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Abstract

In multi-view facial expression recognition, discriminative shared Gaussian process latent variable model (DS-GPLVM) gives
better performance than that of linear and nonlinear multi-view learning-based methods. However, Laplacian-based prior used
in DS-GPLVM only captures topological structure of data space without considering the inter-class separability of the data,
and hence the obtained latent space is suboptimal. So, we propose a multi-level uncorrelated DS-GPLVM (ML-UDSGPLVM)
model which searches a common uncorrelated discriminative latent space learned from multiple observable spaces. A novel
prior is proposed, which not only depends on the topological structure of the intra-class data, but also on the local-between-
class-scatter-matrix of the data onto the latent manifold. The proposed approach employs an hierarchical framework, in which,
expressions are first divided into three sub-categories. Subsequently, each of the sub-categories are further classified to identify
the constituent basic expressions. Experimental results show that the proposed method outperforms state-of-the-art methods
in many instances.

Keywords Facial expression recognition - Multi-view learning - Local binary pattern - Local fisher discriminant analysis

1 Introduction

Recognition of human’s emotion through facial expressions
has many important applications including behavior recogni-
tion, human—computer interaction, security, psychology etc.
[1,2]. In reality, there are infinite number of expressions, but
Ekman and Friesen [3] defined a set of basic expressions,
i.e., happy, surprise, disgust, sad, anger, and fear. Several
research works have been reported to recognize these basic
expressions from the frontal view [4-6]. However, another
important research direction is the recognition of emotions
from multi-view and/or arbitrary-view face images.
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The existing multi-view or view-invariant facial expres-
sion recognition methods can be broadly classified into three
main categories, which is based on how they deal with head-
pose variations and expressions in 2D facial images [7].

In the first category of multi-view facial expression recog-
nition (FER) methods [8-11], a view-specific classifier is
learned for each of the views during training. For recognition,
head-pose is first estimated, and then, corresponding view-
specific learned classifier is applied. However, one major
limitation is that these methods do not consider the correla-
tion between different views of expressions. Since separate
classifiers are learned for different views, so the classification
would be suboptimal.

The second category of methods mainly follow three-step
procedures, (i.e., head-pose estimation, head-pose normal-
ization, and FER from the frontal pose) to recognize facial
expressions from any poses or a discrete set of poses.
Rudovic et al. localize 39 facial points on each of the
non-frontal/multi-view facial images, and then head-pose
normalization is done [12—14]. During head-pose normal-
ization, the mapping functions between a discrete set of
non-frontal poses and the frontal pose are learned. They
proposed coupled Gaussian process regression-based frame-
work, which considers pair-wise correlation between the
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views in order to estimate a robust mapping function.
However, learning of mapping functions is performed on
observation space, and so, error occurring in mapping func-
tions adversely affects classification accuracy. This is even
more severe when high-dimensional noise affects the nor-
malized features. View- normalization or multi-view facial
feature synthesis proposed in [15] uses block-based texture
features. These features are extracted from different views
of facial images to learn the mapping functions between any
two views. This consideration ascertains that the features are
extracted from several off-regions, on-regions, and on/off-
regions of a face, and subsequently weights are assigned for
these regions. However, several unwanted features may be
added to the observation space due to wrong weight alloca-
tion policy. Moreover, major limitation of these approaches
is that the head-pose normalization and learning of expres-
sion classifier are carried out independently, and hence affect
the overall classification accuracy.

The third category of methods [7,16—18] has significant
advantages as a single classifier is used for all the views.
As a result, these approaches bypass the first step, i.e.,
the head-pose estimation for pose-specific classifier. In [7],
it is considered that different views of facial expressions
are just different manifestations of the same facial expres-
sion, and hence the correlations between different views of
expressions are considered during training. In this view, dis-
criminative shared Gaussian process latent variable model
(DS-GPLVM) is proposed to learn a single nonlinear discrim-
inative subspace. More specifically, DS-GPLVM generalizes
the characteristics of discriminative-GPLVM (D-GPLVM)
[19] along with the shared GPs [20,21] to learn the dis-
criminative manifold. Nevertheless, discriminative nature of
Gaussian process depends on a kind of prior. In [19], a prior
based on linear discriminant analysis (LDA) [22] was pro-
posed to replace the standard spherical Gaussian-based prior.
A more general prior based on the notion of the graph Lapla-
cian matrix was proposed in [23-25]. However, the affect
of between-class separation was not considered in the prior,
and hence the latent manifold obtained by this approach may
not be optimal. The same Laplacian-based prior is further
generalized for multi-view in [7]. Furthermore, correlations

Fig.1 Two-level separations of
facial expressions. In first level,
expressions are grouped into

between the latent positions of the manifold may exist, which
may further affect the classification accuracy of the DS-
GPLVM-based FER system [26]. Another extension of [27]
is proposed in [28]. The authors of [28] imposed a view-
similarity constraint to ensure projections of correlated views
close to each other. This method may help to recognize facial
expressions from other views which are not used in train-
ing. Recently, subspace clustering for unlabeled data has also
been proposed in [29]. This may be useful in grouping a large
class of unlabeled spontaneous expressions.

In view of searching an optimal subspace, we propose to
extend uncorrelated discriminative shared Gaussian process
latent variable model (UDSGPLVM) [6] to the multi-level
UDSGPLVM (ML-UDSGPLVM) for multi-view FER. In
ML-UDSGPLVM, a more generalized discriminative prior is
proposed, which is based on graph Laplacian matrix [23] and
atransformation matrix. The transformation matrix is derived
from the local-between-class-scatter-matrix (LBCSM) of
data [30,31]. The advantage of the proposed prior is that
it can better infer the separability of data onto the man-
ifold. The proposed prior depends on both the intra-class
geometric structure of the data captured by Laplacian matrix
and the local inter-class variability of the data inferred by
LBCSM. Hence, the proposed prior is more efficient than
the Laplacian-based prior [7]. Moreover, discriminative non-
linear latent manifold (feature space) obtained by Gaussian
process might be correlated, and thus classification per-
formed directly on correlated manifold reduces classification
accuracy [26]. In our proposed ML-UDSGPLVM approach,
we first transform the correlated manifold to the uncorrelated
manifold via a kernel approach.

