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Abstract Considering the effects of asynchronous
controller area network (CAN)-induced random delays
in the control system of a dual motor plug-in hybrid
electric vehicle (DM-PHEV), a robust H∞ non-clutch
coordinated controllers of mode transition process
(MTP) are developed in this paper. A novel non-clutch
coordinated control strategy which avoids the clutch
slipping stage is proposed based on the structural char-
acteristics of dual motors. Besides, by analyzing the
characteristics of asynchronous CAN-induced random
delays (ACDs) caused by the multiple actuators of
DM-PHEV, complex nonlinearities of ACDs are mod-
eled by convex polytope. Two different H∞ non-clutch
coordinated controllers are proposed to ensure the per-
formance of MTP with ACDs. One controller consid-
ers that the control signal transmitted by CAN bus is
derivative of torque, and the other controller consid-
ers the signal as torque. Comparative simulation and
hardware-in-the-loop (HiL) test are provided to demon-
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strate the performance of MTP controlled by proposed
controllers.

Keywords Network-induced delays · Non-clutch
coordinated strategy · PHEV · Mode transition
process · H∞

Nomenclature

CAN Controller area network
MTP Mode transition process
HiL Hardware-in-the-loop
PHEV Plug-in hybrid electric vehicle
HM Hybrid electric vehicle
EV Electric vehicle
ECU Electronic control unit
TCU Transmission control unit
LMI Linear matrix inequality
RCAT Robust H∞ coordinated controller with

torque as control signal
Te Torque of engine
θe Angular displacement of engine shaft
kem Equivalent torsional stiffness between

engine and motor 1
θm1 Angular displacement of motor 1 shaft
Jm1 Equivalent inertia moment of motor 1
cml Equivalent damping coefficient between

motor 1 and clutch
Tc Torque transmitted by clutch
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Jcr Equivalent inertia moment of clutch driv-
ing disk

krg Equivalent torsional stiffness between
clutch and gear g2

θg2 Angular displacement of the shaft of gear
g2

Jm2 Equivalent inertia moment of motor 2
km2 Equivalent torsional stiffness between

motor 2 and gear g1
θg1,θg2 Angular displacement of the shaft of gear

g1 and gear g2
Jg1,Jg2 Equivalent inertia moment of gear g1 and

g2
cg Equivalent damping coefficient between

gear g1 and g2
cgr Equivalent damping coefficient between

gear g2 and r1
Jr1,Jr2 Equivalent inertia moment of gear r1 and

r2
J f 1,J f 2 Equivalent inertia moment of gear f1 and

f2
θ f 1,θ f 2 Angular displacement of the shaft of gear

f1 and gear f2
cr Equivalent damping coefficient between

gear r1 and r2
cr f Equivalent damping coefficient between

gear r2 and f1
c f Equivalent damping coefficient between

gear f1 and f2
cw Equivalent damping coefficient between

gear f2 and wheel
Jw Equivalent inertia moment of wheel
TL Equivalent running resistance torque of

vehicle
A Effective frontal area
mveh Vehicle mass
R Radius of tire
kwv Equivalent torsional stiffness between

vehicle body and wheel
i0 Final drive ratio
i2 Reduction ratio of motor 2
ji Priority of CAN message
l Maximum length of frame
t j Period of jth priority CAN message
DM-PHEV Dual-motor plug-in hybrid electric vehicle
ACD Asynchronous CAN-induced random

delays
HEV Hybrid electric vehicle
EM Electric driving mode

TDS Torsional damping spring
LQR Linear quadratic regulator
MCU Motor control unit
HCU Hybrid control unit
RHCC Robust H∞ coordinated controller
RCAD Robust H∞ coordinated controller with

torque derivative as control signal
Je Moment of inertia of engine
θm1 Corner of motor 1 shaft
cem Equivalent damping coefficient between

engine and motor 1
Tm1 Torque of motor 1
kml Equivalent torsional stiffness between

motor 1 and clutch
θl Angular displacement of clutch-driven

disk shaft
Jcl Equivalent inertia moment of clutch-

driven disk
θr Angular displacement of clutch driving

disk shaft
crg Equivalent damping coefficient between

clutch and gear g2
Tm2 Torque of motor 2
θm2 Angular displacement of the shaft ofmotor

2
cm2 Equivalent damping coefficient between

motor 2 and gear g1
rg1,rg2 Radius of gear g1 and g2
kg Meshing stiffness between gear g1 and g2
kgr Meshing stiffness between gear g2 and r1
rr1,rr2 Radius of gear r1 and r2
r f 1,r f 2 Radius of gear f1 and f2
θr1,θr2 Angular displacement of the shaft of gear

r1 and gear r2
kr Meshing stiffness between gear r1 and r2
kr f Meshing stiffness between gear r2 and f1
k f Equivalent torsional stiffness betweengear

f1 and f2
kw Equivalent torsional stiffness betweengear

f2 and wheel
θw Angular displacement of the shaft ofwheel
θv Angular displacement of the shaft of vehi-

cle
Cd Air drag coefficient
v Speed of vehicle
f Roll resistance coefficient
α Road slope
cwv Equivalent damping coefficient between

vehicle body and wheel
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xre fis Steady reference state signals
Ba Linearization coefficient of air drag resis-

tance torque
d Measurement noise of sensors
Ra Transmission rate of CAN network

1 Introduction

Hybrid electric vehicles (HEVs) are developed as the
key to energy conservation and emission reduction. For
plug-in hybrid electric vehicles (PHEVs) with large
battery capacity, better fuel economy can be acquired
[1–3]. Torque distribution and mode transition are the
main tasks for controllers of PHEV to achieve high
efficiency and optimal fuel economy [4,5]. Mode tran-
sition process (MTP) always includes power source
access or exits, such as engine start/off or clutch
engagement/disengagement, which may cause drive-
line vibration if the actuators are not well coordi-
nated. Therefore, a coordinated control strategy for
MTP should be designed to guarantee the drivability
of PHEV [6–9].

