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Abstract
Classical approaches are used to develop rainfall intensity duration frequency curves for 
the estimation of design rainfall intensities corresponding to various return periods. The 
study modelled extreme rainfall intensities at different durations and compared the classi-
cal Gumbel and generalized extreme value (GEV) distributions in semi-arid urban region. 
The model and parameter uncertainties are translated to uncertainties in design storm esti-
mates. A broader insight emerges that rainfall extremes in 1 h and 3 h are sensitive to the 
choice of frequency analysis (GEV in this case) and helps address anticipated intensifica-
tion of extreme events for short duration at urban local scale. In comparison with Gumbel, 
GEV predicts higher extreme rainfall intensity corresponding to various return periods and 
duration (for 1-h duration the increase in extreme rainfall intensity is from 27 to 33% for 
return periods 10 years and higher, 3-h and 50-year return period—20%, 3-h and 100-year 
return period—20.6%, 24 h at similar return periods—10%). The Bayesian posterior dis-
tribution has a calibration effect on the GEV predictions and reduces the upper range of 
uncertainty in the GEV probability model prediction from a range of 16–31% to 10–28.4% 
for return period varying from 10 to 50 year for 1-h storms. In geographically similar areas 
these extreme intensities may be used to prepare for the rising flash flood risks.
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1 Introduction

Increasingly, the occurrences of flash floods (Westra et al. 2014) with the rise in intense 
short-duration rainfalls is leading to a greater demand for understanding rainfall pat-
terns through the local scale hydrologic variables like rainfall intensity of short-duration 
extreme events (Groisman et  al. 2012; Prein et  al. 2017). The rainfall intensity dura-
tion frequency (IDF) curves are used to design hydraulic structures to carry stormwa-
ters through the city; an increase of 30% in design storm intensity is envisaged for Bel-
gium due to climate change (Willems 2013), an increase of 10% in design estimates for 
Denmark (Madsen et  al. 2009) and 34–48% increase in rainfall (1–24  h) in Vietnam 
(Vu et  al. 2017). The earliest extreme value statistical model used for generating IDF 
curves using historical daily rainfall datasets is the Gumbel model which uses location 
and scale parameters (Stedinger et  al. 1993; Overeem et  al. 2008). In the recent past, 
the 3-parameter generalized extreme value (GEV) distribution and other extreme value 
distributions are finding more applications for prediction of extreme rainfall events than 
Gumbel distribution, as the latter predicts extreme events (especially return period of 
greater than 50 years) on the lower side (El Adlouni et  al. 2008). The GEV model is 
robust and offers flexibility in modelling through its three parameters (local, scale and 
shape), particularly the shape parameter which helps in predicting extremes in intensity 
of rainfall and flood for a given duration and return period (Wang and Zhang 2008; 
Villarini and Smith 2010). In the face of climate change, with substantial reduction in 
return period of extreme rainfall events predicted (IPCC 2014), uncertainties in IDF 
due to subdaily and hourly changes in extreme rainfall events need to be analysed in 
detail (Watt and Marsalek 2013; Fadhel et al. 2017). It becomes imperative to assess the 
frequency and intensity of short-duration extreme rainfall events in semi-arid regions, 
both spatially and temporally (Buishand 1991). Data on short-duration rainfall are 
scarce; thus, uncertainty in model and parameters for analysis of extreme events is large 
(Mélèse et al. 2018). In regional analysis of rainfall extremes, the shape factor of GEV 
is assumed to be the same in the entire area (0–0.23) and the distribution of maximum 
rainfall is seen to have a heavy tailed distribution (Koutsoyiannis 2004; Papalexiou and 
Koutsoyiannis 2013).

Few research studies have attempted to study the rainfall pattern at the local city 
scale and assess uncertainty due to increasing short-duration rainfall events. The rain-
fall pattern has been identified to be changing for the city of Melbourne after the 1960s 
(Yilmaz and Perera 2014). The IDF curves have been updated for the city of Trondheim, 
Norway, using short-duration extreme intensity rainfall series analysis, and uncertainty 
bounds have been determined (Hailegeorgis and Alfredsen 2017). IDF curves have been 
developed using short-duration simulated rainfall events for the city of Mumbai (Rana 
et al. 2013), while the change in rainfall pattern as a consequence of climate change was 
studied for Canada (Simonovic et al. 2017). Impact of climate change on extreme rain-
fall events has been studied in India on a regional scale (north-eastern India) as flood 
risk has increased (Guhathakurta et al. 2011). Some studies have considered cloudburst, 
for example, the recent cloudburst in Himalayas at Kedarnath, that reviewed the hydro-
meteorological parameters which could cause such a catastrophic event (Dimri et  al. 
2017; Pratap et al. 2020). In case of India, there is an increase in short-duration extreme 
events in the arid and semi-arid regions (Deshpande et al. 2012; Ali and Mishra 2018). 
Extreme rainfall at local scale is influenced by moisture increase in the air due to local 
temperature and convective updraft changes (Wehner 2013; Zhang et al. 2013), and the 
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parameters of the GEV (specially shape factor) can connect the mechanisms of extreme 
rainfall to physical processes in the atmosphere (Wang and Zhang 2008; Ganguli and 
Coulibaly 2019).

