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Abstract The retrieval of stable and reliable empirical
Green’s functions using ambient seismic noise plays a
major role when studying the Earth’s structure at various
scales. High-resolution noise correlation functions are
obtained in the NW of Iran by processing techniques
including dividing the continuously recorded raw data
into short (i.e., 10 min) overlapping (i.e., 80%) time
windows. We compare four stacking methods (i.e., lin-
ear, RMS, RMS ratio, and Nth-root stacking methods)
to study robust and stable inter-station empirical Green’s
functions. Our results indicate that the new RMS ratio
method of stacking would be the optimal method to
stack coherent signals. In other words, this method
tackles problems including low signal-to-noise ratio
(hereafter SNR) value, distortion of wave shape, and
phase instability/unstable polarity treatment. In addition
to noise correlation functions, we propose another strat-
egy for the computation of the empirical Green’s func-
tions. In this technique, the cross-correlation of scattered
coda waves of the calculated noise correlation functions
is performed individually. In addition to coda window
length, we also investigate another effective parameter,
the geometry of various virtual stations to obtain reliable

empirical Green’s functions from the scattered coda
waves of correlation functions with high SNR. The error
of the velocities of Rayleigh wave empirical Green’s
functions is on the order of approximately 0.6%, when
compared to ambient seismic noise and scattered coda
waves for a period band range of 3–10 s.

Keywords Ambient seismic noise . Cross-correlation .

RMS ratio stacking . Scattered codawaves . Virtual
stations geometry . Empirical Green’s functions

1 Introduction

In recent years, the extensive increase of seismic
tomographic studies led to the development of a
powerful method to study the Earth’s structures,
i.e., the ambient seismic noise method. Many theo-
retical studies (e.g., Weaver and Lobkis 2001;
Wapenaar 2004; Snieder 2004; Roux et al. 2005;
Gouédard et al. 2008) illustrated that the correlation
of a continuous random wavefield passing through
two receivers at the same time recording will result
in inter-station empirical Green’s functions (hereaf-
ter EGFs). Some of the most important features of
this method can be summarized as ease of opera-
tion, propagation in a wide frequency range, and
independency from seismic sources in addition to
repeatability (e.g., Shapiro and Campillo 2004).
The ambient seismic noise method also plays a
major role in recovering subsurface structures espe-
cially in aseismic regions where traditional passive
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earthquake tomography or seismic exploration
methods are not applicable for unraveling the
Earth’s structure (Shapiro and Campillo 2004;
Prieto et al. 2009). Because surface waves are
dominant in the ambient seismic noise wavefield,
the ambient seismic noise method has been widely
used in surface wave studies, such as travel time
tomography to produce phase and group velocity
maps at different scales (Shapiro et al. 2005; Yang
et al. 2007; Stehly et al. 2009; Li et al. 2013;
Brandmayr and Vlahovic 2016; Lehujeur et al.
2017). Many researchers have also applied the am-
bient seismic noise method in various research
fields such as detecting different environmental
(i.e., petroleum, geothermal, hydrothermal) reser-
voirs (Mordret et al . 2013; Bakulin et al .
2007; Lehujeur et al. 2015, 2017; Spica et al.
2015), volcano studies (Sens-Schönfelder and
Wegler 2006; Brenguier et al. 2008; Obermann
et al. 2013; Shomali and Shirzad 2015), landslide
monitoring (Renalier et al. 2010; Mainsant et al.
2012), retrieving body waves at various inter-
station distances (Poli et al. 2012; Lin et al. 2013;
Shirzad and Shomali 2014), and studies of fault
planes (Shirzad et al. 2017). Due to the uneven
distribution of seismic noise sources, retrieving dif-
ferent lags of EGFs is strongly biased by azimuthal
inhomogeneities of the energy flux (Stehly et al.
2006; Pedersen et al. 2007; Froment et al. 2010;
Landès et al. 2010). Furthermore, various parame-
ters including quality of data, processing tech-
niques, different stacking algorithms, frequency
content of signals, time window length, and overlap
percentage influence the quality of the extracted
EGF signals (e.g., Seats et al. 2012; Shirzad and
Shomali 2015).

