca] 197.31 0.51 − 0.31 2.22 3.82 0.51 0.19 2.22 3.82 1.64 − 42.77 42.77 44.52

46 [C1mim][MSO4] 208.24 1.12 − 0.39 0.93 2.21 1.12 − 0.39 0.93 2.21 1.70 − 25.26 25.26 26.64

47 [C2mim][MSO4] 222.27 1.36 − 0.45 1.39 2.71 1.36 0.08 1.59 3.09 1.78 − 19.29 19.29 21.13

48 [C2mim][Ac] 170.21 1.11 − 0.18 1.58 2.96 1.11 − 0.18 1.58 2.96 1.48 − 16.68 16.68 19.02
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g · m/(K·mol·N), ac in bar·g
2 · m2/(mol2 · N2), b and c in g · m/

(N · mol),M in g/mol, and H1, H2, α(T), Zc, ϕ0, ϕ1, β0, β1, γ0,
and γ1 are all dimensionless.

To solve the model, a cubic polynomial is constructed to
then apply the analytical solution of Cardano [50]. In Table 2,
f0, f1, f2, p, q, and y are auxiliary parameters of Cardano’s
method. The cubic equation provides three real roots, and
since we are correlating and predicting a property of the liquid
phase, the highest root is always selected as the true solution.

Data selection

Data selected for the surface tension of ionic liquids and mix-
tures containing ionic liquids were taken from the NIST-IL
database that operates online [51, 52]. This database collects
data and report uncertainties for each set of experimental data.
For surface tension, 2026 data at 1 bar for 130 ionic liquids are
included in the database, distributed in the following way: 93
imidazolium ILs (1481 data), 15 pyridinium ILs (322 data),
eight pyrrolidinium ILs (73 data), nine ammonium ILs (107
data), three phosphonium ILs (29 data), and two sulfonium
ILs (14 data). The uncertainties reported by NIST-ILs are
below 4.32%, with the highest uncertainties belonging to the
data sets of mixtures containing ILs with the anions [BF4] and
[PF6]. For these types of ILs, uncertainties vary from 0.12 to
4.32%, being 0.84% the average uncertainties for
[Cxmim][PF6] and 1.36% for [Cxmim][BF4].

Table 3 shows the ranges of temperature, pressure, and
surface tension of the data selected for analysis, besides the
critical properties for all the substances involved in the study.
The molar mass and the critical properties (Tc, Pc, and Zc)
were taken from the data given by Valderrama et al. [53].
Also, N in this table is the number of data in a data set. This
table is included in the supplementary material that accom-
panies this paper. It is important to clarify that the critical
properties of ILs are impossible to determinate experimentally
because ILs start to decompose even at temperature below the

normal boiling point [54], so the use of these critical properties
is just an extension of the methods used to treat molecular
fluids using equations of state. The estimated values are con-
sidered to be pseudo experimental and must be interpreted as ″
these would be the values of Tc, Pc, Vc, Tb, and ω, if the
properties were possible to be measured” [53].

The extension to mixtures is done for three types of binary
mixtures, ILs + organic solvents, ILs + water and ILs + ILs, and
also for ternary mixtures ILs + water + organic substances. The
experimental data are also taken from NIST-IL database [51,
52]. For organic substances, the critical properties (Tc, Pc, and
Zc) are taken from DIPPR database [69], and for the organic
substances they were taken from other sources [55–68] in the
temperature range from 288.15 to 348.15 K at 1 bar. Tables 4
and 5 show the ranges of temperature, concentration, and surface
tension for the data: Table 4 for binary mixtures and Table 5 for
ternary mixtures. For the 90 binary mixtures (2660 data) and 12
ternary mixtures (467 data), the temperature range goes from
278.15 to 348.15 K at 1 bar, in different concentration ranges.

Parameter estimation

The parameters to be estimated are those related to the mixture
parameters am, bm, and cm (ϕ0, ϕ1, β0, β1, γ0, γ1) and to the
parameter H2 of the temperature function α(T) (row 2 of
Table 1); all these parameters are constant values for all sub-
stances. The parameterH1 varies from one fluid to another and
is also determined during the optimization process. The above
parameters are estimated by using experimental data of pure
ILs from the NIST-ILs database [51, 52]. For mixtures, no
interaction parameters are included, with the aim of evaluating
the predictive capabilities of the model. The generalized re-
duced gradient [70] optimization method is used to find the
optimum values of the model constants incorporated in Solver
of MS Excel [70, 71]. This method converges to acceptable
accurate solutions according to results presented in the litera-
ture [71, 72]. The objective function to be minimized is the

Table 7 (continued)

No. Substances H1 by regression H1 using one σ value H1 using M

M
(g/mol)

H1 %Δσ I%ΔσI I%ΔσIImax H1 %Δσ I%ΔσI I%ΔσIImax H1 %Δσ I%ΔσI I%ΔσIImax

49 [bdmim][bti] 433.40 2.69 − 4.35 6.71 13.74 2.39 14.07 14.07 30.02 2.74 − 6.89 8.07 16.03

50 [P13][bti] 408.39 2.86 1.82 4.41 11.68 2.92 − 1.08 4.69 8.49 2.65 13.11 13.11 24.04

51 [prmpy][bti] 416.37 2.64 0.23 2.69 6.08 2.60 1.94 2.93 7.72 2.68 − 2.04 3.22 7.20

52 [PP13][bti] 422.42 2.77 − 0.17 1.94 3.05 2.73 2.00 2.35 6.59 2.70 3.19 3.19 6.42