Since classical models do not account for uncertainties in model parameters, predictions 
of extreme events often do not match with the observed extreme events (Coles et al. 2003). 
Classical approach of IDF analysis does not quantify uncertainty in estimation of extremes, 
though uncertainty estimation through bootstrap resampling has been tried (Overeem et al. 
2008; Hailegeorgis et  al. 2013) and development of more rigorous statistical methodol-
ogy for regional analysis of extremes for prediction has been suggested (Katz et al. 2002). 
Bayesian methods have emerged as an important methodology to quantify uncertainties in 
extreme quantiles. Bayesian framework may be used to derive an informed or uninformed 
prior for model parameters to address uncertainties (Huard et al. 2010; Cheng et al. 2014), 
and the maximum likelihood estimation (MLE) of parameters from the observed data and 
the inference on model parameters is presented as a posterior distribution. The Bayesian 
methods give a probabilistic distribution of the parameters under consideration unlike sin-
gle-point estimate of classical approach and, hence, can address uncertainties better. This 
approach of addressing uncertainty has been attempted for daily rainfall prediction of high-
intensity rainfall storms (Eli et al. 2012), and Bayesian IDF curves have been developed 
for Belgium, southern Ontario (Van de Vyver 2015; Ganguli and Coulibaly 2019). IDF 
curves using short- and long-duration storms have been developed with uncertainty range 
on parameters of GEV distribution for the semi-arid Ghaap Plateau region of South Africa, 
southern France (Tfwala et  al. 2017; Mélèse et  al. 2018). Short-duration rainfall is also 
used for the prediction of rainfall induced landslides where its reliability depends on the 
uncertainty limits that one can place on the threshold parameters (Luigi et  al. 2019). In 
another recent study, wind speed extremes are analysed at a local level in south-west UK 
using Bayesian posterior predictive return levels (Fawcett and Green 2018).

The objective of the study is to ascertain model and parameter uncertainty by compar-
ing the IDF curves of different durations developed by classical approaches, namely con-
ventional Gumbel and GEV distribution. The parameter uncertainty in the best fit model 
is estimated using Bayesian framework of posterior parameter distribution. The study 
contributes to updating IDF curves with incorporation of uncertainty bounds in the sta-
tistical estimate of hourly rainfall extremes, at city level in semi-arid regions. Quantify-
ing uncertainties realistically in short-duration extreme rainfall is crucial to mitigate flood 
risks as there is considerable variability in rainfall in the semi-arid regions. The Bayesian 
approach (applied on GEV distribution parameters) is applied to ascertain the uncertainties 
in extreme rainfall events for the megacity as the hydrometeorological attributes causing 
the extreme rainfall event is not clearly understood.

2  Site description and meteorological data

The National Capital Territory (NCT) of Delhi falls within the semi-arid region of Punjab, 
Haryana, and eastern Rajasthan. As shown in Fig. 1, the national capital territory (NCT) of 
Delhi is located between 28° 24′ 17″ N and 28° 53′ 00″ N and 77° 50′ 24″ E and 77° 20′ 
37″E, the NCT has an area of 1483 km2, while with the four smaller cities the urban area is 
around 3000 km2 (NCRPB 2016). The study area, NCT Delhi, is 1483 km2 located within 
the national capital region (NCR) of Delhi which has multiple smaller cities like Ghazi-
abad, Faridabad, Gurugram and Noida which are influenced by the NCT’s urbanization 
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pattern and face similar challenges of flood hazard due to short-duration extreme rainfall 
(Padmanabhan et al. 2019). The mean annual rainfall in national capital territory (NCT) 

Fig. 1  The locations of water logging shown as red spots within Delhi city. Source: (Delhi Traffic Police 
2013) Elevation map of Delhi is shown using SRTM 30-m DEM
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of Delhi is around 714 mm with 75% rainfall happening in July–September (Kumar et al. 
2019).

The number of rainy days has decreased in the last few decades, and intensity of rainfall 
has increased (DES 2016). The NCT of Delhi comprises low-lying areas around the flood 
plains of river Yamuna and areas of the low-lying older alluvium plains where the eleva-
tion is between 190 and 220 m (as shown in the DEM data, Fig. 1) and as cited by Kumar 
et al. (2018). As seen from the map shared by Delhi Traffic Police, and comparing with 
the DEM data, the areas of water logging during rainfall episodes of 10 mm/h or higher 
are in locations where the elevation difference drops sharply (from 263 to 224 m) leading 
to runoff accumulation after extreme rainfall episodes causing urban flash flood and traf-
fic disruptions. The storm drainage infrastructure has been designed for 25 mm/h rainfall 
intensity for 15-min to 1-h rainfall (NCRPB 2016). In the meanwhile, the land use of the 
area has changed with change in built-up area and heavy traffic flow coming and going out 
of the city to the adjacent regions.