Campillo and Paul (2003) indicated that extracting
coherent surface wave information would be possible
using coda waves generated by earthquakes along large
distances within Mexico. In the actual Earth, distribu-
tion of sources of the ambient seismic noise is not
uniform around station pairs. Therefore, stability and
quality of retrieved inter-station EGFs clearly depend
on the particular directions that energy flux comes.
Scattered coda waves, sampled randomly and repeated-
ly as parts of wave propagations, are similar to ambient
seismic noise. Therefore, scattered coda waves contain
valuable information about the propagation properties
of the media to solve the azimuthal distribution of

energy flux problem. For instance, many researchers
(e.g., Spica et al. 2016; Ma and Beroza 2012; Stehly
et al. 2008) extracted EGFs from scattered coda wave
windows of noise correlation functions (hereafter
NCFs).

In this paper, we present how stable and reliable
inter-station EGFs (hereafter optimum EGFs) can be
extracted in a regional study case using ambient seismic
noise and scattered coda waves of the NCFs. Therefore,
the effect of various effective parameters such as time
window length is first considered, and four stacking
methods are then investigated, e.g., linear (hereafter
LIN; Bensen et al. 2007), root-mean-square (hereafter
RMS), root-mean-square-ratio (hereafter RMS-R), and
Nth-root (hereafter NTH; McFadden et al. 1986) stack-
ing methods. Finally, the obtained EGFs from the am-
bient seismic noise (hereafter C1) are compared with
those from the scattered coda waves of the C1

(hereafter C3, i.e., correlation of coda of correlations;
Stehly et al. 2008) at similar distances.

2 Data and methods

2.1 Study area and dataset

The Azerbaijan region, NW Iran, is located at the border
of Turkey, Armenia and Azerbaijan in the northern part
of the Zagros region, Iran. It is also located in the
northwestern Alborz Mountains Belt, Iran (Fig. 1a).
The study area includes two active volcanoes, Sahand
and Sabalan volcanoes, and also some active faults
where the catastrophic Ahar–Varzaqan earthquake
(Mw 6.5) occurred on Aug. 11, 2012.

In this study, we processed the vertical compo-
nent of continuous seismic noise (data) recorded at
seven stations with inter-station distances ranging
between 47 and 198 km, depicted in Fig. 1a. These
stations, as a part of the permanent array of the
Iranian Seismological Center (IrSC), are equipped
with short period sensors (Kinemetrics SS-1), and
the continuous data were recorded with 50 samples
per second (sps). The data used in this study was
collected over approximately 13 months from De-
cember 2011 to December 2012. However, some of
the studied stations recorded data for only a few
months (e.g., see Fig. 1a, AZR). The data availabil-
ity for each station is depicted as a histogram in the
left bottom panel of Fig. 1a.
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2.2 The correlation methods

2.2.1 C1 method

Seats et al. (2012) showed that signal-to-noise ratio
(SNR) of inter-station EGFs was enhanced using
overlapping and shortening of the time window com-
pared to the classical common low-frequency pro-
cessing technique outlined by Bensen et al. (2007).
Notably, the SNR value was defined as a ratio of the
maximum peak of the envelope within expected
signal windows to the RMS value in noise windows
(Bensen et al. 2007). In this study in order to obtain
the optimum shortened time window (hereafter STW)
length, continuous raw data were first divided into five
STWs: 10, 15, 20, 30, and 60 min. All possible combi-
nations of matched sensor types were then used for
further processing in order to avoid instrument response
correction (e.g., Cho et al. 2007). After removing the
mean and trend, we applied band-pass filtering between
0.1 and 0.33 Hz and then decimating all STW to 10 sps.