53 [C3mim][bti] 405.34 2.68 0.37 1.81 3.62 2.60 4.06 4.06 8.26 2.64 2.61 2.74 5.93

54 [C8mim][Br] 275.23 2.30 0.00 0.00 0.00 2.30 0.00 0.00 0.00 2.06 12.46 12.46 12.46
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average absolute relative deviation between values deter-
mined by the EoS model and experimental data, as follows:

%Δσj j ¼ 100

N
∑
N

i¼1

σexp−σcal
�� ��

σexp
ð1Þ

In Eq. (1), the superscript “exp” means experimental data,
superscript “cal” indicates calculated, and σ is the surface ten-
sion in newton per meter. Also,N is the number of data in a data
set. When the optimum parameters have been found, a statisti-
cal analysis is done to define the goodness and robustness of an
EoS model. For these reasons, besides the average absolute
relative deviation (Eq. 1), the estimation of the average relative
deviation %Δσ and the maximum absolute relative deviation
∣%Δσ∣max are additional adequate statistical parameters for
fluid property estimation [73] and are described as follows:

%Δσ ¼ 100

N
∑
N

i¼1

σcal−σexp

σexp

� 	
ð2Þ

%Δσj jmax ¼ max:value of 100⋅
σcal−σexp
�� ��

σexp
ð3Þ

Some of the data reported in Table 3 (for pure ILs only)
have been used to test the model, while a fraction of the data
was kept for testing. In the case of mixtures, experimental data
were not used for modeling, so the values calculated can be
regarded as totally predictive.

Results and discussion

The model has eight constants (R*, ϕ0, ϕ1, β0, β1, γ0, γ1, H2),
which are valid for ionic liquids and organic and inorganic
substances, and one adjustable parameter (H1) to be calculated
for each substance. Table 6 shows the final model developed
in this work applied to pure substances and mixtures. The
values of the parameters are estimated using 1810 data (89%
of the dataset), while 216 data (11% of the dataset) were left
for analyzing the predictive capabilities of the model.

Pure substances

The results have been classified into three types according to
the form in which the only adjustable parameter of the model
(H1) was determined: (i) H1 by regression, determined by re-
gression analysis of experimental data of surface tension, (ii)H1

using M, obtained according to a general equation using the
molar mass M in g/mol); and (iii) H1 using one σ value, deter-
mined using one experimental data of surface tension.

Case 1: H1 by regression Table 7 presents values of H1 by
regression for some selected fluids. Also, the mean deviations
(absolute, relative, and maximum values) with respect to

Table 8 H1 by regression and its
deviations given by the general
surface tension model for organic
solvents. The complete table with
the data used is provided as
supplementary material

No. Substances M (g/mol) H1 %Δσ I%ΔσI I%ΔσImax

1 Water 18.02 − 2.36 − 0.46 1.31 2.08

2 Acetone 58.08 1.89 0.74 7.27 13.46

3 Ethanol 46.07 1.59 0.51 2.90 10.74

4 n-Methyldiethanolamine 119.16 1.51 − 0.58 2.69 4.84

5 1-Propanol 60.10 1.87 0.19 2.99 5.58

6 2-Propanol 60.10 2.10 1.18 3.87 8.55

7 Diethanolamine 105.14 0.77 − 0.90 2.65 5.09

8 Methanol 32.04 1.20 − 0.05 3.16 6.34

9 1-Butanol 74.12 2.01 − 0.49 3.31 5.43

10 Dimethyl sulfoxide 78.14 0.59 0.74 2.49 5.46

11 Acetonitrile 41.05 0.50 0.11 2.71 4.24

12 1-Octene 112.22 2.77 − 3.14 12.10 17.93

Fig. 4 H1 by regression vs molar mass in g/mol. dots: H1 by regression.
line: H1 generalized as quadratic equation
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experimental data of surface tension are shown. A complete
table is provided as supplementary material. Similar devia-
tions for correlation and testing below 3.12% (maximum de-
viation below 27.88%) are obtained. Also, 45 values have a
deviation higher than 10% obtained in the correlation proce-
dure (45 of the 1810 data), while 5 data in the testing proce-
dure (5 of the 216 data). No datum presents deviation higher
than 30%.

Table 8 shows the H1 by regression and its deviations for
selected organic substances. The average absolute relative de-
viation is around 3.95%, and its average relative deviations are
around − 0.18%. These results obtained for pure fluids are con-
sidered to be accurate enough to extend the model for correla-
tion and predicting the surface tension in mixtures. The com-
plete table of the data used is provided as supplementary mate-
rial. It can be observed in Table 8 that the parameter H1 for
water resulted to be negative (− 2.36), while for all ionic liquids
and organic substances the value is positive and varied between
0.50 and 2.77. Clearly this value for H1 has no physical mean-
ing but is just an adjustable parameter that provides accurate

values of the surface tension and keeps the predictive capabil-
ities of the model when it is applied to mixtures.