To implement multi-level classification scheme, expres-
sions of multi-view face images are recognized in two steps
as shown in Fig. 1. In the first step, all the basic expres-
sions are grouped into three categories, namely Lip-based,
Lip—Eye-based, and Lip—Eye—Forehead-based expressions.
This classification of expressions is done on the basis of
regions of a face which mostly contribute to an expres-
sion. Then, category-wise training and testing are performed
using the proposed UDSGPLVM. In the second step, a sepa-
rate UDSGPLVM is applied on each of the sub-categories
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Fig.2 Proposed multi-level
DS-GPLVM for multi-view
facial expression recognition: a
training phase includes facial
feature extraction and nonlinear
dimensionality reduction using
I-UDSGPLVM. 1-UDSGPLVM
learns first level of
discriminative features for
group-level facial expression
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to further classify the basic expressions embedded in the
above-mentioned three category classes of expressions. The
proposed 2-level UDSGPLVM follows this approach as
against the method used in 1-level DS-GPLVM or simply
DS-GPLVM.

In our proposed method, we employed our earlier devel-
oped face model [32] to extract features only from the
informative regions of a face, as most discriminative features
are only attainable from the informative/active regions of a
face [5,33,34]. The proposed method is elaborately discussed
in the following sections.

2 Proposed methodology

Shape-based method is employed in our proposed method to
extract texture features from the active/informative regions
of a face. We proposed to use our earlier developed face
model, as it was derived from informative regions of a
face [32]. Subsequently, LBP features are extracted from
a 15 x 15 block around each of the facial points of our
proposed face model. Next, expressions are divided into
three classes based on the movements of lips, eyes, and
forehead as stated in [6,35]. The corresponding reduced non-

linear subspace is learned using 1-UDSGPLVM as shown in
Fig. 2a. Subsequently, a 2-UDSGPLVM is learned for each
of the expressions embedded in each of the sub-categories.
Hence, three different 2-UDSGPLVMSs have to be learned
for final level of classification. The class-label of the test
sample obtained by the first level of ML-UDSGPLVM and
kNN i.e., 1-UDSGPLVM+kNN is used to select a specific 2-
UDSGPLVM out of three 2-UDSGPLVMs. So, first level of
classification is performed using 1-UDSGPLVM and kNN.
The first level of classification is basically a three-class clas-
sification problem, and hence the classifier identifies the
appropriate sub-category. Any specific expression is finally
identified by 2-UDSGPLVM and ANN. Our proposed ML-
UDSGPLVM is discussed in the following section.

3 Proposed ML-UDSGPLVM

In our method, a more accurate low-dimensional manifold is
derived for multi-view FER. We first give a brief overview
of DS-GPLVM [7]. The impact of the state-of-the-art priors
on latent manifold is analyzed, and then we proposed a new
prior to nullify some of the limitations of the existing priors.
Finally, we introduce our proposed ML-UDSGPLVM model
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Fig.3 Proposed ML-UDSGPLVM

as shown in Fig. 3, in which a more generalized discrimina-
tive prior is proposed. Also, uncorrelated constraint onto the
latent manifold is imposed. All the steps of ML-UDSGPLVM
are discussed below.

3.1 DS-GPLVM

The DS-GPLVM is a state-of-the-art approach in the field of
multi-view FER [7]. More specifically, DS-GPLVM gener-
alizes D-GPLVM [19] using the framework of shared GPs
[20,21] to simultaneously learn a single nonlinear discrimi-
native manifold of multiple observation spaces. The problem
formulation of DS-GPLVM as a multi-view FER can be
stated as follows:

Let X = {Xl, X2, ..., XV} be the set of V observation
spaces of size VN x D, where N is the number of samples
in each observation space and D is the dimension of each
feature vector. Then, the objective of DS-GPLVM is to learn
a single d-dimensional manifold Y € RV*? with d << D,
which is assumed to be the shared information across all the
views. The learning of low-dimensional manifold Y of DS-
GPLVM and its mapping to the vth observation space X"
is modeled using the framework of shared GP. More specit-
ically, it tries to learn the covariance function k (yi, y j) of
the shared manifold. In shared GP, each observation space
is generated from the shared manifold via a separate Gaus-
sian process, and hence the joint likelihood of the observed
X given the shared manifold Y is factorized as follows:

@ Springer

p(XIY,0) = p (X'1Y,01) - p (XY, 0v) M

where @ = {01, 0,, ..., 60y} is the kernel parameters of the
shared observation space. The vth factor of (1) represents
likelihood of vth observation space X" given the shared man-
ifold Y, i.e., p (X"|Y, 0,), which is defined as:

v _ 1 1 —Iyvyo!
p(X |Y,0y)—TD|KU|DeXp{—EtI‘(KU XX )}
(2)

where K, is the kernel covariance matrix associated with
vth view of input space X", whose (i, j)th element can be
obtained using the covariance function k (yi, y j) defined as
the sum of the radial basis function (RBF) kernel, bias, and
noise term. Hence, k (yi, y j) can be represented as follows:

0 2 5.).
k(¥is¥j) = 61 exp <_%||Yi —Yj||2> +0n+ 22 )

v4d

where 0, = {0,1, 6012, 0,3, Oya} are the kernel parameters of
covariance function and §; ; is the Kronecker delta function.
Finally, the distribution of shared manifold Y can be obtained
by imposing a prior p (Y) over the shared manifold, and then
applying the Bayes law. Thus, the posterior distribution of Y
given X can be written as follows:

p (X[Y,0) p(Y)
p X)
x p (X]Y, 0) p(Y) 4)

p (Y, 01X) =

The learning of the shared manifold is accomplished by
minimizing the negative log-likelihood of the posterior dis-
tribution given in (4) with respect to the latent positions of
the shared manifold Y. The negative log-likelihood of (4) can
be written as:

Vv
Ly=Y L, —log(p(Y)) (5)
v=1

where L, is given by:
D 1 —Iyvygo?!
Ly= 7 In|K,| + 5t (K X'X ) + constant. (6)

3.2 Effect of priors on GPLVM

The effectiveness of GPLVM toward classification problem
depends on the kind of prior for the manifold. In this direc-
tion, the first attempt was explored in [19], where a simple
spherical Gaussian prior is replaced by a discriminative prior
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based on LDA. Hence, it maximizes the between-class sepa-
rability (Sp) and minimizes the within-class separability (Sy)
of the latent space. The LDA-based prior is defined as:

1 1
p00=5wm{~—er} 7
g Og

where J (Y) = tr (S‘;ISb). In [24], a more general prior

based on the notion of graph Laplacian matrix has been pro-
posed. The Laplacian matrix of vth view is defined as:

LU:DU_WU

where D? is a diagonal matrix with D}, = >, W;;- The
weight W,'.’j is defined as:

exp | — HX;LX}ZHZ o ifep =c;
Wy = P e me ®)
0; otherwise

Also, [7] generalizes the Laplacian-based prior to obtain the
prior for multi-view facial images. The net Laplacian matrix
Lpet in [7] is obtained by summing all the normalize Lapla-
cian matrices corresponding to each of the views. Hence,
mathematically Ly can be represented as:

Lpet = Lrllor + L1210r +oeee LI\I/Or + &1 ©))
where

Lzor — (Dv)—l/sz (Dv)—1/2
Here, I indicates the identity matrix, and £ is the regulariza-
tion parameter which ensures positive-definiteness of Lyeq
[36]. Finally, the discriminative shared space prior is defined
as:

Vv

p (D)= p(¥IX")7 =

v=1

exp {—gtr (YTLnetY> }

(10)

V-Zy

where Z; is a normalization constant and § (reciprocal of
the variance) is the precision parameter.