For this study, the meteorological data have been collected for Safdarjung rainfall sta-
tion of Delhi, it being the most representative of Delhi region (rainfall in this region being 
homogeneous) and hourly data being available (data period 1968–2014). Maxima hourly 
series of 1 h, 2 h, 3 h, 6 h and 24 h are selected for the study. This has been obtained from 
India Meteorological Department (IMD).

3  Methodology

3.1  Classical approach

IDF curves are generated using extreme value statistical models like the generalized 
extreme value GEV and the Gumbel model. The GEV model is a 3-parameter distribution, 
characterized through the location, scale and shape parameter having the distribution func-
tion as defined below (Huard et al. 2010):

where z is the extreme rainfall intensity value (mm/h) for the specified hourly1 distribution, 
the parameter space is represented as {(μ, σ, k): θ}, commonly the three-parameter space is 
represented by θ, the location parameter (µ) represents the mean or centre of the distribu-
tion, has the same units as rainfall intensity (z, mm/h), the scale parameter (σ) represents 
the magnitude of deviation around the location parameter or mean (mm/h), has the same 
units as rainfall intensity (mm/h), and the shape parameter (k) represents the tail behaviour 
of the extreme value distribution. The shape factor (k) of GEV explains the heavy upper 
tail of the probability distribution, which is represented by the skew of the distribution 
curve to the right k varying between  ± 0.5 (Martins and Stedinger 2000; Ragulina and Rei-
tan 2017; Ganguli and Coulibaly 2019). When shape factor tends to be zero, the distribu-
tion becomes the Gumbel distribution with only two parameters, namely, mean and scale, 
and the upper tail is a thin tail.

The shape factor k → 0, the GEV distribution reduces to the following Gumbel distribu-
tion (Kottegoda and Rosso 2008):

(1)F(z𝜇, 𝜎, k) = exp

{
−

[
1 +

k(z − 𝜇)

𝜎

]− 1

k

}
, z > 0
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The Gumbel model is the most popular model to develop IDF curves for prediction of 
extreme rainfall events till date.

The commonly used parameter estimation method of maximum likelihood estima-
tion (MLE) is considered for parameter estimation, though there are other methods like 
L-moments and method of moments (MOM) used in hydrology. The MLE method maxi-
mizes the logarithm of the likelihood function as shown in the equation below:

The maximum likelihood function L is used to estimate the parameters of any statisti-
cal distribution like the Gumbel model and the GEV model, where function f (z: μ,σ,k) 
is the general GEV function with three parameters. The Gumbel distribution would have 
two parameters (μ, σ). In the MLE method, the log likelihood function is maximized with 
respect to the three parameters μ,σ,k for GEV model and two parameters µ and σ of Gum-
bel and the point estimates are obtained (Kottegoda and Rosso 2008).

Once the point estimates of the parameters are determined using MLE, IDF curve for 
each duration is developed to determine the extreme rainfall intensity for return periods 
T = 2, 5, 10, 25, 50, 100 and 200 year. The magnitude of extreme intensity ZT for each hour 
is determined from GEV model (4a) and Gumbel model (4b) as follows (Van de Vyver 
2015):

where T is the return period used in IDF curves (in the study, T = 2, 5, 10, 25, 50, 100 and 
200 year).

3.2  Uncertainty analysis

For short-duration extreme rainfall data, the information is scarce (only short record length 
is available for many stations); hence, the lack of observed data of extremes makes it dif-
ficult for the classical approach to predict short-duration extreme rainfall magnitudes with 
certainty. The parameter estimation using MLE for short-duration data series is not consid-
ered very effective when the data period is short (number of years of data available is less 
than 30 years). MLE method gives point estimates of the parameters which do not address 
parameter uncertainty. The 95% confidence limits are used to determine the uncertainty 
in prediction levels for both the classical methods of GEV and Gumbel. It is seen that 
the prediction range of intensity magnitudes at higher return periods is large, leading to 
uncertainties.