To suppress the predominance of earthquake signals,
human activities, and the existence of non-stationary
sources with high amplitudes on calculated signals, we
also considered time domain normalization of STW
(Bensen et al. 2007; Lin et al. 2008). The results were
thus separately investigated for the raw data (without
time domain normalization; Cupillard et al. 2011), one-
bit normalization (all positive amplitudes = + 1; all neg-
ative amplitudes = − 1), and running absolute mean
(Bensen et al. 2007) normalization. Figure 1b shows
10 min time windows on Sep. 28, 2012, including
raw data (top panel), one-bit (middle panel), and
running absolute mean (bottom panel) normalizations
in the period band of 3–10 s. We also applied fre-
quency domain whitening normalization for each of
the three groups of the time domain normalized
dataset, separately. Finally, to obtain NCFs, all pre-
pared STW were correlated with similar normaliza-
tion techniques (e.g., one-bit, running absolute mean)
for all possible station pairs with 80% overlapping
length (Seats et al. 2012).

Fig. 1 a Map shows the study area and stations used (gray
triangles). Solid black polygon depicts some important active
faults in the Azerbaijan area. The location of the Ahar–Varzaqan
earthquake that occurred on Aug. 11, 2012 (Mw 6.5) is denoted by
the black star. Histogram in the left bottom shows available data
for each station during Dec. 2011 to Dec. 2012. b Top panel shows
a 10min period of continuous data including a microearthquake
with Nuttli magnitude (Nuttli 1973) MN 2.5, which was recorded

at TBZ station on Sep. 28, 2012 (raw data). Middle panel shows
one-bit normalization result. Bottom panel illustrates running ab-
solute mean normalization, whereby the waveform was normal-
ized by running absolute mean within a 50-s time window at the
center of each sample (Bensen et al. 2007). In the top panel is
shown a 40-s window around the microearthquake shown in the
two bottom panels
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2.2.2 C3 method

In general, the energy flux of ambient seismic noise
is non-uniformly distributed (Froment et al. 2010;
Weaver et al. 2009), and it is dominated by some
particular azimuthal directions. Thus, to reconstruct
Rayleigh wave inter-station EGFs, Stehly et al.
(2008) suggested that taking a temporary third sta-
tion, which is termed a virtual station, overcomes
these azimuthal energy directions. As a rule of
thumb, after preparing single station raw data (Sect.
2.2.1), cross-correlations between both stations and
virtual stations were carried out and the results
termed NC1Fs. Afterwards, the coda wave of calcu-
lated NC1Fs were cross-correlated, which is termed
the C3 method, to calculate NC3Fs (Safarkhani and
Shirzad 2017; Sheng et al. 2018). It should be noted
that the number within NCF hereafter refers to the
cross-correlation method.

In this study, we fixed the beginning of the codawave
window (hereafter CWW) equal to two times the Ray-
leigh wave travel time in NC1Fs. To determine the
optimal CWW length, we selected different window
lengths of 120, 180, 230, and 280 s for each NC1F
(10 min NC1F; see Sect. 3.2). In this study, coda corre-
lation functions were restricted to the pairs recorded at

the same time. Similar to the C1 method, EGFs from
different CWW lengths were then calculated using two
types of time domain normalizations, one-bit and run-
ning absolute mean.

2.3 The stacking methods

In this study, extraction of inter-station EGFs based on
RMS-R stacking was included according to the following
major steps. In the first step, the ratio of RMS values
within the signal windows to zero lag (Pedersen et al.
(2007); from zero to start of the signal window) was
computed for all NCFs for three individual time domain
normalization groups. In brief, we calculated this value as
RMS-R = RMSexpected_signal_window/RMSzero_lag. Then, in-
dividual RMS curves were formed by sorting the calculat-
ed RMS-R values. Notably, RMS curves of the corre-
sponding first 7000 NCFs retrieved by three individual
time domain normalization groups are depicted in Fig. 2
for station pair TBZ–MRD. The threshold value, which is
specified as the number of NCFs used in the stacking
procedure, is defined based on the change in gradient
(second derivative) of the RMS curve. Although the
RMS value of NCFs may extremely differ in the begin-
ning, our investigations indicated that changing gradient of
RMS curves is almost similar for all station pairs in the