Case 2:H1 usingM The values ofH1 by regression, presented in
Case 1 above, correlate in an acceptable form (with some few
exceptions) with the molar mass M (g/mol) of the ionic liquid,
so a model that relates these two variables is proposed (Fig. 4).
A quadratic equation is acceptable for these purposes:
H1 = 3.32 · 10−1 + 7.54 · 10−3 M–4.54 · 10−6 M2. The coeffi-
cient of determination (R2) is 0.99. With this estimated coeffi-
cient, the values of surface tension are calculated giving vari-
able results. The results using the generalization of H1 in terms
of the molar mass can be observed in Table 9. As seen in this
table, during the correlation procedure the average absolute
relative deviation is about 9.05% (maximum 48.60%),
35.08% of the data (635 of the 1810 data) presents deviations
above 10%, while 3.09% (56 of the 1810 data) gives deviations
above 30%. Also, during the testing process, the average abso-
lute relative deviation is about 8.49% (maximum 48.04%),
while for 28.24% of the data (61 of the 216 data) deviations
are above 10% and for 2.31% (5 of the 216 data) deviations are
above 30%. For most of the cases, deviations are below 10%.

Case 3: H1 using one σ value Since the model has only one
adjustable parameter, this value could be estimated using a
single experimental value of the surface tension, say σ= σo at
T = To and P =Po. Table 6, row 4, shows the equation to esti-
mate H1, obtained by conveniently arranging the model. This
equation required the critical properties (Tc, Pc, and Zc) and the
reference temperature and pressure (T0 = 298.15 K and P0 =
1 bar, for instance). In the supplementary material, the authors
provide the complete table for all the data evaluated in this
research. Table 7 shows the average deviations (relative, abso-
lute, and maximum values) for a set of selected ionic liquids,
while Table 9 shows an overall picture of all the cases consid-
ered in the analysis. In this case, for 130 ionic liquids (2026
data), the average absolute relative deviation is 4.64%

Table 9 Overall deviations of the general model applied in the estimation of the surface tension for the steps of correlation and prediction for all pure
ionic liquids

Step Deviations H1 by regression H1 using M H1 using one σ
value

Correlation Testing Correlation Testing Prediction

Data N 1810 216 1810 216 2026

Absolute relative
deviation

Average absolute relative deviation (ǀ%Δσǀ) 3.12 3.11 9.05 8.49 4.64

Maximum absolute relative deviation
(ǀ%Δσǀmax)

27.88 12.89 48.60 48.04 38.76

Relative deviation Average relative
deviation (%Δσ)

0.01 − 0.44 1.24 1.75 3.74

Maximum average relative deviation (%Δσ) 27.88 12.44 48.60 45.83 38.76

Ranges of deviations Points with ǀ%Δσǀ > 10 45 (2.49%) 5 (2.31%) 635 (35.08%) 61 (28.24%) 221 (10.91%)

Points with ǀ%Δσǀ > 30 0 (0.0%) 0 (0.0%) 56 (3.09%) 5 (2.31%) 6 (0.30%)

Fig. 5 Calculated vs experimental values for the surface tension of ionic
liquids with parameter H1 using one σ value
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Table 10 Deviations for the predicted surface tension for binary mixtures using different approaches to estimate the pure component parameter H1. 1:
ionic liquid, 2: organic solvent

