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Abstract

Empirical studies have documented non-instrumental motives for voting. However,
the theoretical literature on strategic voting has largely ignored these motives. In
this paper, we examine voter behavior in multi-candidate elections in the presence
of ethical, expressive, and instrumental concerns. Voters in our model derive util-
ity from both the election outcome and the action of voting. A fraction of voters are
ethical, who follow a group-welfare maximizing voting rule. The rule may require
them to misalign their votes, that is, to vote for a candidate who is not their most
preferred. We characterize the optimal rule for the ethical voters and provide com-
parative statics with respect to various electoral parameters. In particular, we find
that the degree of misaligned voting is increasing in the importance of the election
but is non-monotonic in the popularity of the Condorcet loser.

1 Introduction

In multi-candidate elections, voters are sometimes better off voting for a candidate
who is not their most preferred, since doing so may prevent a less preferred candi-
date from winning. In these situations, strategic voters, those who maximize their
expected payoff from voting, will have an incentive to misalign their votes.

Strategic voting has received significant attention from both the theoretical and
empirical literature. Existing theories by and large build on the rational voting
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paradigm.' In these models, voter utility depends only on the election outcome, and
strategic behavior is dictated by the likelihood that a single vote alters the outcome.
Little consideration is given to how other motives for voting, for example ethical
and expressive ones, may impact voting behavior,” even though empirical evidence
suggests such concerns play an important role (Blais et al. 2000; Coate and Conlin
2004; Funk 2010; DellaVigna et al. 2016; Pons and Tricaud 2018; Spenkuch 2018).
Some scholars have studied turnout decisions in the presence of ethical motives
(Feddersen and Sandroni 2006a, b) and their findings are more consistent with vot-
ing data than previous theories (Coate and Conlin 2004). Thus, going beyond instru-
mental motives seems fruitful in the study of strategic voting in multi-candidate
elections.

In this paper, we explore strategic voting in a model where voters have ethical,
expressive, and instrumental concerns. In particular, we consider an election with
three candidates and a large electorate. There are two “centrist” candidates and an
“extremist” candidate. The electorate is comprised of a minority of extremist sup-
porters and a majority of centrist supporters, who prefer either of the centrist can-
didates to the extremist. In sum, the extremist is the Condorcet loser, though he has
sufficient support so that misaligned voting among centrist voters is necessary for
his defeat.

Centrist supporters care both about the election outcome and who they actually
vote for. These are the instrumental and expressive concerns, respectively. Centrist
voters derive heterogeneous expressive benefits from voting for the two centrist can-
didates. Moreover, an unknown fraction of centrist supporters are ethical or “rule-
utilitarian” in the spirit of Harsanyi (1977) and Feddersen and Sandroni (2006a,
b). These voters follow a voting rule that maximizes the aggregate welfare of cen-
trist voters.> Such a rule may prescribe some ethical voters to misalign their votes.
In determining the degree of vote misalignment, ethical centrists trade off lower
expressive benefits for a higher probability of centrist victory.

Our model is tractable and delivers comparative statics of misaligned voting with
respect to electoral parameters such as the relative importance of instrumental and
expressive concerns, and the popularity of the extremist candidate. We show that,
when the popularity of the extremist is low, ethical voters are willing to sacrifice
their expressive benefits and coalesce behind one of the two centrist candidates. On
the other hand, if the extremist’s popularity is sufficiently high, ethical voters refrain
from misaligned voting. In this case, the extremist’s victory is certain.

The main insight of our model is that the degree of misaligned voting is non-
monotonic in the popularity of the extremist. Misaligned voting is increasing for
moderate popularity levels. However, ethical centrists have no incentive to engage

! See, for example, Bouton (2013), Cox (1997), Feddersen (1992), Fey (1997), Myatt (2007), Myerson
and Weber (1993), Myerson (2002), Palfrey (1989), Piketty (2000).

2 Hamlin and Jennings (2011, 2019) provide an excellent discussion of the foundation of expressive
political behavior as well as a survey of the literature.