The uncertainty arises in predictions because the extreme rainfall series available for 
developing IDF curves are rarely more than 50 years, while the rare extreme event predic-
tion is for greater than 50 years, which is obtained by extrapolating from best probability 

(2)F(z,�, �) = exp

{
− exp

[
−
(z − �)

�

]}

(3)L
(
�, �, k;zi

)
=
∏

f (zi,�, �, k)

(4a)zT = � − �∕k

{
1 −

[
− ln

(
1 −

1

T

)]− 1

k

}
, k ≠ 0

(4b)zT = � − � ln
[
− ln

(
1 −

1

T

)]
, k = 0
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model. In the conventional framework (also known as frequentist framework), the uncer-
tainty arises as there is no true fit probability model, on the contrary models like the Gum-
bel can give large differences from the observed value at return levels for 100 years leading 
to underestimation of risk of flood (Cheng et al. 2014; Hailegeorgis and Alfredsen 2017). 
Bootstrap sampling is used to address uncertainty in conventional framework through con-
fidence intervals (CI) estimates at each quantile which are very wide (Overeem et al. 2008; 
Hailegeorgis et al. 2013). Uncertainty estimation in IDF using bootstrap sampling for con-
ventional GEV distribution on annual maxima series of duration 3–120 h is compared with 
Bayesian framework in South France (Mélèse et al. 2018). They have used data from dif-
ferent rainfall stations across different climatic zones in Southern France (from humid to 
semi-arid) and find the Bayesian framework to be more robust in carrying out uncertainty 
estimation. Thus, the uncertainty in parameter estimates is not well addressed in classical 
approach (Coles et al. 2003; Mélèse et al. 2018).

3.3  Bayesian approach to development of IDF curves

The classical approach uses the annual maxima series (AMS) of the chosen hourly rainfall, 
and typically a statistical distribution is selected, and the parameters are determined using 
MLE as explained in the above section. The Bayesian approach differs majorly in the way 
the parameter estimation is performed; instead of a point estimate, the entire probability 
distribution of parameters is considered. The Bayesian inference method is unique in its 
approach as it incorporates prior information about the parameter estimation space. This 
prior information is incorporated as a distribution which represents the belief about the 
parameter values before the dataset has been obtained. The approach adopted in Bayesian 
paradigm is that once the observed data are interpreted through the likelihood function 
similar to the classical approach, the integral of the likelihood function and the prior distri-
bution results in a posterior distribution of the parameter estimate (Coles and Tawn 1996).

One key advantage of the Bayesian method is the way the prior distribution of 
parameters is chosen. The Bayesian approach is a flexible approach which allows even 
arbitrary informative priors to be incorporated (Renard et al. 2013; Ragulina and Reitan 
2017; Mélèse et  al. 2018; Ganguli and Coulibaly 2019). Moreover, the inference was 
proved to be better for data analysis than the MLE process, and this approach was tried 
for the first time with the Weibull distribution (Smith and Naylor 1987). The param-
eters of the gamma distribution have been used as a measure of location and variabil-
ity for prior information on probabilities of return levels of rainfall (Coles and Tawn 
1996). This approach is used to predict the extremely high rainfall in Venezuela which 
otherwise had extreme low probability of occurrence in the classical approach (Coles 
et al. 2003). The approach of assuming beta prior for shape factor of GEV distribution 
for extreme rainfall events has been initially suggested for extreme value quantile esti-
mators (Martins and Stedinger 2000) and later for developing IDF for Quebec, Canada 
(Huard et al. 2010) and for predicting future IDF relationships using GCM models for 
Bangalore, India (Chandra et  al. 2015). The present study assumes objective prior for 
location and Jeffrey prior for scale parameters because the location and scale param-
eters represent the characteristics of the local city which is unique to the city, while the 
shape factor is assumed to be a prior beta distribution for it represents the regional influ-
ence which remains constant in similar climatic zones (Papalexiou and Koutsoyiannis 
2013; Ragulina and Reitan 2017). The literature review points to the acceptability of 
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Bayesian approach for considering uncertainties due to scarcity of data at local level and 
that uncertainty in estimates may only be reduced and never removed completely from 
extreme quantiles.

In case of the GEV distribution, the posterior Π(�∕z) is obtained as product of the 
likelihood function of the parameters (represented as θ) and the prior distribution of the 
parameters Π(�) , shown by the following equation (Kottegoda and Rosso 2008):

where L(z∕�) =
∏n

i=1
f (zi∕�) is the likelihood function as explained in Eq.  (3), which is 

determined by solving the log likelihood function where f(zi/θ) is the pdf of the annual 
maximum hourly rainfall series over the parameter set θ.

The prior distribution of parameters, Π (θ), used in Bayesian analysis is given as:

 where the parameter set � includes �, � and k of the GEV distribution. The mean and 
standard deviation have been assumed to have uniform prior and Jeffrey’s prior, respec-
tively, while the shape factor (k) has been assigned a beta prior ►B, which is given by α=6 
and β=9 as shown in Eq. 6 above (Huard et al. 2010; Chandra et al. 2015; Mélèse et al. 
2018).