MTP from electric driving mode (EM) to hybrid
driving mode (HM) including engine start stage and
clutch engagement stage is widely researched for its
complicated architecture. For PHEVs with the engine
directly connected to the output shaft through a tor-
sional damper spring (TDS), the vehicle jerk is mainly
caused by the engine ripple torque [10,11]. Thus,
motors are used to compensate the unbalanced torque
for its fast response speed [5,12]. For MTP of PHEV
with the engine connected to the output shaft with
a clutch, the engine ripple torque is blocked by the
clutch on the side of clutch-driven disk. The perfor-
mance of MTPmainly depends on the quality of clutch
engagement [13,14]. Xu et at. pre-designed different
reference trajectories of clutch engagement for various
situations of engine start [15]. Smoothly trajectory of
clutch engagement is proposed for comfortable start of
engine,while steeply trajectory of clutch engagement is
for quick start of engine. Besides, a controller for good
tracking capability is also designed. However, it is dif-
ficult to acquire optimal results with the pre-designed
trajectory. In addition to vehicle jerk which is usually
used to evaluate the driver comfort, transient torsional
oscillation is introduced to improve the fatigue life of
planetary hybrid power-split system [16]. Consider-
ing parameters uncertainties and external disturbance,

Yang et al. proposed two robust H∞ controllers includ-
ing upper layer which calculated the demand clutch
torque and lower layer which performed the accurate
position tracking control of clutch [17]. In the upper
layer controller, both vehicle jerk and slipping energy
loss are considered.

Normally, the engine is started by the slip of clutch,
but this also brings additional energy consumption
(slipping energy loss) and shorten the service life of
clutch. For the dual motor plug-in hybrid electric vehi-
cle (DM-PHEV) studied in this paper, the dual motors
are located on both sides of the clutch; a non-clutch
coordinated control strategy is firstly proposed. The
engine can be started by the auxiliary motor connected
to the clutch-driven disk. At the same time, the aux-
iliary motor can adjust the speed of both ends of the
clutch to be synchronized, thereby skipping the clutch
slipping stage and realizing the direct engagement of
the clutch.

All of these studies of MTP assumed that the com-
munications between controllers, actuators and sensors
are instantaneous. Compared with traditional vehicles
and electric vehicles (EVs), PHEVs have more actu-
ators, sensors and control units. The communication
between controllers of vehicle is realized by controller
area network (CAN) bus. CAN is an industry stan-
dard broadly used for the communication among con-
trollers, sensors and actuators [18]. However, the net-
work bandwidth limitations in vehicle will inevitably
lead to CAN-induced delays. Besides, the intelligen-
tization of cars leads to the increasing burden in sig-
nal transmission, which will also induce random net-
work delays [19–21]. For vehicle system with CAN-
induced delays, the random delays can be described as
uncertain time-delay system. Robust control strategy
is widely applied in system with uncertainty. Many
researches have been conducted on vehicle with ran-
dom network delay. Luan et al. presented an adaptive
model predictive control algorithm for uncertainmodel
to solve the steering angle oscillation of autonomous
vehicle caused by random network delays [22]. Liu
et al. proposed a robust mixed H∞/LQR tracking con-
troller for integratedmotor-transmission systems of EV
with the CAN-induced delays [23]. Zhu et al. modeled
the random network-induced delays as homogeneous
Markov chains and developed a H∞ controller to guar-
antee vehicle stability of EV [24].

Most of these aforementioned controlmethods focus
on the effects of synchronous CAN-induced delays.
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However, multiple power sources of PHEV with their
own controllers are individual communication nodes
on the CANbus.Messages are transmitted sequentially
according to communication priorities determined by
the protocol. Due to the limitation of transmission rate,
different communication priorities of multi-actuators
lead to asynchronous CAN-induced random delays
(ACDs). The performance of MTP may be seriously
deteriorated by the incoordination of actuators caused
by ACDs. Consequently, the ACDs in MTP system
should be modeled and considered for the coordinated
controller design in the PHEVs.

In this paper, H∞ non-clutch coordinated controllers
considering ACDs are proposed to minimize the vehi-
cle jerk and mode transition time for MTP system with
CAN-induced random delays. One controller consid-
ers that the control signal transmitted by CAN bus is
derivative of torque, which is called RCAD controller.
The other controller considers the signal as torque,
which is called RCAT controller. The main contribu-
tions of this paper are summarized as follows.

(1) Based on the characteristics of DM-PHEV, non-
clutch coordinated control strategy which helps
to avoid energy loss caused by clutch slipping is
firstly proposed.

(2) Due to themultiple actuators of DM-PHEV, ACDs
that exist in MTP system are analyzed and mathe-
matical model of MTP system with ACDs is built.

(3) The robust H∞ output feedback controller is
adopted to dealwith the problems brought by asyn-
chronous CAN-induced random delays to improve
the performance of MTP of DM-PHEV.

(4) Two coordinated controllers based on different
control signals are proposed: RCAT and RCAD
controller assume the control signals as torque and
torque derivative of actuators, respectively.

The rest of this paper is constructed as follows. In
Sect. 2, a plant model of DM-PHEV is built. Problem
formulation ofMTPwithACDs and non-clutch coordi-
nated control strategy are presented in Sect. 3. Section 4
gives the mathematical models of DM-PHEV with
ACDs and the complex nonlinearities caused by ACDs
are modeled by convex polytope. Coordinated con-
trollers considering ACDs are also designed in Sect. 4.
Results of Simulation and HiL tests are analyzed in
Sect. 5. The conclusion is given in Sect. 6.

Fig. 1 Schematic diagram of the DM-PHEV

2 Modeling of DM-PHEV power-train

The architecture of DM-PHEV is shown in Fig. 1.
The hybrid transmission consists of one engine, two
motors, one brake and three clutches. Clutch C1 com-
bines the power from engine and motor 1. Motor 1 can
also be used as a start motor to start engine through
the engaged clutch C1. Brake B1 is used to lock the
engine. Clutch C2/C3 is connected with different gears
of transmission. Engaged clutch C2/C3 combines the
power from engine, motor 1 and motor 2. Through the
disengagement/engagement of clutches and brake, the
power of actuators can be disconnected/transmitted to
the powertrain and achieve different working modes.

The actuators of DM-PHEV all have its own con-
trollers. Electronic control unit (ECU) is the controller
of engine. Motor control unit (MCU) is the controller
of motor. Transmission control unit (TCU) is the con-
troller of transmission and hybrid control unit (HCU) is
the controller of vehicle. The controllers communicate
through the CAN bus.

The components of power-train can be assumed as
rigid bodies by ignoring the damping of each compo-
nent. And the rotational inertia of each component is
replaced by nodes with concentrated inertia. Then, the
power-train of DM-PHEV can be modeled as Fig. 2.