3.3 ML-UDSGPLVM model

In the previous section, we introduced the impact of state-of-
the-arts priors on the Gaussian processes. In this section, we
derive amore generalized discriminative prior function. Also,
influences of the prior function on the likelihood function
are analyzed to obtain a more accurate posterior distribu-
tion. The prior based on Laplacian matrix (Lpe) given in

(10) essentially preserves the within-class geometric struc-
ture of the data. It uses RBF kernel to obtain weights between
the data samples. So, it can also handle the multi-modalities
present in the data. However, this approach did not consider
the impact of between-class variability while defining the
prior, and hence the prior proposed in (10) makes the GP
suboptimal for classification. But, the impact of between-
class-scatter matrix is crucial for all sorts of classification
problems. So for our proposed prior, we incorporate a center-
ing transformation matrix B. This matrix is derived based on
local-between-class-scatter-matrix (Syp) as defined in [31].
Our proposed prior considers the joint impact of net Lapla-
cian matrix (L) and the net B, i.e., Byt onto the shared
manifold. The reason behind the use of local-between-class-
scatter-matrix in the proposed method is that it can also
handle the multi-model characteristics of the data. Mathe-
matically, for vth view, Sfb, the LBSCM can be represented
as follows:

1< T
Sib = 5 Z W;)b,ij(xzp _X;> (X;} _X;))

i,j=1
_ XUTBUXv (11D
where B” = Dy, ;; — Wy, . and D}y ;= 37, W), ... The

term leh,i i is defined as follows [30,31]:

2
1 1 I =3y .
(4 =)o (- 25d0) it =

ﬁ; otherwise

leb,ij =
(12)

The parameter n! is the number of samples that belongs to
cth-class in vth-view, and 0" is the local scaling around x;
in vth view, which is defined as 0 = |[|x} — X;’k||2. The
term x;’k is the k-nearest neighbor of x!'. We use k = 7 in
our proposed work [37]. Thus, the proposed regularized net-
local-between-class-transformation matrix B¢ is defined as:

Bt = Brllor + Bﬁor +eeet BI‘I/OI' +&I= ZBzor'i'sI (13)
v

where

B, :(Dlvb,ii)_l/sz(Di)b,ii)_l/z

nor

Finally, the proposed prior for ML-UDSGPLVM is defined

as:
B (Y 'LptY

e ——tr | o= 14

Xp{ 2\ YTBeY (14)

Hence, the proposed prior is more general and suitable for

classification as compared to the earlier priors [7,19]. So,

p(Y)=V.Zd
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class separation in the low-dimension manifold is being
learned from the class separability of all the views. Addi-
tionally, it can also preserve the local structure of the data
on the reduced manifold. Incorporating the proposed prior in
(5), the proposed negative log-likelihood of ML-DSGPLVM
is given by:

\4 T

:3 Y LnetY

Li=) L+t ( gy (15
v=1

where L, is defined in (6). To obtain the optimal latent space,
we need to find the derivative of (15) w.r.t Y, which is given
as:

\%
9L, aL, B
- oY 16
Y ; oy T e ™ (16)
where

T
o= (3r2y) - (vmy) (Fromy) @7
net net net
As the GP follows an iterative procedure to find the optimal
latent space, we need to evaluate ¢ (Y) in each of the itera-
tions which is computationally expensive. Also, latent states
obtained by this approach is fluctuating, and hence conver-
gence rate will be slower than that of LPP-based prior [7].

To overcome these limitations of our proposed method, the
proposed prior is slightly modified:

Pmod (Y) = exp {—%tr (YTLnetY>

V.-Z4

+%tr (YTBmY) } (18)

The corresponding proposed negative log-likelihood and its
derivative w.r.t. latent space Y can be reformulated as follows:

Vv
LSmOd = Z L, + %H‘ (YTLnetY> - %tr (YTBnetY>
v=1
(19)
Vv

aLmod dL
oy =2 oy T Bl — FBae) Y (20)

v=1

This representation is simple, and also it allows smooth con-
vergence of the latent space. This is due to the absence of
denominator terms, which change the latent space abruptly.
Hence, the proposed method is comparatively more suitable
than the existing methods in terms of obtaining optimal latent
subspace. This directly improves the recognition accuracy.
Moreover, test sample comes from the high-dimensional
subspace that needs to be mapped onto the lower-dimensional

@ Springer

latent manifold during the inference process of GPLVM. For
this, back-constrain (learning of inverse mapping) has been
defined such that the topology of data space is preserved
in the latent manifold [38]. In [7], two kinds of back-
constraints are defined for multi-views, namely independent
back-projection (/pp) and single back-projection (Spp). For
Ipp, separate inverse function is learned for each of the views,
whereas for Iy, a single inverse mapping function is learned
from all the views to the shared space. They are defined as:

Y={K}’bcAfhc;szl,Z,...,V: for I e

(21‘1/:1 wUKZL) Aspe = KspeAgpe : for Spe

where (i, j)th element of szhc’ i.e., k}jc (le Xj) which is
given by:

v
Kpe (x0.x}) = exp <—%IIX}’ - x;f||2> (22)

A?,. and A, are the regression matrices and w, is the weight
corresponding to the vth view. Finally, these constraints are
incorporated in the objective function (19), and then the min-
imization problem takes of the following form:

arg min Lsmod + R(A)
Y,0,,A
ot Y-K) A} =0,v=12,...,Vforl
Y — KspeAspe =0, wy > 0, Zv wy = 1, for Spe
(23)

where R (A) is a regularization term, which controls the
over-fitting of the model to the data. An efficient way of
solving this constraint optimization problem is given in [7],
where the minimization problem is first divided into a set
of sub-problems by employing alternative direction method
(ADM) [39]. Next, an iterative approach (conjugate gradient
algorithm) [40] is applied to solve each of the sub-problems
separately with respect to their associated model parameters.
We follow the same procedure to obtain the optimal latent
manifold and other model parameters.