The Bayesian approach is used because some prior knowledge exists from the data 
and in literature about the shape factor and it has been used for extreme rainfall model-
ling (Coles and Tawn 1996; Coles 2001; Eli et al. 2012; Chandra et al. 2015). For uncer-
tainty assessment in parameter (shape factor) and extreme rainfall prediction thereafter, 
there are few standard techniques in frequentist approach (Overeem et  al. 2008; Hai-
legeorgis and Alfredsen 2017; Mélèse et  al. 2018). The Bayesian approach is consid-
ered robust as the uncertainty can be read directly from the posterior distribution of 
any Bayesian analysis carried out on GEV parameters. Whether gamma prior (Coles 
et  al. 2003), or normal prior (Renard et  al. 2013) or beta prior is used (Huard et  al. 
2010; Chandra et  al. 2015; Mélèse et  al. 2018), the posterior distribution returns the 
optimized shape factor. The shape factor for 24  h events is determined as 0.14–0.16 
in India (Ragulina and Reitan 2017). This shape factor is then used to obtain extreme 
magnitudes for different return periods with 95% credible limits. The range of magni-
tude values is specified which limits the uncertainty. The shape factor of GEV is limited 
to − 0.33 to 0.33 for 1–6-h duration extreme rainfall in southern Ontario (Ganguli and 
Coulibaly 2019) which is slightly different from as obtained by Ragulina and Reitan 
(2017) for the same region. A very negative value of shape factor beyond − 0.3 suggests 
a very negative tail signifying the extreme rainfall going beyond the physical bounds of 
extreme rainfall.

This choice of beta distribution allows the extreme value statistical model to predict 
the range of extreme rainfall events with high return period of 50 year or more satisfac-
torily, across the world. The prior distribution of k is represented as (0.5 + k) in the beta 
distribution by the two hyperparameters of the beta distribution, namely, α and β as shown 
in Eq. (6). This is because the shape factor has values in the range of − 0.3 to 0.3, while 
the hyperparameters of the beta distribution take values greater than zero only (the value 
of shape parameter varies between 0.13 and 0.16 for daily rainfall for India (Ragulina and 
Reitan 2017)). When the shape factor is constrained through the Bayesian prior distribu-
tion (k + 0.5), then the Bayesian method gives the best results and restricts uncertainty in 
parameter estimation, which is then transformed to design extreme rainfall intensity.

(5)Π(�∕z) ∝ L(z∕�) ∗ Π(�)

(6)Π(�) ∼ Π(�, �, k) ∝ (1∕�) × (B(k + 0.5∕� = 6, � = 9))
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Therefore,  the prior distribution for θ (assumed to be beta distribution) is reported as 
follows:

Using the beta distribution as the prior distribution of the parameter set and the likeli-
hood value of GEV parameters, the posterior pdf of θ has been obtained as a beta dis-
tribution. Markov chain Monte Carlo (MCMC) method of sampling is used to obtain the 
posterior distribution of parameters using the Metropolis–Hastings random walk method. 
A large sample set of θ (θ1, θ2, θ3, θ4,… θN), is required from the posterior distribution of θ, 
and the MCMC method is used to draw large samples of θ, setting the posterior distribu-
tion of Π (θ/z) as the stationary distribution (Chandra et al. 2015). The MCMC simulations 
can be performed multiple times from which a set of samples can be chosen for obtaining 
the posterior mean of the parameter set. Then, from the posterior distribution, the param-
eter set is substituted in Eq.  (4a) to obtain the extreme intensity magnitudes at specified 
return levels to develop the Bayesian IDF.

By adopting the Bayesian approach, the uncertainty associated with the point estimates 
of parameters is addressed as posterior probability distribution and the analysis is not 
affected by the lack of adequate data on short-duration extreme rainfall events. To deter-
mine the limits of uncertainty in the Bayesian IDF, Bayesian credible intervals (BCI) are 
used, as there is 95% probability that the true parameter lies within this interval. The R 
package “evdbayes” is used to carry out Bayesian analysis of extremes in univariate GEV 
model (Gilleland et al. 2013).

(7)

�
(�) =

Γ(� + �)

Γ(�)Γ(�)
∗ {��−1(1 − �)�−1, 0⟨�⟨1, �⟩0, �⟩0

= 0 elsewhere

Fig. 2  Design rainfall intensities estimated using: a Gumbel and b GEV models for 1-h extreme rainfall 
duration along with upper and lower confidence limits (CI)
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4  Results and discussion

4.1  Development of IDF curves using Gumbel and GEV model

The hourly AMS series are analysed using Gumbel and GEV models, and it is seen that 
up to 5-year return period, the variation in the extreme rainfall prediction is indistinguish-
able amongst the two classical models used for development of IDF (Fig. 2a, b). The IDF 
curves are plotted for return periods of 2, 5, 10, 25, 50, 100, and 200 year. The GEV model 
predicts 27–33% higher intensity for 1-h duration storms than Gumbel model for return 
periods 10 year, 25 year, 50 year, 100 year, which truly represents the upper tail behaviour 
of EVD. The Gumbel model predicts lower intensities than the GEV model because the 
shape factor parameter is absent (GEV has better fit to data as seen through goodness of 
fit tests). The variation in intensity at return period of 100 year between the two classi-
cal models across rainfall durations is shown in Table  1. A narrow uncertainty range is 
seen in the Gumbel model even at large return periods, of 50, 100 and 200 year (Fig. 2a), 
while the uncertainty range is high in the GEV model, as is observed from the large CI 
(Fig. 2b). The difference in the CI widths between the two models is very distinct for the 
higher return periods (Fig.  2a, b). For 50-year return period the Gumbel model returns 
56.37 mm/h, 62.63 mm/h as the lower and upper CI range for the rainfall intensity, mean 
value is 59.50 mm/h, which is narrow as compared to GEV (Fig. 2a). The GEV model CI 
is 64.76 mm/h and 108.00 mm/h, respectively (mean value is 82.31 mm/h). The upper CI 
for GEV is 31.3% higher than the mean and the lower CI is 20.83% lower than the mean for 
50-year return period, and the upper CI for GEV model at 100 year is 38.8% which is wider 
than the upper CI at 50-year return period (Fig. 2b). 