No. Binary mixture H1 by regression H1 using one σ value H1 using M

%Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max

1 [C2mim][DEP] + water 0.63 4.56 16.65 2.57 4.54 18.54 4.86 5.05 19.77

2 [bpy][BF4] + water 6.96 7.38 22.46 8.35 8.41 24.04 12.80 12.82 26.46

3 [C2mim][BF4] + water − 2.11 2.33 5.34 − 1.31 1.80 4.57 − 0.74 1.53 4.01

4 [C2mim][ESO4] + water − 1.61 2.43 3.59 − 0.07 1.72 4.37 − 10.56 10.97 15.44

5 [C6Hmim][CH3CH2CO2] +
water

− 1.68 2.00 4.77 − 0.22 1.44 3.73 − 1.90 2.14 4.97

6 [C4Hmim][CH3CH2CO2] +
water

− 1.11 1.66 4.02 − 0.04 1.42 3.47 − 0.38 1.44 3.30

7 [C3Hmim][CH3CH2CO2] +
water

− 0.94 1.50 3.57 0.10 1.30 3.33 − 1.00 1.52 3.62

8 [C5Hmim][CH3CH2CO2] +
water

− 1.42 1.88 4.50 − 0.31 1.52 3.59 − 1.75 2.07 4.82

9 [C4mim][glycinate] + water 2.81 3.23 10.00 4.47 4.54 12.17 1.34 1.97 8.33

10 [C6mim][Ac] + water − 4.75 5.26 11.56 0.40 3.20 10.76 3.59 4.31 14.30

11 [C3mim][Ac] + water − 4.59 4.99 11.23 − 0.04 2.99 9.23 2.94 3.86 12.50

12 [C4mim][Ac] + water 2.71 3.84 13.22 − 0.55 3.21 9.60 2.52 3.75 12.99

13 [C5mim][Ac] + water − 5.84 6.22 12.25 − 0.51 3.25 10.01 2.70 3.77 13.57

14 [C4mim][lactate] + water 8.15 8.77 31.08 10.17 10.20 32.93 − 6.55 14.11 27.38

15 [C4mim][Cl] + water − 4.11 4.67 13.47 − 0.38 2.79 7.82 − 9.42 9.64 23.74

16 [C2mim][lactate] + water − 2.08 2.34 5.83 0.89 1.89 4.59 − 24.77 24.77 27.59

17 [C5mim][lactate] + water − 2.10 2.45 5.56 1.38 2.09 5.49 − 22.09 22.09 24.89

18 [C4mim][BF4] + water 10.67 13.22 29.47 12.53 13.94 31.45 15.72 15.73 33.61

19 [P14][dca] + water 7.29 7.36 16.10 11.78 11.78 20.18 − 27.87 28.21 37.31

20 [C2mim][C4SO4] + water 11.77 11.78 27.38 12.05 12.06 28.03 12.05 12.06 28.03

21 [C1mim][DMPO4] + water − 5.22 5.22 7.34 0.24 1.38 4.58 − 10.16 10.16 13.83

22 [C2mim][DMPO4] + water 2.48 2.75 7.62 4.67 4.67 9.78 − 5.61 5.72 9.06

23 [C4mim][dbp] + water 5.60 5.89 28.51 5.77 5.83 28.79 5.54 5.69 28.52

24 [C6mim][Cl] + water 13.24 13.24 22.75 17.48 17.48 26.52 11.79 11.79 22.19

25 [NHHH2][NO3] + water 2.31 8.87 26.84 2.26 8.75 26.88 − 7.39 7.40 33.82

26 [C4mim][PF6] + water 0.02 1.65 3.77 3.66 3.66 7.55 − 2.80 2.99 4.76

27 [C6mim][PF6] + water 1.81 1.85 5.52 6.81 6.81 10.50 14.91 14.91 18.41

28 [C2mim][mesy] + water − 8.37 8.37 16.04 − 7.61 7.65 15.78 − 11.38 11.42 23.42

29 [P666(14)][9COO] + water 11.24 11.24 18.16 20.14 20.14 27.60 − 37.14 37.14 41.14

30 [C4mim][bti] + water − 0.13 2.42 4.28 2.33 3.09 6.57 2.03 2.99 6.26

31 [C8mim][PF6] + water − 0.93 2.33 3.89 4.77 4.77 8.95 5.99 5.99 10.21

32 [C8mim][BF4] + water − 6.44 6.44 10.60 − 1.33 2.63 5.71 − 0.27 2.45 4.70

33 [C2mim][Ac] + ethanol 6.88 7.38 20.68 6.88 7.38 20.68 6.88 7.38 20.68

34 [mbpy][BF4] + ethanol 18.69 18.84 34.55 20.08 20.12 35.89 21.92 21.92 37.64

35 [C4mim][lactate] + ethanol 8.93 9.08 15.82 10.04 10.05 17.00 − 1.88 7.02 20.98

36 [C8mim][bti] + ethanol 2.93 4.10 14.12 5.02 5.32 15.37 − 3.67 5.60 11.60

37 [C4mim][bti] + ethanol 3.91 5.31 16.60 6.06 6.43 18.33 5.80 6.25 18.12

38 [C2mim][C8SO4] + ethanol 2.09 2.09 4.51 2.45 2.45 4.65 1.46 1.59 4.26

39 [NHHH2][NO3] + ethanol 10.79 10.79 16.84 10.57 10.57 16.59 3.34 5.32 9.72

40 [C2mim][MSO4] + ethanol 16.36 16.53 31.58 16.36 16.53 31.58 4.60 10.96 19.91

41 [C6mim][ESO4] + ethanol − 4.45 5.37 14.76 − 0.13 3.93 8.78 − 6.44 6.75 17.46

42 [C4mim][BF4] + ethanol 20.02 21.00 32.49 6.44 7.21 12.07 10.57 10.57 15.98

43 [C4mim][dbp] + ethanol 5.89 5.92 12.71 5.89 5.92 12.72 5.70 5.77 12.55

44 [C2mim][DEP] + ethanol 9.63 10.64 20.56 11.17 11.79 22.09 13.29 13.41 24.16
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Table 10 (continued)

No. Binary mixture H1 by regression H1 using one σ value H1 using M

%Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max

45 [C4mim][DMPO4] + ethanol 14.02 14.05 26.31 14.03 14.05 26.31 11.84 12.39 24.16

46 [C2mim][ESO4] + ethanol 11.95 12.37 21.53 13.12 13.25 22.58 2.36 8.34 15.21

47 [C8mim][BF4] + ethanol − 4.20 6.08 14.13 2.27 4.86 8.41 22.13 22.13 26.21

48 [C6mim]BF4] + ethanol 12.51 12.54 21.41 16.57 16.57 24.90 23.07 23.07 30.87

49 [C2mim][C4SO4] + ethanol 10.03 10.05 15.91 10.03 10.06 15.91 3.96 6.62 10.35

50 [C2mim][Ac] + 1-propanol 10.46 10.74 22.49 10.46 10.74 22.49 − 0.01 6.55 20.00