3.4 Uncorrelated latent space

In spite of using nonlinear-based approach to reduce the
dimensionality of original feature space to the latent space,
there may exist correlations between features. This may fur-
ther affect the classification accuracy of the FER system.
So in our proposed approach, instead of classifying directly
from the correlated latent space, we first transform features
of the shared space Y to the another shared space Yy,
where features are uncorrelated. Then classification is per-
formed. We obtain a nonlinear uncorrelated discriminative
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manifold from the nonlinear correlated discriminative mani-
fold (original latent manifold) via the transformation matrix
X = [v1,v2,...,v4]. The columns of x are essentially the
solutions (eigenvectors) of the following generalized eigen-
value equation corresponding to the first d lowest eigenvalues
[26]:

¢ (Y) (Ls +By) ¢(Y) v = 1¢ (Y) Gop(Y) v (24)

where ¢ (Y) = [¢ (y1). ¢ (y2) . ..., ¢ (yv)]. Ly and By are
the Laplacian and the local-between-class matrices, respec-
tively [similar to (9], and (13)) obtained from the shared
manifold. The matrix G = I — (1/NV)ee', where I is an
identity matrix ande = (1, 1, ..., 1)T. Further, since eigen-
vectors of (24) should lie in the span of ¢ (y1), ¢ (y2), ...,
¢ (yn), there exists a vector oy such that vy = ¢ (Y) oy,
where g = [af, af, ..., a]dV]T. Hence, for dth eigenvector,
(24) can be rewritten in terms of &g as follows:

¢ (Y) (Ls +By) ¢(Y) ¢ (Y) s =20 (Y) Gop(Y) ¢ (Y) ety
(25)

Multiplying both side of (25) by ¢(Y)T and by simple sub-
stitution, the following generalized eigenvalue equation is
obtained:

M (L, + B,) Moy = A\MGMa, (26)

where M = ¢(Y)T¢ (Y) is the kernel matrix with M;; =
exp (—Ilyi —yjll/o).Leta, az, . .., &g be the solutions of
(26), then transformed uncorrelated nonlinear manifold can
be obtained as follows:

Yue = [V1, 02, ..., 041 ¢ (Y)
= [ay, @2, ..., 241 (V) o (Y)
=[], &2, ..., 0q]'M (27)

Similarly, for a given new sample y* of correlated manifold
Y, the corresponding position onto the uncorrelated manifold
can be obtained using the following equation:

Myl (28)

T
y;c = [alaaZs 7ad] [M1*7M2*7

where My, = exp (—||yx — ¥*|/0).

4 Experiments on BU3DFE dataset

The BU3DEE is a widely used dataset to evaluate the per-
formance of multi-view and/or view-invariant FER methods.
This database comprises of 3D facial images of Happy (HA),
Surprise (SU), Fear (FE), Anger (AN), Disgust (DI), Sad
(SA), and Neutral (NA) expressions. The database has 100
subjects, which includes 56% of female and 44% of male can-
didates. Also, expressions of BU3DFE dataset are captured
at four different intensity levels ranging from onset/offset
level to peak level of expression. As the database has 3D
images, we first rendered the 3D face models using OpenGL
to obtain the 2D textured facial images. 3D face model is first
rotated by a user-defined angle, and then the corresponding
2D textured images are obtained. In our proposed approach,
we obtained 2D facial images for seven views, i.e., —45°,
—30°, —15°, 0°, 15°, 30°, and 45° yaw angles. A part of
BU3DFE dataset is shown in Fig. 4, where a single subject
is showing the happy expression for seven different viewing
angles.

The validation of the proposed ML-UDSGPLVM algo-
rithm is done on BU3DFE dataset. In our experiment, images
from all the 100 subjects of BU3DFE dataset are employed.
Also, expressions from all the intensity levels are considered
for our experiment. So, altogether 1800 images per view,
ie., 1800 x 7 = 12,600 images are considered to evalu-
ate the performance of our proposed method. Each view of
the multi-view facial images comprises of six basic expres-
sions, i.e., anger, disgust, fear, happy, sad, and surprise. For
our experimentation, 300 images are taken for each of the
expressions. The face part of 2D textured expressive images
are manually cropped, and then down-sampled to get an
image size of 160 x 140. Subsequently, the proposed 54
facial landmark points are localized. Localization of the facial
points for the views —45° and 45° are carried out manu-
ally, whereas images for the views (— 30°, — 15°, 0°, 15°,
and 30°) are automatically annotated using active appear-
ance model (AAM). Out of 54 landmark points, 5 stable
points, i.e., left and right corners of the respective eyes, tip
of the nose, and corners of the mouth are used to align the
facial images using Procrustes analysis [41]. Finally, a grid
of 15 x 15 is considered at each of the facial points to extract
a feature vector from salient regions of a face. L B P** oper-

Pan of -45°

Pan of -30° Pan of -15°

Pan of 0°

Pan of 15° Pan of 30° Pan of 45°

Fig.4 An example of showing localization of landmark points (face model) on multi-view face images of BU3DFE dataset
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Fig. 5 3D distribution of test samples of three expressions: a trained by LBP, PCA, and ML-UDSGPLVM features, and b trained by LBP, LPP,

and ML-UDSGPLVM features

ator is applied to each of the sub-blocks around each of the
landmark points to obtain a feature vector. LB P*? gives
a 59-dimensional feature vector corresponding to each of
the facial sub-regions, and hence the overall feature dimen-
sion for an image is 54 x 59 = 3186. The first level of
dimensionality reduction in LBP-based appearance feature
is performed using PCA, in which 95% of total variance of
the data is preserved. As the features corresponding to the
data (original feature space) are obtained for different views,
so they may form altogether different clusters. Thus, the
overall data space may be multi-modal. Hence, LPP-based
dimensionality reduction approach would be more suitable in
case of multi-view facial expression recognition. LPP-based
dimensionality reduction technique is more capable in han-
dling multi-modal data. In our proposed method, LPP-based
approach is utilized to extract a set of discriminative features.
The experiments are carried out using 10-fold cross-
validation strategy, and hence we first divide images of each
of the views into 10 subsets. Out of which, 9 subsets are
used to train the model, whereas the remaining set is used
for testing. The experiments are repeated for 10 times such
that testing subset is selected exactly ones in each iterations.
Then, average accuracy is obtained for all the experiments. In
all the experiments, we use 1-nearest neighbor (1-NN) clas-
sifier to evaluate the performance of the proposed method.
We used the same parameter settings as used in [7].
The parameters yV (back-projection parameter) are learned
through leave-one-out cross-validation procedure. Finally,
the optimum values of the two parameters, i.e., § (in our case
B1) and d (dimension of latent space) are found as g = 300
andd = 5. So, we used these parameter values to get optimal
performance of our proposed ML-UDSGPLVM. The only
extra parameter which is used in our proposed algorithm is
the weight of the prior 8,, which controls the inter-class vari-
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ance of the data onto the shared manifold. This parameter is
learned experimentally by varying 8, from 10 to 0.01, and
found to be optimal at 8, = 0.8.