The ratio of estimates of magnitude of rainfall intensities between the Gumbel and GEV 
models at a return period of 100 year for 1-h extreme rainfall is 0.7 (Table 1). In order 
to address the short-duration extreme intensity rainfall which is likely to rise in future 
(IPCC 2014), GEV model with better predictive characteristic needs to be adopted. In cit-
ies like Delhi where thunderstorms result in higher-intensity rainfall events, an extreme 
event of 100 mm/h rainfall intensity of 1-h duration if incorporated using Gumbel model 
will have a very low probability (close to zero, p < 0.005), (Fig.  2a), indicating that the 
return period would be very large, while the GEV distribution would make it probable 
at p = 0.01(Fig. 2b). The wide upper CI range for GEV models at high return periods of 
50 and 100 years increases the uncertainty of prediction of these rare events (these upper 
ranges are similar to what is found using bootstrap resampling on GEV distribution) (Hai-
legeorgis et al. 2013).

Table 1  Maximum likelihood estimation (MLE) of rainfall intensity (mm/h) using Gumbel and GEV mod-
els for T = 100 year (figures in parentheses are the standard errors)

Statistical model Duration (h) Μ Σ k Intensity (mm/h)

Gumbel 1 34.06 (1.60) 9.82 (1.18) – 64.85
3 16.89 (1.04) 6.40 (0.78) – 36.96

24 3.61 (0.18) 1.42 (0.14) – 8.06
GEV 1 34.56 (1.79) 10.13 (1.31) − .09 (0.13) 92.87

3 16.80 (1.12) 6.34 (0.82) 0.02 (0.13) 44.37
24 3.59 (0.19) 1.41 (0.15) 0.03 (0.11) 9.68
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4.2  Uncertainties in rainfall estimates

The frequency and magnitude of short-duration extreme rainfall events are increasing in 
different parts of the world, and this is seen through various global climate model and 
regional climate model predictions and historical observations (Prein et al. 2017; Vu et al. 
2017; Ganguli and Coulibaly 2019). In India, 1-h, 3-h, 6-h, and 12-h duration extreme rain-
fall events have been studied for a period of 1969–2005, across 72 stations by Deshpande 
et al. (2012), and it is found that 25% of the daily rainfall can be in less than 3 h and 80% 
within 12  h. They observe that several rainfall stations recorded more than 100  mm of 
rainfall in 1 h irrespective of whether the station is in very humid western coast (receives 
800–1000 h/year) or semi-arid north-west India (100 h/year). In a place like Delhi which 
receives annual rainfall of 714 mm, it has received 112 mm in 1 h and 137 mm in 3 h, caus-
ing flood hazard. Till date no other study has been undertaken to estimate the uncertainty 
in the magnitude of these storms at various return periods to devise flood risk strategies for 
these hazards.

For extreme magnitudes of 75 mm/h or more for 1-h duration of rainfall (Fig. 2a), the 
Gumbel model assigns a return period more than 200  years (p < 0.005), while the GEV 
model predicts a plausible return period 100 years, p = 0.01 (Fig. 2b). The GEV model has 
the advantage of higher prediction than Gumbel model, but the CI, range is very wide for 
higher return periods (Fig. 2b). The 3-h duration rainfall events are also studied, and simi-
lar differences in prediction uncertainty were found. The Gumbel model showed less uncer-
tainty through narrow range (Fig. 3a), but it predicts 17–21% lower than GEV across return 
periods of 10-year, 25-year, 50-year, 100-year GEV. The GEV model at 50-year return 
period has lower and upper limit of 31.9 mm/h and 52.35 mm/h, respectively (Fig. 3b). It 
is seen that the uncertainty in prediction levels increases with the increase in return period 
and decreases with the increase in the duration of the extreme rainfall (upper CI at 50-year 
return period is 31.3.6%, while at 100 year it is 38.8%, while the lower bounds are 20.83% 
and 23.5% at 50 year and 100 year, respectively). There is a need for having additional 
information to improve the accuracy in estimating the probability of events at higher return 
periods. This additional information is provided through the Bayesian inference which is 

Fig. 3  Design rainfall intensities estimated using: a Gumbel and b GEV models for 3-h extreme rainfall 
duration along with upper and lower limits
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considered more robust than the bootstrap resampling method used for classical approach 
(Van de Vyver 2015; Mélèse et al. 2018).