Fig. 2 RMS curves illustrating the RMS value ratio
(RMSexpected_signal_window/RMSzero_lag) of individual NCFs in de-
scending order versus the first 7000 NCFs for three category time

domain normalizations. The threshold value (first 3500 NCFs) is
depicted by different colors (raw with blue, running absolute mean
normalization with red, one-bit with black)
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study area which can be explained by the distribution of
background energy flux in the study area. In the current
study, threshold values were determined to be on the order
of 3500 for 10 min time windows (NC1F) in all station
pairs. In simple terms, in the RMS-R stacking method,
3500 NC1Fs (for a 10min time window) were selected for
further processing which is depicted by different colors in
Fig. 2 for the three groups of time domain normalization:
raw data (blue), one-bit (black), and running absolute
mean (red) normalization. The selection process makes
an important distinction between RMS-R stacking and
classical type of RMS value stacking (e.g., RMS stacking)
method. For investigating NC1F selection, Shirzad and
Shomali (2013) showed that the quality of EGFs was
enhanced using stacking of non-consecutive signal win-
dows with high RMS values. In a variation of RMS-R
stacking procedure, the incoherent NCFs are rejected by
two individual conditions. The first condition includes the
number of NCF (i.e., 3500 in Fig. 2) with large RMS-R
values that correspond to a change in gradient of the RMS
curve. The second condition is an enhancement of the
SNR values of the calculated signal that ensured the
measurement results to agree with one another. In conclu-
sion, less similar non-consecutive NCFs (rejecting by both
conditions) are avoided in the RMS-R stacking method,
and well-correlated NCFs with the highest RMS-R value
within the signal window are exactly used.

We applied the NTH stacking (Kanasewich et al. 1973;
McFadden et al. 1986) method for the selected 3500
NC1Fs. In the NTH stack, the mean of the NTH of each
NC1F is raised to the Nth power while preserving the
actual sign of each sample. Small coherent signals can be
extracted more efficiently by the NTH stacking method
than by the classical LIN stacking algorithm (McFadden
et al. 1986). In addition, this stackingmethod is generally a
non-linear procedure, which enhanced the SNR of signals
at the expense of reduced background noise. In order to
suppress incoherent energy, the NTH stacking procedure
is preferable to the LIN stacking method (McFadden et al.
1986).

3 Results

3.1 Comparing different stacking methods

The LIN (Bensen et al. 2007), RMS-R, and NTH
(McFadden et al. 1986) stacking methods were
applied for selected 3500 NC1Fs which are

calculated for three individual time domain normal-
ization groups. Retrieved signals using LIN, NTH
stacking, and RMS-R stacking methods are
depicted in Fig. 3a, b, and c, respectively for sta-
tion pair TBZ–MRD (inter-station distance ~
66 km) in the period range of 3–10 s. According
to the average group velocity of Rayleigh waves
and inter-station distances, the signal window for
each inter-station EGF was defined within 20 s
around the expected arrival time of the fundamental
mode Rayleigh waves (gray columns in Fig. 2) at a
period band of 3–10 s. The corresponding RMS
value of the calculated signal in stacking processing
was, in fact, proportional to enhance SNR value as
shown in the bottom panel of Fig. 3a, b, and c
(e.g., Shirzad and Shomali 2013). The SNR curves
were computed for LIN, NTH and RMS-R stacking
in the bottom panel of Fig. 3a, b, and c.
Concerning the NTH stacking method, the power
(N value) depends on some parameters such as
noise level and the SNR of signals (McFadden
et al. 1987). Consequently, in this study, we choose
N = 3 after testing several values.

To retrieve inter-station EGFs in a homogenous me-
dium, we require a closed surface of sources which are
surrounded by the receivers (Snieder 2004). All sources
located in the Fresnel zone (sources on or near a line that
passes through the station pair; stationary sources) affect
the definition of the inter-station EGFs (Wapenaar et al.
2010). The adverse effects of non-stationary sources (all
sources outside of the Fresnel zone) for retrieving inter-
station EGFs are not canceled when the source distribu-
tion is incomplete/non-uniform. According to occur
more than 800 earthquakes in the study area, and more
than 10 large earthquakes around the world at the same
time the ambient seismic noise was recorded, some
denoising (e.g., Baig et al. 2009) and cutting with strong
energies (e.g., Poli et al. 2013; Zigone et al. 2015; Seats
et al. 2012) methods may be not appropriate methods to
obtain optimum EGFs. Because the non-diffuse earth-
quake’s coda wave energy could affect directly on re-
trieved inter-station EGFs. Therefore, in addition to
denoising the deterministic signals (e.g., earth-
quakes), stationary and non-stationary signals
should be considered when the distribution of
sources would be not uniform. Therefore, the in-
terferometry methods (e.g., cross-correlation of
ambient seismic noise) require a stacking process
that uses non-consecutive NC1Fs calculated from
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stationary sources and avoids the non-consecutive
NC1Fs calculated from non-stationary sources.