The dynamic equation of engine can be described
by

Te − Jeθ̈e = Tem (1)

where

Tem = kem (θe − θm1) + cem
(
θ̇e − θ̇m1

)
(2)

The dynamic equation of motor 1 can be described
by

Tem + Tm1 − Tml = Jm1θ̈m1 (3)

where

Tml = kml (θm1 − θl) + cml
(
θ̇m1 − θ̇l

)
(4)
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Fig. 2 Dynamic model of DM-PHEV

The equilibrium equation of clutch C2 can be
described by
{
Tc − Tml = Jcl θ̈l
−Tc + Trg = Jcr θ̈r

(5)

where

Trg = krg
(
θg2 − θr

) + crg
(
θ̇g2 − θ̇r

)
(6)

The equilibrium equation of motor 2 can be derived
as

Tm2 − Tm2g = Jm2θ̈m2 (7)

where

Tm2g = km2
(
θm2 − θg1

) + cm2
(
θ̇m2 − θ̇g1

)
(8)

The equilibrium equation of transmission gears may
be given as
⎧
⎨

⎩

Tm2g − rg1Tg = Jg1θ̈g1
Trg+rg2Tg − Tgr = Jg2θ̈g2
Trg+rg2Tg − Tgr = Jg2θ̈g2

(9)

where⎧
⎨

⎩

Tg = kg
(
rg1θg1 − rg2θg2

)

+cg
(
rg1θ̇g1 − rg2θ̇g2

)

Tgr = kgr
(
θg2 − θr1

)+cgr
(
θ̇g2 − θ̇r1

) (10)

The equilibrium equations of wheels can bebreak
described by
{
Tgr − rr1Tr = Jr1θ̈r1, rr2Tr − Tr f = Jr2θ̈r2
Tr f − r f 1T f = J f 1θ̈ f 1, r f 2T f − Tw = J f 2θ̈ f 2

(11)

where⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

Tr = kr (rr1θr1 − rr2θr2)+cr
(
rr1θ̇r1 − rr2θ̇r2

)

Tr f = kr f
(
θr2 − θ f 1

) + cr f
(
θ̇r2 − θ̇ f 1

)

T f = k f
(
r f 1θ f 1 − r f 2θ f 2

)

+c f
(
r f 1θ̇ f 1 − r f 2θ̇ f 2

)

Tw = kw

(
θ f 2 − θw

) + cw

(
θ̇ f 2 − θ̇w

)

(12)

The equilibrium equation for the vehicle can be written
as
{
Tw − Twv = Jwθ̈w, Twv = Jvθ̈v+TL
TL
Rt

= Cd A
21.15v

2 + mvehg f cosα + mvehg sin α
(13)

where

Twv = kwv (θw − θv) + cwv

(
θ̇w − θ̇v

)
(14)

The models of actuators and the main parameters
have been built in the previous work [25].

3 Problem formulation of mode transition process

3.1 MTP of DM-PHEV

The MTP of DM-PHEV from EM to HM includes the
start of engine and the engagement of clutch. In order to
acquire a fast and smooth MTP, a coordinated control
strategy is required. The performance indexes of MTP
can be summarized as:

1) Torque demand: The MTP should avoid power
shortage or even power interruption. The torque
demand can be transformed into the tracking of the
reference speed of the clutch driving disk.

2) Ride comfort of passengers:The transitionof power
may cause torque fluctuation and deteriorate the
ride comfort of passengers. Vehicle jerk j = v̈ is
used as the evaluation index.

3) Time of MTP: During MTP, the operating point of
the actuators may not be within the high efficiency
range. Thus, the time of MTP should be minimized
to acquire optimal energy consumption.

3.2 Non-clutch control strategy

As shown in Fig. 3, the MTP of DM-PHEV can be
divided into four stages. Stage 1 is Electric Driving
Stage. The DM-PHEV is driven by motor 2 and clutch
C2 in Fig. 1 keeps released. If a mode transition com-
mand is given by energy management controller, then
vehicle begins MTP from EM to HM. DM-PHEV runs
into Stage 2, Engine Start Stage. During Stage 2, clutch
remains disengaged to avoid the transmission of torque
fluctuations caused by engine start, and motor 1 works
to start the engine. After engine speed ωe exceeds the
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Fig. 3 Mode transition process of DM-PHEV

Fig. 4 Signal transmission of DM-PHEV over CAN

idle speed ωe_id , MTP comes into Stage 3, Acceler-
ating Stage. Since the clutch-driven disk of the clutch
C2 of the DM-PHEV is connected to the motor 1, the
output torque of the motor 1 Tm1 can replace the slip of
the clutch to realize the engagement of the clutch. The
motor 1 accelerates the speed of the clutch-driven disk
ωcl to synchronize with the speed of the clutch driving
disk ωcr . Since there is no slip of clutch, the torque
transmitted by clutch Tcl is zero. If ωcr − ωcl < ωega

(ωega is a predefined speed difference threshold), then
MTP runs into Stage 4, Clutch Engaged Stage.The
torque of clutch Tcl increases rapidly and the clutch
is directly engaged. The torque transmitted by clutch
in Stage 4 is the combined torque of engine and motor
1. To avoid the sudden changes in the torque of output
shaft at the moment of clutch engagement, the com-
bined torque of Motor 1 and engine should be closed to
zero in the end of Stage 3. This control strategy avoids
clutch slip, so it is called non-clutch control strategy.
The proposed non-clutch coordinated control strategy
can achieve a more stable and economy mode switch-
ing process.

3.3 CAN-induced asynchronous random delays of
MTP system

A communication network for the coordinated con-
trol system of MTP is usually constructed as shown
in Fig. 4. Since the torque of the engine and the clutch
is not controlled in the non-clutch coordinated con-
trol strategy, the delay information of the engine and
the clutch is not displayed in Fig. 4. The states of
DM-PHEV are measured by sensor node which works
in time-driven mode. Because of the CAN-induced
delays, the measurement signals are sent to HCU via
CAN bus after a delay τs(k). Then, the HCU calcu-
lates the demand torque of actuators according to the
proposed coordinated controller in event-driven mode.
Afterward, the control signals are sent to MCU node in
turn through the CAN bus. This process may introduce
extra asynchronous random delays and cause exces-
sive torque of motor 1 at the end of stage 3, which may
cause vehicle jerkwhen clutch is engaged. So, a coordi-
nated control strategy considering the effects of ACDs
is necessary.