The proposed ML-UDSGPLVM approach is a multi-
level framework, where first level of proposed model, 1-
UDSGPLVM is first trained by three sets of expression
categories, i.e., Lip-based = {happy, sad}, Lip—Eye-based =
{surprise, disgust}, and Lip—Eye—Forehead-based = {anger,
fear}. Subsequently, a second level of MI-UDSGPLVM, i.e.,
2-UDSGPLVM is trained for the expressions and hence, three
2-UDSGPLVMs are trained in the second level of proposed
ML-UDSGPLVM. Two different approaches, i.e., PCA and
LPP are applied to reduce the dimensionality of LBP fea-
tures. For this, both PCA and LPP are applied on 90% of the
samples ( i.e., 10-fold cross-validation strategy) of each of
the views to obtain the principal directions, and subsequently
those direction vectors are used to project both training and
testing samples to the initial reduced subspace. In PCA, we
reduce feature dimension in such a way that 95% variance
of the data can be captured. In case of LPP, we restrict the
feature set to 100-dimensional subspace. Finally, we apply
our proposed ML-UDSGPLVM onto the reduced feature set
to obtain a sufficiently lower-dimensional nonlinear discrim-
inative subspace. Furthermore, features in the discriminative
latent space may be correlated, and hence we perform another
transformation on features of the correlated latent space.
The first three components of ML-UDSGPLVM features
are applied on two sets of features, i.e., LBP+PCA + ML-
UDSGPLVM and LBP+LPP+ML-UDSGPLVM. The dis-
tribution of the test samples of all the views for these
two cases is shown in Fig. 5a and b, respectively. These
distribution plots show that first level of proposed ML-
UDSGPLVM +LBP +LPP provides better separability than
the combination of ML-UDSGPLVM +LBP+PCA [7]. The
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Table 1 View-wise recognition
rates (RR) for ML-UDSGPLVM
on BU3DFE database

Ist-level of expression classes

Recognition rate (RR) (in %)

—45°  —=30° —15° 0° 15° 30° 45° Avg RR
Stagel model evaluation using LBP+PCA + ML-UDSGPLVM features
Lip-based 9432 96.00 95.80 95.80 9580 90.88 89.20 93.97
Lip—eye-based 96.08 9270  95.00 9830 91.70 9253 95.84 94.59
Lip—eye—forehead-based 96.25 9526 9690 98.05 93.11 9333 9526 9545
Average accuracy = 94.67%
Stage1 model evaluation using LBP + LPP+ML-UDSGPLVM features
Lip-based 98.02 9830 9820 99.20 99.01 99.20 97.00 97.30
Lip—eye-based 97.86  97.05 9820 99.00 99.70 99.00 98.20 98.43
Lip-eye—forehead-based 98.50 9820 99.00 99.00 98.30 98.30 98.20 98.50

Average accuracy = 98.07%

view-wise average recognition rates for all the three types of
expressions are shown in Table 1. From Table 1, itis clear that
proposed LBP + LPP followed by ML-UDSGPLVM gives an
improvement of about 4% as compared to LBP+PCA + ML-
UDSGPLVM-based approach [7].

As discussed earlier, three-class problem is considered at
the first stage of ML-UDSGPLVM. In the second stage, we
need three 2-UDSGPLVM—one for each expression. Each
2-UDSGPLVM is trained using the same training samples of
the respective expression class. For example, 2-UDSGPLVM
corresponding to Lip-based expressions are trained using the
samples of the respective sub-classes, i.e., happy and sad.
Furthermore, the samples which were used for testing of
1-UDSGPLVM are again used for 2-UDSGPLVM. The sam-
ples which were misclassified in the first stage are tested by
the respective 2-UDSGPLVM in the second level of ML-
UDSGPLVM. So, misclassified samples of 1-UDSGPLVM
(stage-1) and 2-UDSGPLVM (stage-2) are accounted for
finding the overall misclassified samples. The misclassified
samples are shown in Fig. 6. The overall view-wise classifi-
cation accuracies for different basic expressions are shown
in Table 2, and the corresponding distributions of test sam-
ples for two sets of features are shown in Fig. 6. It is even
perceptually clear from the distribution plots that second
level of ML-DSGPLVM, LBP+LPP provides better sep-
arability than that of LBP+PCA-based features, and the
overall improvement of about 5%. Table 3 shows the recog-
nition accuracy for different views, i.e.,(— 45°, — 30°, — 15°,
0°, 15°, 30°,and 45°) for the above-mentioned two feature
sets. Table 4 shows the comparison of DS-GPLVM [7] and
our proposed ML-UDSGPLVM. The performance of DS-
GPLVM is evaluated by imposing it with LDA-based prior,
LPP-based prior, and the prior proposed in (18). It is observed
that the performance of DS-GPLVM with the proposed prior
is better than LPP-based prior, and the improvement is even
more significant (> 5%) than LDA-based prior. Our pro-
posed ML-UDSGPLVM gives an overall average accuracy

of 95.51%, which is about 3% better than the original DS-
GPLVM (DS-GPLVM with LPP-based prior).

This significant improvement is due to the use of multi-
level framework of uncorrelated DS-GPLVM. The proposed
ML-UDSGPLVM on LBP + LPP-based feature gives the bet-
ter performance as compared to DS-GPLVM.

Table 5 shows the comparison of several state-of-the-
art multi-view learning-based methods [27,42—44] with the
proposed ML-UDSGPLVM. In this, performance of MvDA
is better than DS-GPLVM with LPP-based prior, and it is
very close to DS-GPLVM with our proposed prior. Common
spaces in all the multi-view-based linear approaches [27,42—
441 were obtained by taking 98% of the total variance, which
corresponds to 175 eigenvectors. This is relatively very high-
dimensional common space than nonlinear DS-GPLVM
latent space. Finally, our proposed ML-UDSGPLVM-based
approach gives an overall improvement of about 2% than
MvDA-based approach. In summary, the proposed ML-
UDSGPLVM-based approach can efficiently find the low-
dimensional discriminative shared manifold for multi-view
FER.

Experiments on KDEF dataset Images of BU3DFE
dataset are synthetic, so we validate our proposed method
by the images of multi-view KDEF dataset [45], and also by
the dataset formed by combining images of both BUSDFE
and KDEF datasets. Images of KDEF dataset are real and
collected on controlled environment, whereas the combined
dataset contains both synthetic and real images of facial
expressions. The purpose of combining two datasets is to
validate our proposed model on a large dataset.