To retrieve optimum EGFs, some studies (e.g., Melo
et al. 2013) applied the Eigen vectors and Eigen values
using a calculated NC1F matrix based on the singular
value decomposition problem. However, the RMS
stacking method, which is based on energy within a
signal window (energy of stationary sources), was orig-
inally developed by Picozzi et al. (2009) for very high
frequency data (i.e., 5–14 Hz). Shirzad and Shomali
(2013) further extended this method with three main
constraints. First, the stacking process is stopped auto-
matically when the number of noise cross-correlation
functions (NC1Fs) used in the stacking process becomes
greater than a given threshold value. The second con-
straint is that the measurement results must agree with
one another. Finally, RMS stacking was applied for each
phase (i.e., surface or body waves) separately, based on
a signal window defined around each phase (Shirzad
and Shomali 2014, 2015). Although Shirzad and
Shomali (2013) obtained inter-station EGFs with high

SNR value using these constraints rather than the results
of the classical LIN method, the phase of the extracted
EGFs was not discussed.

In order to extract inter-station EGFs using the RMS
stacking outlined by Shirzad and Shomali (2013), we
repeated all EGF retrieval steps including pre-
processing (e.g., remove mean and trend, time and fre-
quency domain normalization), cross-correlation, calcu-
lating RMS value within the expected signal window of
NCFs, sorting calculated RMS values and then forming
the RMS curve, defining the threshold value, and stack-
ing. The inter-station EGFs of 10, 15, 20, 30, and 60min
time windows retrieved using the RMS stackingmethod
are shown in Fig. 4 for the TBZ–MRD station pair. In
this figure, a comparison of extracted inter-station EGF
using RMS stacking (red) and RMS-R stacking (black)
methods for similar time window lengths indicates that
the polarity of inter-station EGFs gets flipped in differ-
ent signals obtained using RMS stacking (e.g., 10 and
60 min time windows). In addition, we face incomplete
retrieval of EGFs in some time window lengths (e.g., 15

Fig. 3 The result of different stacking methods using three time
domain normalization techniques: a raw data, b one-bit, and (c)
running absolute mean normalization for station pair TBZ–MRD
(inter-station distance ~ 66 km) in the period band of 3–10 s. For
each panel, each signal corresponds to the result which is produced
by linear (LIN) stacking of NCFs (light gray), application of Nth-
root (NTH) method using LIN stacking withN = 3 (red), and RMS
ratio (RMS-R) stacking method (black). Gray shadow columns

show the expected signal window used in the calculation of RMS
values. Bottom panels show the enhancement of SNR values of
calculated signal ensured the measurement results to agree with
one another. The horizontal axes of these panels indicate the
number of NCFs used in the stacking for three stacking methods
(LIN with light gray, NTH with red, RMS-R stacking with black
colors)

792 J Seismol (2019) 23:787–799



and 30 min time windows) by the RMS stacking
method.

3.2 Results in terms of length of correlation

In order to investigate the effect of time window length
on stability and reliability of the extracted EGFs using
RMS-R stacking, we repeated all EGF retrieval steps,
e.g., pre-processing, cross-correlation, and stacking to
obtain individual time window EGFs for the 3–10 s
period range for different time window lengths, i.e.,
10, 15, 20, 30, and 60 min. Figure 5a shows the extract-
ed EGFs of station pair TBZ–MRD calculated using
different time window lengths based on one-bit (black)
and running absolute mean (red) time domain normali-
zations. The corresponding SNR increment curves of
corresponding retrieved EGF signals, which are calcu-
lated by one-bit and running absolute mean normaliza-
tion, are also depicted in the bottom and upper panels of
Fig. 5b, respectively. The SNR increment curve (Fig.
5b) showed that by stacking a similar number of NC1Fs,
which are used in the RMS-R stacking, the retrieved
EGF signals resulting from 10 min time windows have