4 H∞ non-clutch coordinated control strategy of
DM-PHEV

The architecture of non-clutch coordinated control
strategy is shown in Fig. 5. Once theMTPorder is given
by the upper layer controller, the DM-PHEV runs into
MTP. Firstly, the stage of MTP is judged. Then, the
reference speed signal is determined according to the
current stage. The robust H∞ non-clutch coordinated
controller is designed in four steps. Firstly, mathemati-
cal model of MTP and CAN-induced random delays
is built. Then, the random delays are characterized
as uncertainties. In step 3, Taylor series expansion is
adopted for linearization. Finally, a H∞ controller is
designed and the output feedback gain is obtained by
solving the LMI problem.

4.1 Mathematical model of DM-PHEV during MTP

To effectively control the mode transition process of
DM-PHEV, a simplified dynamic model is necessary.
According to [26], the high frequency vibrations can be
isolated effectively by the passive dampers. Thus, the
driver comfort of vehicle is mainly related to the first
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Fig. 5 Coordinated control architecture

two natural frequencies. In order tomake the simplified
model accurately describe the dynamic response of the
system, the stiffness which has great influence on the
first two order natural frequencies cannot be simplified.
Here, the sensitivity of the natural frequency to the stiff-
ness of the system is analyzed according to [26] and the
results show that the sensitivity of the first two natural
frequencies to the stiffnesses of input shaft and output
shaft exceeds the others. Thus, only the stiffnesses kem
and kwv are considered in the state-space equations.

According to the non-clutch control strategy, the
state variables xs before clutch engaged stage are
defined as

xs =
[
θe − θl − xre f1s θ̇e − xre f2s θ̇l − xre f3s Tm1 − xre f4s

θr−i0θ f −xre f5s θ̇r−xre f6s θ̇ f − xre f7s Tm2−xre f8s

]T

(15)

where

xre f1s = −Jeθ̈e
/
kem, xre f2s = ωre f , x

re f
3s = ωre f

xre f4s = (JM1 + Je) θ̈l , x
re f
5s = Jvθ̈ f + T f

/
kwv

xre f6s = ωre f , x
re f
7s = ωre f /i0

xre f8s = (
JM2θ̈r + Jvθ̈ f + T f

)
/i0i2

(16)

As the angles θe, θl , θr and θ f are difficult to mea-
sure, the output state signals are defined as

ys =
[
θ̇l − xre f3s Tm1 − xre f4s θ̇r − xre f6s Tm2 − xre f8s

]T
(17)

According to the performance indexes of MTP, the
performance output signals can be defined as

zs =
[
θ̇l − xre f2s Tm1 − xre f4s θ̇r − xre f6s

Tm2 − xre f8s Ṫm1 Ṫm2 − uss θ̇r − i0θ̇ f

]T (18)

Motor 1 is used to start the engine and engage the
clutch, and motor 2 is used to meet the driver torque
demand here. Thus, the control variables us are selected
as

us = [
Ṫm1 Ṫm2 − uss

]T
, uss = Ba ẋ

ss
3

/
(i0i2) (19)

State-space equation of MTP system can be
described as
{
ẋs = Asx + Bs

1u + Bs
2w,w = [

Te ΔBa d
]T

ys = Cs
yx, zs = Cs

1x + Ds
1u

(20)

In Stage 4, clutch is engaged. The state variables
xe, control variables ue, and external inputs and distur-
bance we are defined as

xe =
[
θe − θr − xre f1e θ̇e − xre f2e θ̇r − xre f3e

Tm2 − xre f4e θr − i0θ f − xre f5e θ̇ f − xre f6e

]

ue = Ṫm2 − uss, we = [
ΔBa d

]
(21)

where

xre f1e = − Jen θ̈en
kel

, xre f2e = ωre f , x
re f
3e = ωre f

xre f4e = (
Jm θ̈r + Jvθ̈ f + T f

)
/i0i2

xre f5e = (
Jvθ̈ f + T f

)/
kwv, x

re f
6e = ωre f /i0

(22)
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Table 1 State matrix of mode transition system

A1 =

⎡

⎢⎢
⎢⎢
⎢
⎢⎢
⎢⎢
⎣

0 1 −1 0 0 0 0 0
−kem/Je −Cem/Je Cem/Je 0 0 0 0 0
kem/JM1 Cel/JM1 −Cem/JM1 1/JM1 0 0 0 0

0 0 0 0 0 0 0 0
0 0 0 0 0 1/i0 −1 0
0 0 0 0 −kwv/JM2 −Cwv/i0 JM2 Cwv/JM2 i0i2/JM2
0 0 0 0 kwv/Jv Cwv/i0 Jv − (Cwv + Ba) /Jv 0
0 0 0 0 0 0 0 0

⎤

⎥⎥
⎥⎥
⎥
⎥⎥
⎥⎥
⎦

B11 =
[
0 0 0 1 0 0 0 0
0 0 0 0 0 0 0 1

]T
, B12 =

⎡

⎣
0 1/Je 0 0 0 0 0 0
0 1 1 0 0 1 0 1
0 0 0 0 Baω̇re f /(i0kwv) 0 ΔBa/Jv 0

⎤

⎦

T

JM1 = Jm1 + Jcl , JM2 = (
Jm2i22 + Jcl + Jg1 + Jg2 + Jr1 + Jr2 + J f 1

)
i0 + J f 2 + Jw

A2 =

⎡

⎢
⎢⎢
⎢⎢
⎣

0 1 −1 0 0 0
−kem/Je −Cem/Je Cem/Je 0 0 0
i0kem/Jm i0Cem/Jm − (i0Cem + Cwv/i0) /Jm i2/Jm −kwv/Jm Cwv/Jm

0 0 0 0 0 0
0 0 1 0 0 −i0
0 0 Cwvi0/Jv 0 kwvi0/Jv − (

Cwvi02 + Ba
)
/Jv

⎤

⎥
⎥⎥
⎥⎥
⎦

B21 = [
0 0 0 1 0 0

]T

Jm = JM2 + JM1i0
, B22 =

[
0 0 0 0 Baω̇re f /(i0kwv) 1/Jveh
0 1 1 1 0 0

]T

The output state signals are defined as

ye =
[
θ̇r − xre f3e Tm2 − xre f4e

]T
(23)