3 In other words, ethical centrists identify their fellow centrists as a “group” and vote to maximize the
group’s welfare.
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in misaligned voting when the extremist’s popularity is too high (but still remains a
minority). Intuitively, when the support for the extremist increases, the probability
of a centrist victory decreases. Ethical voters partially offset this by increasing mis-
aligned voting insofar the loss in expressive utility is lower than the gain in instru-
mental utility. This is the case when the extremist’s popularity is below some thresh-
old. When the extremist’s popularity is sufficiently high, misaligned voting does not
improve the probability of victory sufficiently to compensate for the loss in expres-
sive benefits. Therefore, ethical voters revert to sincere voting.

Empirical evidence so far has failed to yield a consistent verdict on the relation-
ship between misaligned voting and the popularity of the Condorcet loser.* This may
be due to the difficulty in identifying misaligned voting,’ the lack of exogenous vari-
ation in electoral parameters, and differences in electoral contexts. While there is a
lack of causal evidence on how misaligned voting responds to the popularity of the
Condorcet loser, the sometime conflicting correlational evidence found across con-
texts could be the result of a non-monotonic relationship between vote misalignment
and extremist support.

In addition to the non-monotonicity result, we show that misaligned voting is
increasing in the importance of the election for centrists, as measured by the weight
on the instrumental component of their utility. This result follows intuitively from
the trade-off between instrumental and expressive motives faced by ethical voters.
This conclusion fits one of the findings in Spenkuch (2018), who shows that more
voters abandoned non-contender candidates in the critical 2005 German federal
election, which followed a non-confidence vote in the Parliament, compared to the
less important 2009 election.

This paper complements previous theoretical studies of strategic voting. In these
models, voter behavior is predominantly driven by pivotal vote considerations. Sem-
inal works by Palfrey (1989), Cox (1994, 1997) and Myerson and Weber (1993)
identify conditions for misaligned voting. In their studies, voters either abandon
all but two candidates (i.e., Duvergerian equilibrium) or split their votes in equilib-
rium.® More recent works by Piketty (2000) and Myatt (2007) provide a theoretical
foundation for partial misaligned voting by taking into account incomplete informa-
tion. The latter argues that misaligned voting is increasing in the popularity of the

* For example, Fisher (2000) uses survey data from English constituencies to provide evidence on the
intuition of Cain (1978) that “tactical” voting is greater in marginal constituencies, where extremist sup-
port should not be very high. However, he finds that tactical voting is increasing in the margin of vic-
tory, which depends positively on extremist support. On the other hand, using survey data from the 1988
Canadian election, Blais and Nadeau (1996) demonstrate a positive correlation between misaligned vot-
ing and the closeness of the race between the second and third choices of the strategic voting (i.e., when
the margin of victory is lower). Similarly, Fujiwara (2011) provides causal evidence on the effect of a
single-ballot versus a dual-ballot plurality system using Brazilian data and finds that the decrease in votes
for the top two candidates due to a change to a dual-ballot system is stronger in close elections. That is, a
higher degree of misaligned voting occurs in marginal elections.

5 Degan and Merlo (2009) provides conditions under which the researcher can disentangle sincere from
strategic voting.

% Fey (1997) provides a rationale based on dynamic stability for selecting the Duvergerian Equilibrium.
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Condorcet loser.” Our paper contributes to this literature by presenting an alternative
approach that incorporates non-instrumental motives for voting.

Our model also contributes to an emerging theoretical literature on how ethi-
cal, or “rule utilitarian”, behavior affects political outcomes. In two seminal papers,
Harsanyi (1977, 1992) developed the concept of “rule utilitarian” and applied it to
study voter turnout. Feddersen and Sandroni (2006a, b) build on Harsanyi’s idea and
present a seminal theory of turnout in large elections where voters are ethical and
have heterogeneous preferences. Using data from Texas liquor referenda, Coate and
Conlin (2004) find support for the predictions of Feddersen and Sandroni (2006a, b).
More recently, studies have used ethical motivations to account for other behaviors.
For example, Piolatto and Schuett (2015) use ethical voters to explain the demand
for political news. Our study contributes to this literature by extending the ethical
voter framework to the analysis of strategic voting.