larger SNR values compared to other time window
lengths. Accordingly, the 10min time windows are con-
sidered as basis NC1Fs in order to construct CWWs
(NC3Fs in C3 method). Although the non-equality num-
ber of NCFs for different time windows may have a
debate in retrieved EGFs, the number of excited sources
will not be the same, if NCFs of time windows are
checked with the same number. For example, if the same
number of NCFs is used for stacking procedure, thus the
number of sources excited for 10 min time window is 6
times less than the sources excited for the 60 min time
window. In this study, we assumed that the number of
sources is constant during the continuous data recorded
for all time windows.

In accordancewith the RMS-R stacking, we retrieved
inter-station EGFs from calculated NC3Fs. Figure 5c
shows the extracted EGFs using the RMS-R stacking
method of NC3Fs (C3 or CWWs of the 10 min time
window from C1 method) for various time window
lengths for the TBZ–MRD station pair with SHB as
the virtual station (Sect. 3.3) in the period band of 3–
10 s. SNR increment curves of the extracted EGFs with
various time window lengths during RMS-R stacking,

Fig. 4 Comparing EGFs which are retrieved using RMS stacking
method (red) and RMS-R stacking (black). All results are calcu-
lated by the C1 method corresponding to station pair TBZ–MRD

using different time window lengths (10, 15, 20, 30, and 60min) in
the period band of 3–10 s
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which correspond to one-bit and running absolute mean
normalization, can also be observed in the bottom and
upper panels of Fig. 5d, respectively. The optimal CWW
length was then selected as the one which produces
large SNR values. Furthermore, considering the time
window length in the C3 method, it can be seen that
the SNR curve for the 180 s CWW length is larger than
the other CWW lengths (Fig. 5d). The results of com-
paring different time window lengths in C1 and C3

methods are illustrated in Table 1.

3.3 Influence of array geometry of various virtual
stations on retrieving EGFs using the C3 method

The effects of station geometry used in the C3 meth-
od were investigated for the TBZ–MRD station pair.
Figure 6a shows the extracted EGFs of station pair
TBZ–MRD for various virtual stations (AZR, BST,
HRS, SHB, and SRB). The inter-station distances
and azimuth between various virtual stations and
station pair TBZ–MRD are listed in the Table 2.
However, it is more suitable to compare the array
geometry when other possible effects stay the same,
e.g., data availability. Thus, the cross-correlation
operator runs for common time recorded in all sta-
tions. It should be noted that the signal shown in the
bottom of Fig. 6a depicts the retrieved signal using

the C1 method (10 min NC1Fs) from the same avail-
able data as used for the C3 results. We also com-
pared the travel time of maximum energy associated
with the extracted EGFs using the C3 and C1

methods within the signal window. Figure 6b and c
show the overlay of negative and positive lag times
for extracted EGFs (upper panels) and the corre-
sponding envelope (bottom panels) within the signal
window, respectively. In the ideal case, when the
distribution of energy is completely uniform around
station pair, all signals (energy) emanated from
sources outside the Fresnel zone (non-stationary
zone) were canceled out using simply LIN stacking,
whereas the non-stationary energy will not be
completely canceled when the distribution of energy
is non-uniform in the study area and consequently
will appear as an artifact in retrieved EGFs. Based
on Fig. 6b and c, the relative values in error veloc-
ities corresponding to EGFs with virtual stations
AZR, BST, HRS, SHB, and SRB and inter-station
EGF extracted using the C1 method are approxi-
mately 2%, 0.9%, 0.6%, 0.5%, and 0.5% approxi-
mately. The error velocities for extracted virtual
stations C3 EGFs suggest that the retrieved signals
are fairly agreement/fit with C1 EGF signal except
for the AZR station may be due to the insufficient
data recorded time. Our investigations show that in