The performance output signals

ze =
[
θ̇r − xre f3e Tm2 − xre f4e Ṫm2 − uss θ̇r − i0θ̇ f

]T

(24)

Finally, the state-space equation can be described as
{
ẋe = Aex + Be

1u + Be
2w

ye = Ce
yx, ze = Ce

1x + De
1u

(25)

4.2 Modeling of random delays caused by CAN
network

The effects of CAN-induced delays of control signals
can be equivalent to the random real action time of con-
trol signals duringone samplingperiod. Firstly, the con-
tinuous state-space equations of MTP without CAN-
induced asynchronous random delays are discretized
as
⎧
⎪⎨

⎪⎩

x(k + 1) = Âxk + B̂1uk + B̂2wk, Â = eATs

B̂1 =
Ts∫

0
eA(Ts−x)B1dx, B̂2 =

Ts∫

0
eA(Ts−x)B2dx

(26)

According to the difference of the transmitted con-
trol signals, the modeling of the random CAN-induced

delay can be divided into two types. Model of type
1 assumes that the control signal is torque derivative,
and model of type 2 assumes that the control signal is
torque.

4.2.1 Asynchronous random delays modeling
(transmitting torque derivative)

Considering the effects of delays, the discrete model of
DM-PHEV system can be modified as [23]

xk+1 = Âxk + B̂1uk + B̂2wk + Γ0,k(uk−1 − uk)
+Γ1,k(uk−2 − uk−1) + ... + Γi,k(uk−i−1 − uk−i )

(27)

where

Γi,k=
⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

0 τk−i − i · Ts ≤ 0
τk−i−i ·Ts∫

0
eA(Ts−x)B1dx 0 ≤ τk−i − i · Ts ≤ Ts

Ts∫

0
eA(Ts−x)B1dx τk−i − i · Ts ≥ Ts

(28)

The random CAN-induced delays can be character-
ized by random system matrix Γi,k . The integral inter-
val of matrix is the action time of control signal.

The upper bound of random CAN-induced delays is
determined by the priority of CANmessage, the length
of frame and the transmission rate of CAN bus. The
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Fig. 6 Control signal delays of DM-PHEV

maximum delay of the ith priority CANmessage τmax,i

can be calculated as [27]

τmax,i ≤ ( ji + 2)l
/
⎛

⎝Ra −
i−1∑

j=0

l

t j

⎞

⎠ (29)

As stated in [28], 1.7Ts is a reasonable maximum
CAN-induced delay in vehicle. Ts is the sampling
period of control system. The CAN-induced delay is
uniformly distributed in the interval

[
0, τmax,i

]
[29].

For DM-PHEV, dual motors have their own con-
trollers, the control signals of two motors are trans-
mitted in order according to the priority of message.
So, the random delays for two motors are different as
described in Fig. 6. The priority of CAN message of
motor 1 is assumed as higher than that of motor 2. As
shown in Fig. 6, the torque of motor 1 is delayed by
τM1
ki , and the torque of motor 2 is delayed by τM2

ki on
the basis of motor 1.

During one sampling period, themodel ofMTPwith
asynchronous random delays for two motors can be
further transformed as

x(k + 1) = Â1xk + B̂11uk + B̂12wk

+Γ k−1
M1 Bτ

11

(
Ṫm1(k − 1) − Ṫm1(k)

)

+Γ k−2
M1 Bτ

11

(
Ṫm1(k − 2) − Ṫm1(k − 1)

)

+Γ k−1
M2 Bτ

12 (Tm2(k − 1) − Tm2(k))
+Γ k−2

M2 Bτ
12 (Tm2(k − 2) − Tm2(k − 1))

(30)

where

⎧
⎪⎪⎪⎨

⎪⎪⎪⎩

Γ k−1
M1 =Γ M1

k1 , Γ k−1
M2 =Γ M1

k1 + Γ M2
k1

Γ k−2
M1 = Γ M1

k2 , Γ k−2
M2 = Γ M1

k2 + Γ M2
k2

Bτ
11 = [

0 0 0 1 0 0 0 0
]T

Bτ
12 = [

0 0 0 0 0 0 0 1
]T

(31)

Similar to Eq.(28), the coefficient of control signals
can be described as

⎧
⎪⎪⎨

⎪⎪⎩

Γ M1
k2 = ∫ τM1

k2
0 eA(Ts−x)dx, τM1

k2 ∈ [0, 0.7Ts]

Γ M1
k1 = ∫ τM1

k1
0 eA(Ts−x)dx, τM1

k1 ∈ [0, Ts]

Γ M2
k1,2 = ∫ τM2

k1,2
0 eA(Ts−x)dx, τM2

k1,2 ∈ [0, 0.2Ts]

(32)

It is assumed that the delay of the motor 2 relative
to the motor 1 is less than 0.2 Ts .

The nonlinearity of the model with ACDs makes it
difficult to design a coordinated controller, so themodel
needs to be linearized.

According to Taylor series expansion, the random
delay time Γ M1

k2 can be linearized as [30]

Γ M1
k2 (x) = Γ (0) + Γ̇ (0)x + · · · + dnΓ (0)

dxn
xn
n! + · · ·

≈ −
j∑

i=1

(−x)i

i ! Ai−1eAT s
(33)

Furthermore, Eq.(33) can be rewritten as

⎧
⎪⎨

⎪⎩

Γ M1
k2 (x) = AΓ xΓ xΓ ∈ [xmin, xmax]

AΓ =
[

(−1)2

1! A0eATs · · · (−1)i+1

i ! Ai−1eATs
]

xΓ = [
x · · · xi ]T

(34)

According to [30,31], convex polytope is adopted
here to describe the uncertainties of delays.