Each of the expressions of KDEF dataset is captured from
five different angles ranging from —90° to 90° with an
interval of 45°. In our experiment, expressions from three
different views i.e., —45°, 0°, and 45° are considered. In
training, 2160 expressive images of 60 individuals are used,
and remaining 360 facial images of 10 individuals are used
for testing. The experimental results on KDEF dataset using

@ Springer



152

S. Kumar et al.

Plot of stage-2-model-1

0.03
T 002
4
2
5 0.01
£
= 0
2
o -0.01
Q
172
o -0.02
2
=
s -0.03 O CC-samples in class-1
O MC-samples in class-1
-0.04 O CC-samples in class-2
0.04 0 MC-samples inclass-2
-1
ML-UDSGPLVM-feature-2 > 2 ML-UDSGPLVM-feature-1
(a) Lip-based expressions
Plot of stage-2-model-2
0.04
g
o 0.02
<4
3
2
3
b 0
=
a
-0.02
[V]
(2]
a
2 -0.04
.
= O CC-samples in class-1
O  MC-samples in class-1
-0.06 | e} O  CC-samples in class-2
0.04 o &  MC-samples inclass-2
0.02 o
0 1
-0.02 0
-0.04 A

ML-UDSGPLVM-feature-2 ¢ -2

(¢) Lip-Eye-based expressions

ML-UDSGPLVM-feature-1

Plot of stage-2-model-3

-0.01
-0.02
-0.03

-0.04

ML-UDSGPLVM-feature-3

&
O  CC-samples in class-1
-0.05 | O MC-samples in class-1
0.04 O  CC-samples in class-2

-0.04 Pl
2

ML-UDSGPLVM-feature-2 006 ML-UDSGPLVM-feature-1

(e) Lip-Eye-Forehead-based expressions
Fig. 6 3D distribution of test samples of the basic expressions. First

these figures show the plot of test samples when 2-UDSGPLVM is
applied on LBP followed by PCA, and the second column shows the

@ Springer

Plot of stage-2-model-1

0.04
© 002
2
2
T 0
£
=
S -0.02
-
&
b -0.04
E]
E‘l -0.06
o} O CC-samples in class-1
-0.08 ) O MC-samples in class-1
0.04 O CC-samples in class-2
0.02 2
0
-0.02 1
-0.04 0
-0.06 -1

ML-UDSGPLVM-feature-2 2

(b) Lip-based expressions

ML-UDSGPLVM-feature-1

Plot of stage-2-model-2

0.04

@ 0.02

[

5 o0

2

©

.,1_’ -0.02

£ 04

e

8 -0.06

a -0.08

2 o

A -0 O  CC-samples in class-1

= O MC-samples in class-1
-0.12 | O CC-samples in class-2
0.05 <& MC-samples inclass-2

2
-0.1
015 2
ML-UDSGPLVM-feature-2 ML-UDSGPLVM-feature-1
(d) Lip-Eye-based expressions
Plot of stage-2-model-3

0.05

Q@

g

5 0

<

s

A -0.05

o

?

a -01

2

0

5' O CC-samples in class-1
-0.15 O  MC-samples in class-1
0.05 O  CC-samples in class-2

2

0.1 B

015 2
ML-UDSGPLVM-feature-2 ML-UDSGPLVM-feature-1
(f) Lip-Eye-Forehead-based expressions

distribution when 2-UDSGPLVM is applied on LBP followed by LPP-
based features, respectively. CC and MC stand for correctly classified
and miss-classified test samples



Multi-level uncorrelated discriminative shared Gaussian process for multi-view facial expression... 153

Table2 View-wise expressions
recognition rates (RR) for

ML-UDSGPLVM on BU3DFE —45° —30° —15°  0° 15° 3(0° 45° Avg RR
database

Model Expressions  Recognition rate (RR) (in %)

Stage2 model evaluation using LBP+PCA + ML-UDSGPLVM features

Stage2-  Happy 83.40 9330 9670  96.70  99.60 96.70  99.00  95.05
Modell  Sad 9330 7340 76770  96.70  80.00 90.00 83.40 84.78
Stage2-  Surprise 99.10  90.00 96.70  98.00 9330 99.80 9340  95.75
Model2  Disgust 9330 9340 9670  96.70  83.30 99.20 93.30 93.70
Stage2-  Anger 83.40  80.00 9640 9330 7670 96.70  86.70  87.60
Model3  Fear 80.00 7330 7670  96.70 8330 90.00 90.00  84.28

Average accuracy = 90.20%
Stage2 model evaluation using LBP + LPP+ML-UDSGPLVM features

Stage2-  Happy 99.80 9950 9950  99.80 8340 99.60 99.20 97.25
Modell  Sad 7920 98.80 91.60 9440 9330 9480 96.00  92.58
Stage2-  Surprise 95.60 9480 9440 97.60 99.70 97.60 99.60  97.04
Model2  Disgust 99.60  98.80 98.40 9840 9330 99.20 96.00 97.67
Stage2-  Anger 95.60  96.00 98.40 9640 8340 9640 99.60 95.11
Model3  Fear 90.00  96.80 98.00 9920 80.00 94.00 95.60  93.37

Average accuracy = 95.51%

DS-GPLVM, ML-UDSGPLVM with and without proposed  Table3 View-wise confusion matrices for six basic expressions
prior are shown in Table 6.

View Anger Disgust Fear Happy Sad  Surprise
Experiment on BUSDFE + KDEF Combined datasets In
this experiment, images from both the datasets are Consid_ Confusion matrix obtained uSing LBP+PCA + ML-UDSGPLVM features
ered for training and testing. In training, 13230 facial images Pan of —45°
from BU3DFE dataset and 2160 facial images from KDEF Anger 834 0 0 0 133 33
dataset are used. The training images are captured from 130 Disgust 6.7 93.3 0 0 0 0
subjects (70 from BU3DFE and 60 from KDEF) out of 170 Fear 33 0 80 0 10 6.7
subjects. A total of 6030 images from rest of the 40 (30 from Happy 0 0 0 83.4 133 33
BU3DFE and 10 from KDEF) subjects are used for testing. Sad 0 0 67 0 933 0
The experimental results on combined dataset are shown in Surprise 0 0 0 0.9 0 99.1
Table 7. Pan of — 30°
Recently several deep-learning-based frameworks are Anger 800 0 0 0 6.7 133
proposed which give excellent performance in many Com- Disgust 3.3 93.4 0 0 33 0
puter Vision applications [46,50-53]. However, one draw- Fear 6.7 0 733 0 20 0
back of deep-lf?aFning framework .is that it requires a lar.ge Happy 0 0 0 933 67 0
nun.lber qf training sa.mpl.es, which may 1.10t. be re.ad.lly Sad 33 0 0 0 734 33
available in many applications. In case of limited tralmn.g Surprise 0 0 0 0 0 9
data, the performance of deep-learning-based approach is Pan of — 15°
no longer superior to the I?S—GPLYM—based .method pro- Anger 064 0 30 0 0 .
posed in [7]. To be more fair, we did an experiment on our )
. . . Disgust 0 96.7 0 0 33
dataset by employing deep-learning framework as discussed
. 5 L Fear 0 0 76.7 0 233
in [46]. In our experiment, tenfold cross-validation strategy
is employed. Hence, 11,340 samples out of 12,600 samples Happy 0 0 0 06.7 0 33
.. . Sad 0 0 233 0 767 0
are used for training the deep neural network, and remain-
Surprise 0 0 0 0 33 96.7