Fig. 5 a Results from the C1 method corresponding to station pair
TBZ–MRD using different time window lengths (10, 15, 20, 30,
and 60 min) in the period band of 3–10 s. EGFs resulted from two
time domain normalization techniques: running absolute mean
(red) and one-bit (black) normalization. Raw data technique was
not shown because of the low SNR value. b SNR increment versus
number of NC1Fs for different window lengths in one-bit (bottom
panel) and running absolute mean (top panel) normalizations. c

The EGFs from the C3 method are depicted for different coda
wavewindow (CWW) lengths (120, 180, 230, 280 s) using one-bit
(black) and running absolute mean (red) time domain normaliza-
tion for station pair SHB–TBZ–MRD (SHB is the virtual station).
d SNR curves versus number of coda correlation functions for
different CWW lengths in one-bit (bottom panel) and running
absolute mean (top panel) normalizations. Gray shadow columns
show the expected signal windows
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most virtual station signals, the error velocity is less
than approximately 0.6% which is in the range of
the dispersion measurement error bars calculated for
surface wave tomographic procedure. This error can
cause/excite by the different number of non-
consecutive NCFs, which are in agreement together
in stacking procedure and/or multi-path traveling of
surface wave (Capon 1970; Bungum and Capon
1974; Ji et al. 2005; Xia et al. 2018).

4 Discussion

4.1 Optimal stacking method

The main purpose of this study is the extraction of
optimal EGFs applied on the IrSC dataset recorded in
the Azerbaijan region, NW Iran. In this regard, we
investigated the extraction of EGFs using ambient seis-
mic noise for various time window lengths, different
time domain normalization techniques, and stacking
methods alongside improving the RMS stacking meth-
od. Comparing the extracted EGF signals using various
stacking approaches indicated that the quality and SNR
of retrieved EGF signals using RMS-R stacking are
significantly greater (approximately two times) than
the SNR of retrieved EGFs using the LIN stacking
method. Besides, in comparison with NTH stacking,
although the SNR of retrieved EGFs are of lower order,
RMS-R stacking can retrieve signals without any sharp-
ening and distortion in the frequency content (shape of
waveform; McFadden et al. 1986). We evaluated the
correlation coefficients of the retrieved EGF signals
with various time domain normalizations. The corre-
sponding correlation coefficients were in the same or-
der; thus, we decided to compare SNR increment curves
as a measure to obtain the optimal inter-station EGFs.
Inspection of SNR increment curves during the stacking
procedure shows that the corresponding stable signals

Table 1 Final STW and CWW lengths for further processing in
this study

C1 method One-bit normalization Running absolute mean
normalization

✓ 10 min ✓ 10 min

✗ 15 min ✗ 15 min

✗ 20 min ✗ 20 min

✗ 30 min ✗ 30 min

✗ 60 min ✗ 60 min

C3 method (10 min) One-bit
normalization

(10 min) Running
absolute mean
normalization

✗ 120 s ✗ 120 s

✓ 180 s ✓ 180 s

✗ 230 s ✗ 230 s

✗ 280 s ✗ 280 s

Fig. 6 a Influence of array geometry on the resulting signals/
EGFs from the C3 method for different virtual stations (AZR,
BST, HRS, SHB, SRB). Bottom trace depicts EGF from the C1

method for station pair TBZ–MRD (with inter-station distance ~

66 km) in the period range 3–10 s. Right-hand panels show
geometry of the network. Overlay and envelope of EGFs from
C1 and C3 are shown for positive (b) and negative (c) lag times.
Gray shadow columns show the expected signal windows
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emerge and appear 1.1 times faster for the one-bit time
domain normalization pre-processing method than for
the running absolute mean normalization pre-processing
technique (bottom panel of Figs. 3a, b and 5b, d).
Although this result may not be significant for an array
with few stations (e.g., the seven stations of this study),
it would be appropriate/adequate for an array with many
station pairs. High SNR values of EGF signals would be
possible using a 10 min STWand 180 s CWW length in
the C1 and C3 methods (Fig. 5b, d). Notably, the com-
bination of the inter-station distance and the degree of
the heterogeneity in seismic structure (i.e., weak, strong
scattering) could affect the STW and CWW length for
the C1 and C3 method, respectively.