51 [C8mim][bti] + 1-propanol 4.51 5.04 12.56 6.51 6.64 14.11 − 1.82 3.99 11.03

52 [C4mim][bti] + 1-propanol 5.30 6.34 16.60 7.24 7.51 18.39 7.01 7.34 18.16

53 [mbpy][BF4] + methanol 8.73 9.07 23.88 10.13 10.37 24.99 11.97 12.20 26.44

54 [bpy][BF4] + methanol 3.83 7.41 17.79 5.05 7.62 18.84 6.65 8.11 20.19

55 [C2mim][Ac] + methanol − 1.55 2.14 9.41 − 1.55 2.14 9.41 − 12.27 12.35 19.62

56 [ppy][BF4] + methanol 15.82 16.05 32.42 15.03 15.29 31.63 16.26 16.50 32.85

57 [C4mim][lactate] + methanol 1.42 2.85 9.12 2.54 3.64 11.26 − 9.39 9.64 20.98

58 [C4mim][bti] + methanol − 0.47 2.53 5.17 1.68 2.58 6.91 1.42 2.46 6.69

59 [C8mim][bti] + methanol 0.40 1.89 5.00 2.46 2.70 6.31 − 6.10 6.17 10.73

60 [C2mim][MSO4] + methanol 6.31 6.75 15.85 6.31 6.75 15.85 − 6.33 8.63 19.91

61 [C1mim][DMPO4] + methanol 1.33 4.15 6.93 6.18 6.94 11.13 − 3.67 4.72 13.70

62 [C2mim][DMPO4] + methanol 6.18 6.94 11.37 7.84 8.56 13.15 − 0.86 3.92 9.65

63 [C4mim][DMPO4] + methanol 1.52 2.96 5.43 1.53 2.97 5.43 − 0.55 2.59 4.99

64 [C2mim][ESO4] + methanol − 5.60 5.60 10.50 − 5.60 5.60 10.50 − 7.51 7.51 12.91

65 [C4mim][dbp] + methanol − 1.70 1.70 4.56 − 1.70 1.70 4.56 − 1.89 1.89 4.67

66 [C1mim][MSO4] + methanol 19.32 19.91 33.80 19.32 19.91 33.80 − 0.48 11.05 21.09

67 [C4mim][C8S] + methanol 3.10 3.58 6.36 26.66 26.66 29.10 4.96 4.96 8.06

68 [C4mim][MSO4] + methanol 13.28 13.28 19.62 15.85 15.85 21.87 6.63 7.29 13.66

69 [C2mim][Ac] + propan-2-ol 11.01 11.44 21.67 11.01 11.44 21.67 0.70 5.78 18.51

70 [C4mim][bti] + propan-2-ol 7.73 8.35 22.25 9.78 9.91 23.81 9.53 9.70 23.62

71 [C8mim][bti] + propan-2-ol 4.52 5.34 15.26 6.48 6.67 16.76 − 1.70 5.22 10.62

72 [C4mim][lactate] + 1-butanol 7.88 8.83 18.53 8.85 9.65 20.15 − 1.67 4.06 20.98

73 [C4mim][tca] + 1-butanol 14.92 15.32 31.25 14.92 15.32 31.25 − 14.94 17.07 44.62

74 [C8mim][bti] + 1-butanol 4.46 4.88 12.07 6.37 6.42 13.88 − 1.61 3.78 9.93

75 [C4mim][bti] + 1-butanol 5.19 6.25 16.23 7.24 7.50 18.05 6.99 7.30 17.82

76 [C4mim][C8S] + 1-butanol 11.14 11.14 12.85 34.01 34.01 41.82 12.97 12.97 15.10

77 [C4mim][bti] + dimethyl
sulfoxide

− 0.60 1.38 4.34 1.21 1.58 5.48 0.99 1.46 5.34

78 [C2mim][bti] + dimethyl
sulfoxide

− 0.65 1.48 3.56 2.22 2.46 5.05 0.55 1.28 4.04

79 [C4mim][bti] + acetonitrile − 0.16 1.68 6.83 1.68 2.01 6.83 1.46 1.87 6.83

80 [P14][bti] + acetonitrile − 2.16 2.84 4.76 − 0.38 1.71 4.50 − 0.60 1.76 4.40

81 [C6mim][bti] + oct-1-ene 7.92 10.50 18.23 19.64 22.21 32.19 4.18 7.42 17.87

82 (1) [C4mim][bti] + (2)
[C2mim][bti]

− 3.25 5.31 12.74 − 0.08 5.11 10.59 − 1.37 4.62 10.85

83 (1) [C4mim][bti] + (2)
[C5mim][bti]

− 3.58 3.58 3.90 − 2.42 2.42 3.90 − 2.21 2.21 3.23

84 (1) [C6mim][bti] + (2)
[C4mim][bti]

− 1.95 2.02 4.49 5.79 5.79 8.42 − 3.08 3.81 8.58

85 (1) [C8mim][bti] + (2)
[C4mim][bti]

− 2.94 3.46 7.91 − 0.59 2.62 5.73 − 5.78 6.93 14.74

86 (1) [C10mim][bti] + (2)
[C5mim][bti]

− 8.41 8.41 10.98 − 8.41 8.41 10.98 − 6.13 6.13 7.34
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(maximum 38.76%). Also, 10.91% of the data (221 of the 2026
data) presents deviations higher than 10% and for only six data
points of the 2026 total data (0.30%) deviations are higher than
30%. A graphical picture clarifies these numbers and allows
getting a better understanding of the accuracy and magnitude
of deviations of the proposed model. Figure 5 presents the
calculated surface tension plotted against experimental values.
The coefficient of determination (R2) is around 0.91.

Table 9 provides a good summary of all these cases for
each of the calculations. Average deviations, maximum devi-
ations, and some other statistical parameters are listed for the
three cases. As observed in the table, results are as expected, in
the sense that the more we generalize the model, the higher are
deviations with respect to experimental data. What is impor-
tant, however, is that even the generalized model proposed in
this work provides values of acceptable accuracy for primary
estimations, when no other data are available. Also, important
are how these cases work when the model is extended to
mixtures, as discussed in what follows.

Extension to mixtures

The extension of a model to calculate properties of mixtures is
a severe test for a model, especially if no mixture data are used

for calculating the surface tension for the mixture, as done in
this work. In many applications of equations of state, binary
interaction parameters are introduced into de mixing rules to
obtain more accurate results. However, in this work no inter-
action parameters are used, so the calculations for mixtures are
totally predictive, and pure component properties only are
used to predict the surface tension of mixtures.