4.3  Bayesian IDF model

Since the Gumbel model predicts extreme intensity on lower side for all durations includ-
ing 24 h, the GEV model is used for updating IDF using Bayesian approach. The parameter 
estimation of GEV model is used as likelihood data to be adopted for Bayesian analysis. 
The Bayesian analyses do not give a radically different result than MLE; however, its dif-
ference in approach is in the way the uncertainty is expressed and managed. The Bayesian 
posterior prediction is based on the posterior parameter estimation in the form of a prob-
ability density function (pdf). The posterior parameter distribution agrees well with the 
MLE-GEV parameter (shape parameter 1 h-0.09 ± 0.13 and 3 h is 0.02 ± 0.13, Table 1) and 
the informed prior, thereby reinforcing the importance of the prior. The prior is chosen 
from the knowledge (scientific belief) based on understanding of meteorology (Coles and 
Powell 1996). The posterior parameter distribution is sharper than the prior; thereby, the 
prediction narrows the band of limits in the extreme events (Fig.  4). The informed beta 
prior of 0.4 (θ) on the parameter space and the likelihood dataset variation from 0.2 to 0.8, 
takes care of the parameter shape factor variation so that it is in the range of k: − 0.3 to 
0.3, a negative value of shape factor beyond − 0.3 suggests a very negative tail which is 
beyond the physical bounds of extreme rainfall (Martins and Stedinger 2000; Ganguli and 
Coulibaly 2017). For GEV distribution parameters, objective priors are taken on location 
and Jeffreys for scale and subjective beta prior for shape, and there is no consensus on the 
choice of Bayesian priors (Chandra et al. 2015; Van de Vyver 2015; Mélèse et al. 2018). 
Choosing the informed prior of 0.4 based on expert opinion and scientific belief has been 
crucial in obtaining the posterior (Martins and Stedinger 2000; Huard et  al. 2010). The 
resulting posterior distribution of θ using MCMC and “evdbayes” in R, narrows down the 
probabilistic variation of the parameter (Fig.  4). The posterior distribution of parameter 
thus obtained is transformed in the GEV distribution, with revised means, standard devia-
tion, and confidence limits which leads to development of the Bayesian extreme rainfall 
intensity return levels for different return periods.

The classic GEV model has large band widths in confidence intervals (CI) at higher 
return levels. Bayesian approach reduces the band width, and the resultant reduced band 

Fig. 4  Bayesian prior, likelihood, 
and posterior distribution of 
parameter (theta, θ)
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width is referred to as Bayesian credible limits (CL). The Bayesian credibility limits 
improve prediction of extreme rainfall intensities and thus is found to more robust in uncer-
tainty estimation than CI (Fig. 5).

The results of the updated Bayesian model are compared with the GEV model esti-
mates for the 1-h duration rainfall. The lower and upper credible limits for 1-h duration 
rainfall for 50-year return period is 65.57 mm/h, 101.57 mm/h which is lower than upper 
CI of 108 mm/h for GEV, while for 100 year it is 69.64 mm/h and 122.03 mm/h (lower 
than upper CI of 128.9 mm/h for GEV) as shown in Fig. 5. The mean of the extreme 
magnitudes is below the mean obtained from the GEV model (79.1  mm/h instead of 
82.31 mm/h at 50 years and 88.23 mm/h instead of 92.31 mm/h at 100 years). The cali-
bration effect of the informed prior in the updated Bayesian IDF curve can be seen from 
the lower mean value of Bayesian curve (blue line in Fig. 5). The upward revision of the 
extreme rainfall magnitude is important to incorporate in design of water conservation 
measures and assist in mitigation strategies for natural hazards.

The Bayesian IDF prediction curve is developed for 3-h rainfall duration too, and the 
rainfall intensity for 3 h shows narrow BCI at 50-year return (36.55 mm/h, 49.71 mm/h) 
period as compared to the GEV model (31.91 mm/h, 52.35 mm/h) which points to the 
reduction in parameter uncertainty by reducing the range of extreme rainfall intensity to 
between 36.55 and 49.7 mm/h at 3-h duration using Bayesian approach in comparison 
with GEV-MLE model (Fig. 6).

The 1-h and 3-h duration storms are compared with the 24-h duration storm, and 
the GEV MLE model with the Bayesian approach for 24-h duration shows that both 
the GEV CI and the Bayesian CI are narrow (Fig. 7). The study shows that the uncer-
tainty in the extreme values is larger for short-duration rainfalls, while for 24 h extreme 
event is narrow even for 100-year return period for GEV model (7.71–12.47 mm/h) and 
Bayesian model (8.37–14.23 mm/h); however, for 24-h duration extreme rainfall Bayes-
ian approach provides higher values than the corresponding GEV model and may prove 
to be a better estimate of range (Fig. 7).