4.2 The polarity issue

In this study, instead of the RMS stacking method
(Shirzad and Shomali 2013), we improved and applied
the RMS-R stacking method. The RMS stacking meth-
od retrieves inter-station EGFs using a comparison of
stationary source energy (RMS value within expected
signal window), whereas the RMS-R stacking method
considers the ratio of stationary source energy to non-
stationary source energy (RMS value within zero lag).
As shown in Fig. 4, although the envelopes of the
retrieved inter-station EGFs have consistent peak times
with both stacking methods, the phases of inter-station
EGFs retrieved using RMS stacking are unstable for
different time window lengths.

4.3 Comparison of the delay times between C3 functions

Considering different virtual stations, the variety of
traveled paths by Rayleigh waves would increase. With
regard to surface/Rayleigh waves, multi-pathing due to
crustal heterogeneities (Capon 1970; Bungum and
Capon 1974; Ji et al. 2005; Xia et al. 2018) may arrive
to the virtual stations by different paths at different
arrival times. Investigation of the geometry of the virtual
station with respect to the other stations used in C3

application indicates that the error of velocities corre-
sponding to extracted EGFs is on the order of 0.6%.
Because of small variations in travel time differences,
the SHB station was used as a virtual station in the study

Table 2 Inter-station distances and azimuth between various vir-
tual stations and TBZ and MRD stations individually

Virtual
station

Station pair Inter-station
distance (km)

Inter-station
azimuth (deg)

AZR AZR-TBZ 63 13.2

AZR-MRD 117 348

BST BST-TBZ 88 312.8

BST-MRD 153 317.7

HRS HRS-TBZ 78 263.5

HRS-MRD 125 291.1

SHB SHB-TBZ 47 96.4

SHB-MRD 48 8.6

SRB SRB-TBZ 140 289.5

SRB-MRD 198 300.6

Fig. 7 Extracted EGFs corresponding to all station pairs in the period band of 3–10 s from the C1 (a) and C3 (b) methods. The velocity range
of fundamental mode Rayleigh waves is outlined for positive and negative lag times
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area. Notably, the SHB station has maximum data avail-
ability (the bottom-left panel of Fig. 1a) and is located
almost at the center of the study seismic network.

The extracted EGFs of all possible station pairs ver-
sus the inter-station distances for the C1 and C3 methods
are depicted in Fig. 7, wherein the gray lines indicate
velocity range of Rayleigh waves between 1.5 and
2.7 km/s.

5 Conclusions

We retrieved the EGFs of both ambient seismic noise
(C1) and scattered coda waves (C3) in the Azerbaijan
region (NW of Iran) within the period band of 3–10 s.
Our results are summarized below:

(1) Segmenting raw data and also the accuracy of
signal window determination are necessary con-
ditions to enhance SNR of extracted EGFs, but
not sufficient to retrieve reliable and stable EGFs.
In addition to these constraints, the ratio of sta-
tionary source energy to non-stationary source
energy is a key factor to retrieve stable inter-
station EGFs.

(2) Comparing the extracted EGF signals using the
RMS-R stacking method and LIN stacking meth-
od indicated that the quality and SNR of retrieved
EGFs using RMS-R stacking (approximately 24)
are significantly greater than the SNR of retrieved
EGFs us ing the LIN stacking method
(approximately 12; Fig. 3). Although this method
can be used in some cases including little data
availability and short temporary deployments da-
ta, the data recording duration should be such that
at least a few stationary NCFs are existent in
stacking procedure.

(3) Geometry investigation of the virtual station with
respect to other stations used in the C3 approach
indicated that travel time differences for various
virtual stations with extracted inter-station EGFs
using the C1 method are negligible. Also, the error
of velocity differences for various virtual stations
is on the order of 0.6%. Thereby, the information
of unbiased travel time measurement can result in
tomography maps much closer to the real Earth.

(4) The accuracy of estimating arrival times of Ray-
leigh wave parts of extracted EGFs in this study is
improved by optimal processing technique (e.g.,

RMS-R stacking). Furthermore, in terms of re-
trieved EGF signal quality to processing time ratio
(including single station preparation, cross-
correlation for common recorded times, and stack-
ing), the C3 method would be not very higher than
the C1 one.
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