In a contemporaneous paper, Bouton and Ogden (2018) explore a model of multi-
candidate elections with ethical voters. Our approaches and results differ in key
aspects. In our model, ethical voters face expressive considerations, which gener-
ates the key trade-off in our framework. Also, Bouton and Ogden (2018) predict that
misaligned voting is increasing in the extremist’s popularity while our novel obser-
vation is that this relationship is non-monotonic.

The rest of this paper is organized as follows. Section 2 describes the model. Sec-
tion 3 presents our main results. Section 4 discusses several extensions to the model.
Section 5 concludes.

2 The model

We consider a model of large elections with three candidates. To approximate a
large election, we assume a unit continuum of voters. Voting is costless,® and the
winner of the election is decided by plurality. For convenience, we refer to one of
the candidates as the “extremist” and to the other two as the “center-left” and the
“center-right.”

There is a known measure k, of voters who will vote for the extremist.” This sim-
plifying assumption allows us to focus on the strategic incentives of centrist vot-
ers and it is found in other models of strategic voting (see for example Myerson
and Weber 1993; Myatt 2007). For the problem to be non-trivial, we impose that
% <k, < % The upper bound ensures that the extremist supporters are a minor-
ity (i.e., the extremist candidate is the Condorcet loser). The lower bound implies
that some misaligned voting by the centrist supporters is necessary to defeat the

7 On the other hand, Cain (1978) provides an informal argument on how misaligned voting disappears
when the electoral support for the Condorcet loser is high.

8 This assumption is relaxed in Sect. 4.2.

° The main result does not change qualitatively if we allow for uncertainty in the turnout of the extremist
voters (see Sect. 4.3).
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extremist. That is, the extremist will win with certainty if centrist supporters evenly
split their votes among the two centrist candidates.

The centrist supporters, of measure 1 — k,, prefer either centrist candidate to the
extremist. Specifically, centrist supporters obtain utility w > 0 if either centrist can-
didate wins, and receive zero utility if the extremist wins. Thus, w is the instrumen-
tal value of a centrist victory. In future discussions, we also refer to w as the impor-
tance of the election. The assumption of an homogeneous w is made to simplify
exposition. In Sect. 4.1, we show that our insights hold when centrist voters have
different values of w for the two centrist candidates.

In addition to instrumental utility, centrist supporters derive expressive utility
from voting for the two centrist candidates. Formallly, centrist voters have “bliss
points” that are uniformly distributed on the interval [0, 1], and the center-left and
center-right candidates are located at 0 and 1, respectively. A voter’s expressive util-
ity for voting for a candidate is determined by the distance between the voter’s bliss
point and the location of the candidate. A voter with bliss point x € [0, 1] (voter x
for short) receives an expressive benefit of §(1 — x) for voting for the center-left and
6x for voting for the center-right.!® The scalar § measures the intensity of expressive
motive for voting.

In sum, voter x’s expected (personal) utility of voting for the center-left and the
center-right are, respectively, wp + 6(1 — x) and wp + 6x, where p is the probability
that a centrist candidate wins the election. Note that if voter x acts based on her
personal utility, she votes for the center-left if x < % and for the center-right other-
wise.!! We refer to this as sincere voting.

So far, we have incorporated both instrumental and expressive motives for voting.
We also assume that each centrist voter is ethical or “rule-utilitarian” with prob-
ability g.. The precise value of g, is unknown, but it is common knowledge that g,
is drawn from the uniform distribution on [0, 1]. As in Harsanyi (1977) and Fed-
dersen and Sandroni (20064, b), ethical voters follow a voting rule that maximizes
the expected aggregate welfare of centrist supporters.'? In Sect. 4.5, we consider the
alternative setting in which centrists are divided into two ethical voter groups, the
center-right and center-left, based on voters’ bliss points, and each group follows
their own ethical voting rule."?

10 The centrist voters derive zero expressive benefit from voting for the extremist.

1 Without loss of generality, the voter with bliss point % votes for the center-right.

12 One can formalize the notion of ethical voters by assuming that they obtain a sufficiently large utility
for following the ethical voting rule. See Feddersen and Sandroni (2006a) for a discussion.