Define xΓ,i as

xτ,0 = [
xmin x2min · · · ximin

]T

xτ,1 = [
xmax x2min · · · ximin

]T

...

xτ,i+1 = [
xmax x2max · · · ximax

]T

(35)

Replacing xΓ in Eq.(34) with

xΓ =
j+1∑

i=1

λi (k)xτ,i , λi (k) > 0,
j+1∑

i=1

λi (k) = 1 (36)

Γ (x) in Eq.(34) can be represented as

Γ (x) =
j+1∑

i=1

AΓ λi (k)xΓ,i (37)

After the linearization of nonlinear terms, new states
space equations are defined as
⎧
⎪⎨

⎪⎩

x̃(k + 1) = Ã1 x̃(k) + B̃11u(k) + B̃12w(k)
ỹ = C̃y x̃, z̃ = C̃1 x̃ + D̃1u

x̃ = [
x T̄

]T
, ỹ = [

y T̄
]T

, z̃ = [
z T̄

]T
(38)
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where
T̄= [

Ṫm1(k−1) Ṫm2(k − 1) Ṫm1(k − 2) Ṫm2(k−2)
]

Ã1 =

⎡

⎢⎢⎢⎢
⎣

Â1 Γ 1
τ Γ 2

τ Γ k−2
M1 Bτ

11 Γ k−2
M2 Bτ

12
0 0 0 0 0
0 0 0 0 0
0 1 0 0 0
0 0 1 0 0

⎤

⎥⎥⎥⎥
⎦

B̃11 = [
Bl
1d − Γ k−1

M1 Bτ
11 − Γ k−1

M2 Bτ
12 B1

κ B2
κ 0 0

]T

B1
κ = [

1 0
]T

, B2
κ = [

0 1
]T

, B̃12 =
[
B̂12 0

]T

Γ 1
τ = Γ k−1

M1 Bτ
11 − Γ k−2

M1 Bτ
11,

Γ 2
τ = Δk−1

M2 Bτ
12 − Γ k−2

M2 Bτ
12

(39)

4.2.2 Asynchronous random delays modeling
(transmitting torque )

If the control signal transmitted by CAN is the torque
of actuators, Eq.(27) can be further transformed as
Eq.(40).

x(k + 1) = Al
d x(k) + Bl

1du(k) + Bl
2dw(k)

+Γ k−1
M1 Bτ

11 (Tm1(k − 1) − Tm1(k))
+Γ k−2

M1 Bτ
11 (Tm1(k − 2) − Tm1(k − 1))

+Γ k−1
M2 (k)Bτ

12 (Tm2(k − 1) − Tm2(k))
+Γ k−2

M2 (k)Bτ
12 (Tm2(k − 2) − Tm2(k − 1))

(40)

where{
Bτ
11 = [

0 0 1/JM1 0 0 0 0 0
]T

Bτ
12 = [

0 0 0 0 0 i2/JM2 0 0
]T (41)

Similar to the derivative torque transmitted by CAN,
new state variables can be defined as
x̃(k) = [

x(k) Tm1(k − 1) Tm2(k − 1)

Tm1(k − 2) Tm2(k − 2)
]T (42)

Then, the new state-space equation can be rewritten
as

Ã1 =

⎡

⎢⎢⎢⎢
⎣

Â1 − Γ 1
τ Γ 2

τ Γ k−2
M1 Bτ

11 Γ 3
τ Γ k−2

M2 Bτ
12

κ1 0 0 0 0
κ2 0 0 0 0
0 1 0 0 0
0 0 1 0 0

⎤

⎥⎥⎥⎥
⎦

B̃11 =
[
B̂11 0

]
, B̃12 =

[
B̂12 0

]

(43)

where⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

κ1 = [
0 0 0 1 0 0 0 0

]T

κ2 = [
0 0 0 0 0 0 0 1

]T

Γ 1
τ = Γ k−1

M1 BτT
11 κ1 + Γ k−1

M2 BτT
12 κ2

Γ 2
τ = Γ k−1

M1 Bτ
11 − Γ k−2

M1 Bτ
11

Γ 3
τ = Γ k−1

M2 Bτ
12 − Γ k−2

M2 Bτ
12

(44)

The model of other stages can be acquired by the
same way, so other state-space equations are omitted.

4.3 Output feedback H∞ coordinated controller

The goal of coordinated controller is to design a control
law u = K̃ y such that the MTP system is asymptoti-
cally stable and the H∞ norm from w to z is less than
γ∞.

sup
w �=0

‖z‖2 < γ∞‖w‖2 (45)

According to [32], the MTP system is asymptoti-
cally stable and the H∞ norm is less than γ∞ if there
exists a Lyapunov function V (x(k)) = xT Px, P =
PT > 0 such that

V (x(k + 1)) − V (x(k))

+∥∥ẑ2(k)
∥∥
2 − γ∞2‖w(k)‖2 < 0 (46)

For MTP system, Eq. (46) can be written as the fol-
lowing inequality
[
Ãχ x(k) + Bχ

2 w(k)
]T

P [∗] − x(k)T P [∗]
+
[
C̃χ
1 x(k)

]T
[∗] − γ∞2w(k)T [∗] < 0

(47)

Inequality Eq.(47) can be rewritten in the following
matrix:
[
x
w

]T
Ω

[
x
w

]
< 0 (48)

where

Ω=
[
C̃1

0

]
(∗)+

[
Ã
B̃2

]
P (∗) +

[−P 0
0 −γ∞2 I

]
(49)

Further, by using Schur complement for Eq.(49),
following inequality can be derived.
⎡

⎢⎢
⎣

−P C̃1 0 Ã
0 −I 0 0
0 0 −γ∞2 I B̃2

0 0 0 −P−1

⎤

⎥⎥
⎦ < 0 (50)

Pre- and post-multiplying Eq.(50) by

μ= diag
{
P−1 I I I

}
(51)

and μT , respectively, and then applying P = P−1,

K P = W , we can obtain that
⎡

⎢⎢
⎣

−P 0 ÃP + B̃1W B̃2

∗ −γ∞ I C̃1P + D̃1W 0
∗ ∗ −P 0
∗ ∗ ∗ −γ∞ I

⎤

⎥⎥
⎦ < 0 (52)
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Pre- and post-multiplying Eq.(50) by σ1,2
T and σ1,2,

respectively.