The presentation of results for the case of mixtures has been
divided into two groups: (i) results for binary mixtures and (ii)
results for ternary mixtures. In both cases, and similar to the
presentation of results for pure substances, results have been clas-
sified into three types according to the form in which the only
pure component parameter of the model (H1) was determined: (i)
H1 by regression, (ii)H1 usingM, and (iii)H1 using one σ value.

Results for binary mixtures

Table 10 presents detailed deviations for the binary mixtures
considered in this work for the three cases, while an overall
picture of deviations is presented in Table 11. As it can be
observed in these tables, the predicting model with optimum
H1 gives average absolute relative deviation around 6.46%
and 23.27% of the data (619 of 2660 data) presents deviations
higher than 10%. Also, for only 1.05% of the data (28 of 2660
data) deviations are higher than 30%. There are three binary

Table 11 Overall deviations in
the prediction of surface tension
for binary mixtures using
different approaches to estimate
the pure component parameter H1

Step Absolute deviation Relative deviation Ranges of deviations

deviations Average
absolute
relative
deviation,
ǀ%Δσmǀ

Maximum
absolute
relative
deviation,
ǀ%Δσmǀmax

Average
relative
deviation,
%Δσm

Maximum
relative
deviation,
%Δσm,max

Points with
ǀ%Δσmǀ > 10

Points with
ǀ%Δσmǀ > 30

H1 by
regres-
sion

6.46 34.55 3.79 34.55 619 (23.27%) 28 (1.05%)

H1 using
one σ
value

6.90 41.82 5.56 41.82 667 (25.08%) 39 (1.47%)

H1 using
M

8.08 37.64 0.63 37.64 780 (29.32%) 72 (2.71%)

Table 10 (continued)

No. Binary mixture H1 by regression H1 using one σ value H1 using M

%Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max %Δσm │%Δσm│ │%Δσm│max

87 (1) [bdmim][bti] + (2)
[C4mim][bti]

− 4.91 4.91 6.64 3.60 3.87 8.22 − 5.18 5.18 9.13

88 (1) [P13][bti] + (2) [C4mim][bti] − 4.48 4.48 5.27 − 4.63 4.63 7.97 1.61 2.02 5.23

89 (1) [prmpy][bti] + (2)
[C4mim][bti]

− 2.24 2.24 3.31 − 0.27 0.29 0.92 − 2.28 2.28 3.83

90 (1) [PP13][bti] + (2) [C4mim][bti] − 2.21 2.21 3.31 − 0.02 0.34 0.92 0.49 0.93 1.76
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mixtures (3 of 90 mixtures) whose deviation is around 20%
and are composed of [C4mim][BF4] + ethanol ,
[C1mim][MSO4] + methanol and [mpy][BF4] + ethanol.
According to the authors who provide the experimental data
[22, 74], the modeling of this system produced errors that vary
between 1.52% and 18.72%, similar to those obtained in this
work. However, if one interaction parameter is estimated the
deviation gets down around 7.06%, similar to the mean devi-
ations of the other mixtures. In general, these results are sur-
prisingly accurate for an equation of state model that does not
use any mixture interaction parameter.

Figure 6 shows a graphical view of these results for selected
binary mixtures. For a model of this type, the figures show that
correlation between experimental data and correlated results is
acceptable. Of course, that there are some few outliers, but those
do not alter the general tendency presented in Fig. 7. More than
80% of the results are predicted with deviations lower than 10%.

Results for ternary liquid mixtures

A final and still more severe test for a general model as the one
proposed here is its extension to predict the surface tension of
ternary mixtures, without using any interaction parameters,
nor employing binary mixture information; just pure compo-
nent information. Table 12 presents detailed deviations for the
ternary mixtures considered in this work for the three cases,
while an overall picture of deviations is presented in Table 13.
As observed in the tables, the average absolute deviations are
similar for the three same cases studied, separated according
to the form in which the pure component parameter H1 was
calculated: (i) by regression, (ii) by using one experimental

data of σ for each component in the mixture (H1 using one σ
value), or (iii) according to the general equation in terms of the
molar mass (H1 usingM). Average absolute relative deviation
is below 12% for most cases, while the average mean relative
deviations are similar and below 3.93%. Only two of the 12
mixtures analyzed in this work give higher deviations: 2-
propanol + water + [C2mim][DEP] and 1-propanol + water
+ [C2mim][DEP] (data taken from NIST-ILs [51, 52] from
Ref. [75]). We could not find any explanation from the model-
ing point of view. It could happen that interactions are differ-
ent between the three components in the mixture, and for
better modeling, interaction parameters may be needed. If
one adjustable parameter is included, the deviations are simi-
lar to the other ternary mixtures (around 13%), so an interac-
tion parameter may be appropriate for mixtures in which de-
viations are not too high and more accurate results are needed.