Fig. 5  GEV and Bayesian 
models for 1-h extreme rainfall 
duration showing the mean and 
upper and lower credible limits 
of prediction. The shaded region 
indicates the credible interval 
of the Bayesian model, design 
intensity of 20 mm/h for city 
stormwater drainage (NCRPB 
2016) is much lower
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In comparison with Gumbel, GEV predicts higher extreme rainfall intensity cor-
responding to various return periods and durations (for 1-h duration the increase in 
extreme rainfall intensity is from 27 to 33% for return periods 10 years and higher, 3 h 
and 50-year return period—20%, 3-h and 100-year return period—20.6%, 24 h at simi-
lar return periods—10%). The projected changes in short-duration rainfall allude to the 
mechanisms which cause convective updraft to cause moisture increase in the atmos-
phere locally, and GEV model proves to be a better fit model. Thus, flash flood poten-
tials of short-duration storms can be predicted by the GEV model.

In this study with the inclusion of posterior inference in the IDF curve estimation 
process, the uncertainty in prediction range is addressed. It is found that the prior 
information has a calibration effect on the MLE GEV classical approach estimation 
which is seen from the precision provided by the credibility intervals. The MCMC 

Fig. 6  GEV and Bayesian mod-
els for 3-h extreme rainfall dura-
tion showing the mean and upper 
and lower confidence limits of 
prediction. The shaded region 
indicates the confidence interval 
of Bayesian model

Fig. 7  GEV and Bayesian model 
for 24-h extreme rainfall dura-
tion showing the mean, upper, 
and lower confidence limits of 
prediction
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procedure allows the most optimized posterior parameter characteristics to be adopted 
for prediction. The Bayesian updating of IDF values provides 95% chance that the inten-
sity estimate for 1  h storm will be 38.19–38.45  mm/h for a return period of 2 year, 
54.33–65.17 mm/h for 10-year return, 61.07–84.19 mm/h for 25 year and for 50 year is 
within 65.57–101.57 mm/h, for 100 year the intensity estimate varies from 69.64 mm/h 
to 122.03 mm/h. Very few studies examine uncertainty in IDF curves for extreme hourly 
rainfall in detail, and this study uncertainty estimates may be applied in ungauged basins 
in similar geographical regions.

Extreme events are rare; they must be analysed with greater robustness as they are 
likely to increase in the future and any underestimation leads to flood risk. It is seen 
from this study that temporal variation of extreme rainfalls with uncertainty estimates 
for different durations with relatively narrow BCI reduces the risk of unrealistic return-
level predictions at higher return periods (Gilleland et al. 2017). The Bayesian posterior 
distribution has a calibration effect on the GEV predictions and reduces the upper range 
of uncertainty in the GEV probability model prediction from a range of 16–31% to 
10–28.4% for return period varying from 10 to 50 year for 1-h storms. The NCT Delhi 
has changed considerably due to rapid urbanization such that the typical routes of infil-
tration and natural hydrological channels have reduced so adoption of updated Bayesian 
IDF (which resolves model and parameter uncertainty) is capable to assess flash flood 
generated from extreme events.

5  Conclusions

Prediction of hourly and subdaily rainfall extremes is critical in hydrologic design at 
local level; however, they are not captured in global and regional climate models owing 
to spatial and temporal resolution issues. The causes of such local extremes due to con-
vective precipitation go unnoticed in semi-arid regions. Our methodological approach 
includes model and parameter uncertainty estimation with focus on improving the GEV 
parameter values through Bayesian posterior distribution. The more reliable Bayesian 
credible limits guide in informed decision making for the hydraulic design of stormwa-
ter infrastructure. For a city like Delhi with existing infrastructure the updated reliable 
estimates of extreme intensities will help in flood mitigation through implementation of 
blue green subsystems.

The current storm water infrastructure of NCT Delhi is unable to cope especially in 
low-lying areas as they are designed using the high probability, low consequence design 
approach (the uncertainty if not measured in rainfall estimates will propagate to storm run-
off estimates too). The megacity is left with very minimal natural sinks to cope with natural 
hazards which will occur in the uncertain future. IDF curves of the past which were used to 
determine the rainfall estimates for storm runoff generation do not account for uncertainty, 
while there is an upward revision in the extreme rainfall intensities by 27–33% for differ-
ent return periods in 1-h duration which is the most common rainfall category in Delhi. 
This study contributes towards providing a methodology for improving the prediction of 
extreme rainfall events which is needed in data sparse semi-arid region for 1-h, 3-h, 24-h 
extreme rainfall events which have not been done earlier and may be adopted in smaller cit-
ies and towns in the semi-arid region. However, the linkage of extreme magnitude rainfall 
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of short-duration with other climate variables has not been considered in this study, which 
may be taken up in a future study.
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