σ1
T= diag

{
I P−1G

}
, σ2

T= diag
{
I P−1G I

}
(53)

Due to that P − G − GT ≥ −GT P−1G [33], and
applying Y = KG we can obtain that
⎡

⎢⎢
⎣

P − G − GT 0 ÃG + B̃1Y B̃2

∗ −I C̃1G + D̃1Y 0
∗ ∗ −P 0
∗ ∗ ∗ −γ∞2 I

⎤

⎥⎥
⎦ < 0 (54)

Finally, the desired state-feedback gain K can be
calculated in MATLAB by using LMI toolbox as

K = YG−1 (55)

According to [34–36], the output feedback con-
troller can be derived from the state feedback controller
as

u = YG−1x = K̃ y = K̃ C̃y x (56)

Defining GQ = GQ
T , GR = GR

T , YR , R, Q and
substituting Y and G in Eq.(55) with GQ , GR and YR

as

G = QGQQ
T + RGRR

T ,Y = YR R
T (57)

where

⎧
⎨

⎩
Q = null

(
C̃y

)
, R = C̃†

y + QL , C̃†
y = C̃T

y

(
C̃yC̃T

y

)−1

L = Q†GC̃T
y (C̃yGC̃T

y )−1, Q† = (
QT Q

)−1
QT

(58)

Finally, the desired output-feedback gain K̃ can be calculated
as [34]

K̃ = YRGR
−1 (59)

5 Simulation and HiL test results

To verify the effectiveness of RCAT and RCAD non-
clutch coordinated controllers, simulation andHiL tests
are conducted in this section. The simulation model of
MTPsystem is developed inMATLAB/Simulink.CAN
environment model for the communication between
controller and MTP system is developed in MAT-
LAB/SimEvent. The model of ACDs is realized by the
random number of messages transmitted by CAN. And
the transmission order is set to simulate the different
priorities of CAN messages. For comparison, a tradi-
tional robust H∞ coordinated controller (RHCC) with-
out considering CAN-induced delays is also applied to

the MTP system. RHCC is designed based on model in
Eq.(25) according to the method provided in [32]. The
output feedback gains of MTP can be gotten as

Ks =
[−152.96 −21.12 0 0

0 0 −150.71 −12.10

]

Ke = [−80.25 − 5.84]
(60)

The output feedback gains of RCAT can be gotten
as

Ks = [
K 1
s K 2

s

]

K 1
s =

[−44.45 −19.49 0 0
0 0 −34.84 −11.38

]

K 1
s =

[
1.81 0 −4.03 0
0 −10.41 0 −1.04

]

Ke = [−72.49 −4.97 1.01 −0.73
]

(61)

The output feedback gains of RCAD can be gotten
as

Ks = [
K 1
s K 2

s

]

K 1
s =

[−72.17 −31.94 0 0
0 0 −31.28 −7.94

]

K 1
s =

[−0.34 0 −0.18 0
0 −0.16 0 −0.21

]

Ke = [−11.00 −0.70 0.60 0.08
]

(62)

An acceleration condition is used to verify the effect
of the proposed control strategy. The reference speed
of clutch disks can be calculated according to the ref-
erence speed of vehicle as

ωre f = vre f
/
Rt (63)

5.1 Simulation and results analysis

5.1.1 MTP results analysis without delays

Firstly, the MTP system under ideal network is sim-
ulated as shown in Fig. 7. The changes of stage for
MTP system under different controllers are shown in
Fig. 7a. It can be seen that the time of MTP controlled
byRHCC isminimum,which is about 0.6 s. The time of
MTP controlled by RCAT is maximum, which is about
1.4 s. Correspondingly, the maximum vehicle jerk of
MTP controlled by RHCC is about 4 m/s3 as shown in
Fig. 7b, which is obviously greater than that controlled
by RCAT and RCAD. Because RCAT and RCAD con-
sider the influence of possible network-induced delays,
the corresponding control laws are more conservative
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(a) (b)

(c) (d)

(e) (f)

(g) (h)

Fig. 7 Results of MTP without delays. a Stage of MTP. b Vehicle jerk. c Torque of engine. d Torque of motor 2. e Torque of motor 1.
f Comparison of actual ωl and reference ωre f . g Torque transmitted to tire. h Comparison of actual ωr and reference ωre f

than RHCC. Under these two controllers, the vehicle
jerk is smaller, but the time of MTP is correspondingly
increased. Figure 7c is the torque of engine. The engine
is worked as the load of the motor 1 in Stage 2, and the
motor 1 overcomes the resistance torque of the engine
to start the engine. So, the torque of engine in Stage 2
is resistance torque. In order to avoid the vehicle jerk
caused by the ripple torque of the engine, the engine

torque will keep zero temporarily after the engine is
started. Figure 7d is the torque of motor 2 which works
as the compensated torque to keep the speed of vehi-
cle stable. Figure 7e is the torque of motor 1 which
works to start the engine and accelerates the clutch-
driven disk to engage the clutch C2. It can be seen that
the torque of motor 1 decreased in the end of Stage 3 to
smoothly engage the clutch. Smaller torque of motor
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(a) (b)

Fig. 8 CAN network-induced time delays. a Time delay of motor 1. b Time delay of motor 2

1 in the end of stage 3 leads to smaller vehicle jerk,
which can be verified in Fig. 7b. The speeds of clutch-
driven and driving disk are shown in Fig. 7f and h,
respectively. The speed of clutch driven disk ωl rises
quickly at first, and then, it tracks the reference speed
smoothly. The speed of clutch-driven disk ωr is also
controlled to track the reference speed. It can be seen
from Fig. 7h that the tracking error under RHCC con-
troller is the smallest, but there are large fluctuations
when clutch engaged, while the tracking errors under
RCAT and RCAD which take into account the effects
of CAN-induced delays are larger, but the fluctuations
of speed are small. The torque transmitted to the tire
TT H is shown in Fig. 7g. It can be seen that the fluctu-
ation of TT H controlled by RHCC is much bigger than
that controlled by others, which is also consistent with
the results in Fig. 7b. In conclusion, both the RHCC,
RCAT and RCAD can work well for the mode transi-
tion process without CAN-induced delays.

5.1.2 MTP results analysis with ACDs

The sampling period of controllers is 0.01 s, so the
maximum value of ACDs is set as 17 ms. The random
time delays set in the simulation for each actuators are
given in Fig. 8. As modeled before, the CAN-induced
delay for actuator is consistent with the priority of its
communication node. It can be seen that the maximum
delay for motor 2 is within 17 ms.

To compare the performance of coordinated con-
trollers underACDswhich shown in Fig. 8, simulations
of MTP with ACDs are conducted and the results are
shown in Fig. 9. It can be seen that the performance of
proposed RCAT and RCAD are obviously better than
that of RHCC. The vehicle jerk controlled by RCAT
is bigger than that shown in Fig. 7b, but it is much

smaller than the maximum vehicle jerk controlled by
RHCCwhich is closed to 11m/s3. The shock ismainly
caused by the ACDswhich results in the large torque of
motor 1 in the end of Stage 3. The vehicle jerk is also
reflected in the fluctuation of the speed of the clutch
driving disk. The tracking errors of RCAT and RCAD
are also reduced underMTPwithCAN-induced delays.
And the tracking error of RHCC is larger than those
of other controllers. So, for MTP with CAN-induced
delays, RCAT and RCAD controllers are necessary.