Final discussion

Comparison of the results of the proposed model and others
presented in the literature is needed to properly evaluate the
goodness and usefulness of a model. The characteristics and
results of several models reported in the open literature are
presented in Table 14. All the models are of empirical nature
[19, 76–84], and few studies are done of models with several
ionic liquids and reasonable amounts of data [19]. In Table 14,
the second column indicates the model and their characteris-
tics (mathematical model, number of adjustable parameters).
Also, the third column shows the temperature ranges of the
data used. Column 5 shows literature results, column 6 results

Fig. 6 Deviations in predicted the surface tension for mixtures: a Comparison between calculated vs experimental surface tension values using the EoS
model. b Relative deviation vs data number. These plots are done using H1 by regression

6112 Ionics (2020) 26:6095–6118



usingH1 by regression, column 7 results usingH1 using one σ
value, and column 8 results with H1 using M. Also, in this

table, models 1 to 4 are for pure ionic liquid, models 6 to 8 are
for binary mixtures, and model 9 is for ternary mixtures. Most

Fig. 7 Comparison between the experimental data (dots) and the surface tension model (lines). Experimental data taken from NIST-ILs database [51,
52]. These plots are done using H1 by regression
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of these models require between 1 to 5 adjustable parameters
per mixture besides the experimental values of pure sub-
stances and other transport property estimations (such as vis-
cosity). Another characteristic of most literature models is that
they cannot be applied for temperatures other than those used
in developing the model.

For pure ionic liquids Table 14 shows that the model pro-
posed in this paper provides the lowest deviations in compar-
ison to other molecular theories (model 1) or group contribu-
tion method (model 2). Also, the empirical models 3 and 4 of
Table 14 provide lower deviations than the proposed model,
situation that can be explained by these two facts: (i) these
literature models require other properties such as viscosity
and melting point and (ii) these models are applied for

imidazolium-type ILs only. Our general model can be used
for any type of ILs and organic substances and does not need
any other property.

When the extension to mixtures is done with the model
proposed in this work, deviations increase as it can be expect-
ed from a predictive model. For instance, model 5 in Table 14,
which does not use any interaction parameter, gives an aver-
age absolute relative deviation of about 19% using an empir-
ical mixing rule that depends on the pure components, while
the present model deviations are below 10%. On the other
hand, model 6 of Table 14 produces deviations that are of
the same order as the present model. However, model 6 re-
quires the molar volume as an additional input parameter. As
mentioned above, the model developed in this work does not

Table 12 Average deviations in calculating the surface tension of the ternary mixtures evaluated in this paper

No. Mixture H1 by regression H1 using one σ value H1 using M

Average
%Δσm

Average
I%Δσ mI

I%ΔσmImax Average
%Δσm

Average
I%ΔσmI

I%ΔσmImax Average
%Δσm

average
I%ΔσmI

I%ΔσmImax

1 (1)acetone + (2)water +
(3)[C4mim][BF4]

7.15 11.45 26.86 8.29 11.35 27.54 11.68 11.96 29.51

2 (1)ethanol + (2)water +
(3)[C4mim][BF4]

11.46 12.50 21.38 12.13 12.74 21.91 14.10 14.10 23.43

3 (1)acetone + (2)water +
(3)[C4mim][Cl]

− 2.44 6.33 12.89 − 0.67 5.02 9.73 − 6.04 9.40 20.67

4 (1)n-methyldiethanolamine +
(2)water +
(3)[C1mim][DMPO4]

0.58 2.19 9.38 5.43 5.43 11.37 − 4.40 5.51 9.58

5 (1)n-methyldiethanolamine +
(2)water + (3)[C2mim][DEP]

1.11 1.54 8.78 2.73 2.75 9.85 5.01 5.01 11.33

6 (1)1-propanol + (2)water +
(3)[C1mim][DMPO4]

11.53 11.69 26.43 17.25 17.25 33.56 5.68 7.67 19.32

7 (1)2-propanol + (2)water +
(3)[C1mim][DMPO4]

11.11 11.79 28.56 16.38 16.41 34.39 5.18 7.83 21.85

8 (1)2-propanol + (2)water +
(3)[C2mim][DEP]

27.43 27.43 38.10 29.19 29.19 39.66 31.99 31.99 42.34

9 (1)1-propanol + (2)water +
(3)[C2mim][DEP]

26.43 26.43 41.50 28.45 28.45 42.90 31.28 31.28 45.19

10 (1)n-methyldiethanolamine +
(2)water + (3)[C4mim][BF4]

− 11.21 11.21 19.77 − 10.33 10.33 18.82 − 7.77 7.81 16.05

11 (1)diethanolamine + (2)water +
(3)[C4mim][BF4]

− 9.94 9.94 17.06 − 8.60 8.60 15.92 − 4.62 5.46 12.55

12 (1)ethanol + (2)water +
(3)[C4mim][Cl]

1.34 6.40 13.47 3.93 5.98 13.48 − 3.83 9.54 19.93

Table 13 Overall deviations in
the prediction of surface tension
for ternary mixtures using
different approaches to estimate
the pure component parameter H1

Cases Average
|%Δσm|

|%Δσm|max Average
%Δσm

%Δσ
m,max

Points with
|%Δσm| > 10

Points with
|%Δσm| > 30

H1 by regression 12.01 41.50 8.01 41.50 224 (47.97%) 47 (10.06%)

H1 using one σ value 14.07 42.90 11.00 42.90 242 (51.82%) 68 (14.56%)

H1 using M 12.79 45.19 8.10 45.19 187 (40.04%) 69 (14.78%)
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require other physical and transport property estimation and
also does not require any interaction parameter for mixtures.
Model 7 of Table 14 is based on Connors and Wright’s poly-
nomial equation with two adjustable parameters giving devi-
ations of around 2.22% in comparison to the present model,
which produces deviations below 1.58%. The phenomenolog-
ical equation presented as model 8 in Table 14 employs four
adjustable parameters per mixture producing an average abso-
lute relative deviation of around 0.24%. Certainly, this devia-
tion is lower than that obtained in this work, in which no

interaction parameters are included. Finally, model 9 corre-
sponds to a model for ternary mixtures in which five param-
eters are included. Obviously, the deviation of this five-
parameter model (from 1 to 2%) is lower than 5.01% given
by the predictive model proposed in this work, which is also
acceptable for a totally predictive model.