ing 1260 samples are used for testing. The experiments are
repeated for 10-times to calculate average accuracy. The aver-
age accuracies obtained by different deep-learning-based
frameworks and our proposed method are shown in Table 8.
It is observed that our proposed method can give better
accuracy in contrast to convolution neural network (CNN),
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Table 3 continued

Table 3 continued

View Anger Disgust Fear Happy Sad  Surprise View Anger Disgust Fear Happy Sad  Surprise
Pan of 0° Pan of — 15°
Anger 93.3 0 0 0 0 6.7 Anger 98.4 0 0 0.4 0.4 0.8
Disgust 0 96.7 0 0 0 33 Disgust 0.4 98.4 0 0 1.2 0
Fear 0 0 96.7 0 33 0 Fear 0.8 0 98.0 O 1.2 0
Happy 0 0 0 96.7 33 0 Happy 0 0 0 99.5 0 0.5
Sad 0 0 33 0 96.7 0 Sad 0.4 8.0 0 916 O
Surprise 0 0 0 2 0 98 Surprise 0 5.6 0 0 0 94.4
Pan of 15° Pan of 0°
Anger 76.7 0 0 0 10 133 Anger 96.4 0 0 1.2 0.8 1.6
Disgust 3.3 83.3 0 0 133 0 Disgust 0.4 98.4 0 0 1.2 0
Fear 6.7 0 833 0 0 10 Fear 0 0 992 0 0.8 0
Happy O 0 0 996 0 0.4 Happy O 0 0 998 02 0
Sad 10 0 10 0 80 0 Sad 0 5.2 0 944 04
Surprise 0 0 0 0 6.7 93.3 Surprise 0.4 2.0 0 0 0 97.6
Pan of 30° Pan of 15°
Anger 96.7 0 0 0 33 0 Anger 83.4 0 0 0 133 33
Disgust 0 99.2 0 0 0 0.8 Disgust 6.7 93.3 0 0 0 0
Fear 0 0 90 0 10 0 Fear 33 0 80 10 6.7
Happy 0 0 0 96.7 33 0 Happy 0 0 0 83.4 133 33
Sad 0 0 10 0 90 0 Sad 0 0 67 0 933 0
Surprise 0 0 0 0.2 0 99.8 Surprise 0 0 0.3 0 0 99.7
Pan of 45° Pan of 30°
Anger 86.7 0 0 0 133 0 Anger 96.4 0 0 0.8 1.2 1.6
Disgust 0 93.3 0 0 0 6.7 Disgust 0.4 99.2 0 0 0.4 0
Fear 0 0 90 0 10 0 Fear 1.2 0 940 0 40 0.8
Happy 0 0 0 99 0 1 Happy 0 0 0 99.6 0.4 0
Sad 33 0 133 0 834 0 Sad 0.4 0 44 0 948 04
Surprise 0 33 0 0 33 934 Surprise 0 1.6 0 0 08  97.6
Confusion matrix obtained using LBP+LPP+ML-UDSGPLVM features ~ Pan of 45°
Pan of —45° Anger 99.6 0 0 0 0.4 0
Anger 95.6 0 0 4.0 0 0.4 Disgust 0.4 96.0 0 0 0.4 32
Disgust 0 99.6 0 0 0.4 0 Fear 0.4 956 0 4.0 0
Fear 0.4 0 90.0 O 9.6 0 Happy 0 0 99.2 0.4 0.4
Happy 0 0 0 99.8 0 0.2 Sad 0 4.0 0 96.0 0
Sad 0 0 204 O 792 04 Surprise 0 0.4 0 0 0 99.6
Surprise 0 4.4 0 0 0 95.6
Pan of —30°
Anger 96.0 0 0 1.2 24 04 deep belief network (DBN), and a special DNN-based struc-
Disgust 0.8 98.8 0 0 0 0.4 ture proposed in [46]. In fact, performance of DNN-based
Fear 0.8 0 96.8 0 1.2 12 approaches (trained on limited dataset) is very much simi-
Happy 0O 0 0 99.5 0 0.5 lar to view-wise multi-view FER methods. Hence for limited
Sad 0 0 12 0 988 0 training dataset, DNN-based methods are not much benefited
Surprise 0 4.4 0 0 08 948 from the samples of additional views.
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Table4 Comparison of proposed method with the state-of-the-art DS-GPLVM-based methods on BU3DFE dataset in terms of average recognition