To further organize the improvements, the compar-
ison table is given. Table 2 denotes the jerk, MTP time
and the value of errors between the indexes of RCAT,
RCAD and RHCC works on MTP with ACDs. As rep-
resented in table, both the RCAT and RCAD improved
the vehicle jerk, but they cost a little longer time for
MTP than RHCC.

5.2 HiL test and results analysis

The calculation speed of coordinated controller in sim-
ulation can be assumed as instantaneous. However,
the performance of actual controller is limited. Thus,
the simulation only verifies the effectiveness of pro-
posed controllers theoretically.As for the actual vehicle
experiment, the cost is high and the safety of the con-
troller strategy directly applied to the vehicle cannot be
guaranteed. Thus, a HiL test with actual controller, vir-
tualDM-PHEVand virtual CANbus is a good choice to
verify the real-time performance of RCAT and RCAD.
As shown in Fig. 10, the control strategy based on
the MotoHawk module library is compiled and down-
loaded into the rapid prototype controller. The plant
model of DM-PHEV is built in NI system and down-
loaded into the NI real-time simulator to simulate the
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Fig. 9 Results of MTP with delays. a Stage of MTP. b Vehicle jerk. c Torque of engine. d Torque of motor 2. e Torque of motor 1. f
Comparison of actual ωl and reference ωre f . g Torque transmitted to tire. h Comparison of actual ωr and reference ωre f

Table 2 Quantitative comparison results of simulation

RHCC RCAT RCAD

Jerk(m/s3) 10.3 4.3 0.2

Time(s) 0.6 0.7 1.2

Deviation of jerk x 58.3% 98.1%

Deviation of time x -16.67% -100%
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Fig. 10 Schematic diagram of HiL test

operation of PHEV. The communication between NI
real-time simulator and rapid prototype controller is
through CAN bus. Besides, micro-controller unit is
adopted as the actuator controller. The operation ofHiL
system can be controlled by the host computer. To sim-
ulate the CAN-induced delays, the actuator controller
is inserted in the CAN communication system and it
can receive the information from rapid prototype con-
troller and NI real-time simulator. Then, it will hold the
information for a random time which is less than 1.7
Ts to simulate the random CAN-induced delays.

The test results of MTP without simulated CAN-
induced delays are shown in Fig. 11. And the com-
parisons between RCAT and RCAD are shown in
Fig. 12. The test results are similar to the simula-
tion results. Because of the noise of information trans-
mission between controller and NI real-time simulator
and the limitation of controller operation accuracy and
speed, the results are a little worse than simulation, but
the trend is similar. The HiL results of MTP with simu-
lated ACDs controlled by three controllers once again
confirm the necessity of considering the influence of
ACDs to design the coordinated controller. As shown
in Fig. 12b, the vehicle jerk controlled by RHCC is

much bigger than those controlled by the others. And
at the endof clutch slipping stage, themaximumvehicle
jerk of RHCC reached approximately 11 m/s3, which
will damage the driving comfort. The ride comfort per-
formance of MTP controlled by RCAT and RCAD is
much better than that controlled by RHCC. However,
the time of MTP controlled by RCAD is longer than
MTP controlled by RCAT and RHCC, which is con-
sistent with the results in simulation. Economy per-
formance is sacrificed for better driving comfort. The
quantitative results of MTP with ACDs are shown in
Table 3. Compared with the traditional RHCC con-
troller, the vehicle jerk of DM-PHEV with ACDs can
be reduced by 52.6% and 96.66% via the proposed
RCAT and RCAD controller, respectively. The mode
transition time of RCAT and RCAD is increased by
12.31% and 61.54%, respectively. The little scarifica-
tion of mode transition time can improve the ride com-
fort of passengers. In short, the HiL test results verify
the effectiveness of proposed coordinated control strat-
egy. Although the RCAD controller can acquire min-
imal vehicle jerk, the mode switching time for MTP
with randomACDs is much longer than that controlled
by RCAT. Longer transition time is not conducive to
improving fuel economy. Thus, RCAT controller effec-
tively reduces the vehicle jerk without too much exten-
sion of mode transition time.

6 Conclusion

In this paper, a smooth MTP without clutch slipping
stage can be achieved by the proposed non-clutch coor-
dinated control strategy.Moreover, forDM-PHEVcon-
trol system with ACDs, RCAT and RCAD coordinated
controllers considering CAN-induced asynchronous
random delays in MTP are proposed. The main con-
clusions are shown the following:

(1) ACDs exists in MTP system result in the uncoor-
dinated torque of actuators and traditional RHCC
controller cannot effectively reduce the vehicle
jerk.

(2) Compared with RHCC, the vehicle jerk of MTP
system under RCAT and RCAD control is reduced
by 52.6 % and 96.66 %, respectively.

(3) Although the RCAD controller can obtain mini-
mal vehicle jerk, themode switching time is greatly
increased, which is not conducive to improving fuel
economy.
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Fig. 11 HiL results without delays. a Stage of MTP. b Vehicle jerk. c Torque of engine. d Torque of motor 2. e Torque of motor 1. f
Comparison of actual ωl and reference ωre f . g Torque transmitted to tire. h Comparison of actual ωr and reference ωre f

Table 3 Quantitative comparison results of HiL

RHCC RCAT RCAD

Jerk (m/s3) 10.77 5.1 0.36

Time (s) 0.65 0.73 1.05

Deviation of jerk x 52.6% 96.66%

Deviation of time x −12.31% −61.54%
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Fig. 12 HiL results with delays. a Stage of MTP. b Vehicle jerk. c Torque of engine. d Torque of motor 2. e Torque of motor 1. f
Comparison of actual ωl and reference ωre f . g Torque transmitted to tire. h Comparison of actual ωr and reference ωre f

(4) RCAT controller can simultaneously obtain accept-
able jerk and shorter mode switching time.

In conclusion, for the pursuit of extreme ride comfort
scenarios, RCAD controller is a better choice. RCAT
coordinates the performance of comfort and economy,
and can bemorewidely used. In the future, the dynamic
characteristics of motors will be introduced to improve
the design of the controller.
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