To the best of the author’s knowledge, there are no models
in the literature that can be extended to mixtures in the simple
way presented in this work, that can give such low deviations
for mixtures using pure component data only, that can be

Table 14 Comparison of calculated surface tension for pure and their mixtures ILs using the proposed geometric similitude model and other models
presented in the literature

1 2 3 4 5 6 7 8 9
No. Model ΔT (K)

1 bar
ILs studied Literature

results
H1 by
regression

H1 using one
σ value

H1 using M Ref.

│Δσ%│-
max│Δσ%│

│Δσ%│-
max│Δσ%│

│Δσ%│-
max│Δσ%│

│Δσ%│-
max│Δσ%│

1 Quantitative structure–property
relationship correlation for
parachor with one adjustable
parameter.

293–343 [C3mim][bti] 2.52%
(7.53%)

1.81%
(3.62%)

4.06%
(8.26%)

2.74%
(5.93%)

[19]

293–343 [C5mim][bti] 4.54%
(4.97%)

2.48%
(4.91%)

2.48%
(4.91%)

2.50%
(4.25%)

287–353 [C4mim][PF6] 5.15%
(9.71%)

2.44%
(4.81%)

3.54%
(7.88%)

2.96%
(7.15%)

2 The parachor method is applied to
estimate the ionic liquids surface
tension based on modified group
contribution

278–338 [C2mim][BF4] 2.45%
(2.45%)

1.35%
(2.71%)

1.43%
(3.54%)

1.70%
(4.14%)

[76]

336 [C8mim][Br] 21.05%
(21.05%)

0.00%
(0.00%)

0.00%
(0.00%)

12.46%
(12.46%)

3 Empirical correlation depends on the
boiling and melting temperatures.

312–512 [C5mim][bti] 6.43%
(15.71%)

2.48%
(4.91%)

2.48%
(4.91%)

2.50%
(4.25%)

[77]

293–353 [C7mim][bti] 2.23%
(4.33%)

3.42%
(6.15%)

6.40%
(13.02%)

3.90%
(8.45%)

4 Empirical correlation with 3
adjustable parameters per IL that
depends on viscosity estimation.

303–363 [C6mim][BF4] 0.64%
(1.32%)

3.57%
(9.79%)

5.35%
(14.04%)

12.75%
(22.92%)

[78]

293–313 [C8mim][PF6] 0.09%
(0.13%)

2.96%
(6.53%)

5.59%
(11.31%)

6.52%
(12.61%)

5 Empirical equation with no
interaction parameter

298 [C1mim][DMPO4] + water 19.10%
(31.40%)

5.22%
(7.34%)

1.38%
(4.58%)

10.16%
(13.83%)

[79]

6 Empirical model based on Eötvös
equation that depends on the
critical temperature, molar volume
and 1 interaction parameter that
depends on the mixture.

288–328 [C3Hmim][CH3CH2CO2]
+ water

1.95%
(4.42%)

1.50%
(3.57%)

1.30%
(3.33%)

1.52%
(3.62%)

[80]

7 Connors and Wright polynomial
equation [81] with two adjustable
parameters that depend on the
mixture and temperature

293–313 [C4mim][bti] + dimethyl
sulfoxide

2.22%
(7.26%)

1.38%
(4.34%)

1.58%
(5.48%)

1.46%
(5.34%)

[82]

8 Phenomenological equation [83] with
4 adjustable parameters per
mixture

298.15 [C2mim][C8SO4] +
ethanol

0.24%
(0.94%)

2.09%
(4.51%)

2.45%
(4.65%)

1.59%
(4.26%)

[83]

9 The Jouyban–Acreemodel represents
the surface tension of ternary
mixtures with 5 adjustable
parameters per mixture besides the
pure component

293–343 [C1mim][DMPO4] +
n-methyldiethanolamine
+water

1.45%
(2.00%)

2.19%
(9.38%)

5.43%
(11.37%)

5.51%
(9.58%)

[84]

293–343 [C2mim][DEP] +
n-methyldiethanolamine
+ water

1.22%
(1.53%)

1.54%
(8.78%)

2.73%
(9.85%)

5.01%
(11.33%)
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applied to different types of mixtures, and that cover wide
ranges of temperature. These results verify the hypothesis
stated at the beginning of this work.

Conclusions

A generalized empirical model with only one adjustable pa-
rameter, determined from pure substance data, is proposed for
calculating the surface tension of pure ionic liquids and for
predicting the surface tension of binary and ternary mixtures
containing ionic liquids. Based on the study, the following
main conclusion may be drawn: (i) the model, based on the
geometric similitude concept, can correlate surface tension
data and can predict the surface tension of pure substances
with acceptable accuracy; (ii) the model can be extended to
predict surface tension of mixtures containing ionic liquids
using simple mixing rules; (iii) the extension to mixtures
shows the predictive capabilities of the model, since values
are determined using pure component data only; and (iv) in all
cases using a pure component parameter H1 calculated from a
set of experimental data provides the best results. Deviations
increase a little if a value of the parameterH1 is obtained from
one experimental data, and higher deviations are found using
the generalized model for H1.
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