rates with average standard deviation

Methods Recognition rate (RR) (in %)
—45° —30° —15° 0° 15° 30° 45° Avg RR
LBP+PCA + Shared features
DS-GPLVM with LDA-based prior 81.04 76.20 74.79 83.87 81.04 79.23 78.83 79.29 £+ 0.027
DS-GPLVM with [25] 84.56 79.36 85.08 93.98 82.20 80.55 77.54 83.32 £0.015
DS-GPLVM [7] 90.92 85.88 85.68 93.95 81.04 87.50 77.01 86.00 £ 0.021
DS-GPLVM with proposed prior 90.32 83.87 84.07 95.16 85.08 85.28 83.46 86.75 £ 0.021
ML-UDSGPLVM without proposed prior 87.57 86.98 91.66 92.65 90.08 85.28 82.46 88.10 £ 0.065
ML-UDSGPLVM with proposed prior 88.75 83.90 89.98 96.35 86.03 95.40 90.96 90.19 £ 0.011
LBP +LPP + Shared features
DS-GPLVM with LDA-based prior 96.97 91.53 94.95 91.73 93.75 87.90 84.87 91.67 £ 0.025
DS-GPLVM with [25] 96.31 91.03 91.50 97.32 92.12 89.46 86.72 92.06 £ 0.015
DS-GPLVM [7] 96.37 90.12 91.33 97.37 92.74 91.53 88.50 92.56 +£0.015
DS-GPLVM with proposed prior 95.86 92.13 94.15 96.87 95.86 91.73 89.61 93.75 £0.015
ML-UDSGPLVM without proposed prior 94.32 95.44 95.75 96.02 95.16 94.75 92.75 94.85 £ 0.017
ML-UDSGPLVM with proposed prior 93.30 97.45 96.71 97.63 88.85 96.93 97.66 95.51 £0.014
Table 5 Comparison of proposed method with the state-of-the-arts methods on BU3SDFE dataset
State-of-the-art-methods Proposed method
GMPCA GMLDA GMLPP GMCCA PW-CCA MCCA MvDA D-GPLVM DS-GPLVM ML-UDSGPLVM
89.64 91.19 92.03 91.91 84.28 89.32 93.48 88.33 92.56 95.51
Table 6 Performance of . .
ML-UDSGPLVM with and Methods Recognition rates (RR) (in %)
without proposed prior on —45° 0° 45° Avg RR
KDEEF dataset
DS-GPLVM 76.08 90.45 78.25 81.59 £0.018
ML-UDSGPLVM without proposed prior 79.88 96.44 84.06 86.79 £+ 0.027
ML-UDSGPLVM with proposed prior 84.95 97.02 88.12 90.95 £+ 0.022
Evaluation is done in terms of average recognition rates and average standard deviation
Table 7 Performance of different methods on combined datasets (BU3DFE + KDEF datasets)
Methods Recognition rates (RR) (in %)
—45° —30° —15° 0° 15° 30° 45° Avg RR
DS-GPLVM 90.86 93.23 95.36 93.53 93.66 90.20 86.88 91.96 £ 0.021
ML-UDSGPLVM without proposed prior 94.41 95.42 95.70 96.10 95.16 94.75 92.74 94.89 £ 0.016
ML-UDSGPLVM with proposed prior 94.40 96.75 97.30 96.70 96.10 95.91 94.30 95.92 £0.013

Table 8 Comparison of proposed method with deep neural network (DNN)-based approaches. The models are trained and tested on BU3DFE

dataset
Methods Recognition Rate (RR) (in %)

—45° —30° —15° 0° 15° 30° 45° Avg RR
DNN-driven feature learning [46] 86.00 87.80 91.20 91.00 88.70 82.60 80.20 86.78 +0.022
DBN (2 hidden layers) 76.40 79.60 81.01 82.40 81.80 76.50 70.20 78.28 +0.028
CNN (3 convolution layers) 82.54 86.50 89.20 89.40 85.20 81.80 76.60 84.46 + 0.025
Proposed method 93.30 97.45 96.71 97.63 88.85 96.93 97.66 95.51 £0.014
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Testing on KDEF Testing on BU3DFE Testing on KDEF Testing on BU3DFE Testing on KDEF

Testing on BU3DFE

Methods

94.63

93.42
88.27

86.55 84.35
92.86

81.25
88.33

92.30

93.41

MvDA

90.12

76.53

90.22

88.28
92.86

D-GPLVM
DS-GPLVM

92.68

81.59
87.54

92.12

91.34
93.88

94.87

94.84

88.76
90.36

94.86

MPCNN [47]
RGL [48]

94.85

93.36

89.21

93.35

81.88 95.22 95.88
96.10

90.95

82.42
91.04

96.76

95.01

MvGAN [49]

95.91

96.75

95.51

ML-UDSGPLVM

Bold face numerics indicate the best classification performance obtained by respective methods and the proposed method

View-Set-A = {—45°, —30°, —15°,0°, 15°, 35°, 45°}

View-Set-B

{—45°,0°,45°}

Cross-data performance comparisons of the proposed
method with the state-of-the-art methods are shown in
Table 9. In this comparative analysis, we trained different
models including our proposed model on BU3DFE dataset
and/or KDEF dataset. Subsequently, on each of the trained
models, testing accuracies for both the dataset taken one at a
time are calculated. It can be observed from Table 9 that in
most of the cases, the performance of the ML-UDSGPLVM
is better than other state-of-the-art models.

5 Conclusion

In this paper, a multi-level framework of uncorrelated dis-
criminative shared Gaussian process latent variable model
ML-UDSGPLVM is proposed to obtain a single nonlinear
uncorrelated discriminative shared manifold. More specifi-
cally, we proposed a novel prior with the help of Laplacian
matrix and the local-between-class-scatter-matrix. The rea-
son behind the use of between-class-separability matrix is
that it can handle the multi-modal characteristics of multi-
view data similar to Laplacian matrix. In our proposed ML-
UDSGPLVM, instead of classifying a test sample directly
on correlated shared space, we transform it to a nonlinear
uncorrelated latent space, and then 1-NN classifier is used.
Also, the proposed approach is multi-level framework—the
expressions are first divided into three basic categories, i.e.,
expressions by only Lip, expressions by Lips—Eyes, and
expressions by Lips—Eyes—Forehead, which are recognized
by first level of ML-UDSGPLVM (1-UDSGPLVM). Sub-
sequently, a separate second level of ML-UDSGPLVM (2-
UDSGPLVM) is learned for each of the sub-classes. So, three
2-UDSGPLVMs have to be learned to reach final classifica-
tion level. Expressions are first classified on 1-UDSGPLVM
manifold, and the corresponding 2-UDSGPLVM manifold is
used for final level of classification. This multi-level decision
strategy inherently improves the recognition accuracy. The
performance of our proposed ML-DSGPLVM is evaluated
for six basic expressions obtained from seven different poses
(—45°, —30°, —15°, 0°, 15°, 30°, and 45°) of BU3DFE
dataset. ML-UDSGPLVM approach gives an average recog-
nition rate of 95.51% with LBP + LPP-based features. So,
our proposed scheme outperforms the state-of-the-art linear
and nonlinear-based multi-view learning techniques.
Computational complexity is one of the major draw-
backs of GPLVM. However, advantage of GPLVM is that
it efficiently models data in a nonlinear low-dimensional
subspace. In our proposed approach, we handle complex-
ity issue of GPLVM for multi-view FER by decomposing
the minimization problem defined in Eq. (23) into number
of sub-problems, and subsequently, conjugate gradient algo-
rithm is used to compute model parameters associated with
each of the sub-problems. This approach makes the problem
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tractable even if the number of views is increased. Computa-
tional complexity of our proposed algorithm can further be
reduced by incorporating sparse approximation to full Gaus-
sian process [54]. This process reduces original complexity
of GPLVM, i.e., O (N3) to O (kZN), where k is the number
of points retained in the sparse representation. Hence, the
proposed method can be extended to recognize expressions
from many views.
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