13 In this case, one would need to impose a consistency condition similar to the notion of Nash Equi-
librium (see Feddersen and Sandroni 2006a, b). We show that when the fraction of ethical voters is the
same for both groups, the predictions of the baseline framework will hold. The analysis is more compli-
cated if we allow the fractions of ethical voters to be independent draws. Nonetheless, we can show that
for certain ranges of parameters, the pattern of misasligned voting predicted in our baseline framework
(i.e., non-monotonicity with respect to extremist support) can be supported in equilibrium.
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Without loss of generality, we focus on voting rules that are defined by a thresh-
old on the interval [0, 1].1*

Definition 1 A voting rule is a cut-off o, € [0, 1] that instructs ethical voters with
bliss points x > o, to vote for the center-right and those with bliss points x < o, to
vote for center-left.

The ethical voting rule, ¢, is the voting rule that maximizes the expected aggre-
gate welfare of centrist voters. That is,

1
o, € argmax, wP(c,) + / q. - Bglo,) + (1 —q.) - Bgdg, (€]
0
where

e P(o,)= Pr[qc max {GC, 1- O'C} + %(1 -q.) > &] is the probability of a cen-
trist v1ctory ‘

e Bg(o,) = /0 0(1 — x)dx + / Oxdx is the aggregate expressive benefit of the eth-
ical centrists.

e Bg= /01 max{0x,6(1 —x)}dx = %6’ is the aggregate expressive benefit of those
centrists who vote sincerely.

The ethical voting rule ¢ exists since the objective function is contlnuous on a com-
pact domain. Note that the objective function is symmetric around 2: the expected
aggregate welfare under o, is the same as that under 1 — o,. Thus, ethical voting
rules always come in pairs. For simplicity, we restrict attention to the ethical voting
rule ¢ in the interval [0, %]. In a more general setting where centrist voters have het-
erogeneous instrumental utilities, the ethical voting rule is generically unique (see
Sect. 4.1). Alternatively, one can introduce uncertainty about which centrist candi-
date ethical voters will rally for. For example, suppose that an opinion poll takes
places before the election in which interviewees express their sincere opinion on
who their most preferred candidate is. If the poll sample is unbiased, both centrist
candidates will be the most popular centrist with probability equal to one half. It can
then be assumed that, if ethical voters misalign their vote, they will do so in favor of
the most popular centrist candidate according to the poll.'®

There is misaligned voting when o, < =. Here, ethical voters with bliss point
x €lo’ —] vote for the center-right 1nstead of their most preferred candidate, the
center-left We refer tom = % — o as the degree of misaligned voting.

4 For any voting rule that is not of the threshold type, there is a threshold type rule that gives the same
probability of a centrist victory and a higher aggregate expressive benefit.

15 The probability is implicitly defined by the distribution of g,.

16 In this case, all three candidates would have a positive probability of winning before the poll takes
place.
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3 Results

kL’
1—k,
of k,, it retains the interpretation of the popularity of the extremist. Note that the
restriction on k, translates to 1< k, <1

Proposition 1 below states that ethical voters misalign their votes when the
extremist has moderate levels of popularity but they vote sincerely if the extremist is
sufficiently popular (but still a Condorcet loser).

To simplify exposition, we define k, = . Since k, is a monotonic transformation

Proposition 1 There exists a threshold on 7%’ denoted l_ce, that is less than 1, such that

o ifk, < I_ce: ethical voters misalign their vote (i.e. o) < % ). In particular,
6r<1—k,

° zflfe > ke, ethical voters vote sincerely (i.e. o = % ),

e if k, = k,, then ethical voters are indifferent between voting sincerely and mis-
aligning their votes.

In deciding whether to vote against their preferences, the ethical voters bal-
ance the instrumental value of a centrist victory and the expressive benefit of vot-
ing. Misaligned voting improves the probability of a centrist victory but there is an
opportunity cost in terms of foregone expressive benefits for ethical voters with bliss
points x € [c7, %]. These voters derive greater expressive utility from voting for the
center-left but are instructed by the rule to vote for the center-right. Generally, a
minimum level of misaligned voting is needed for it to change the election outcome.
For example, when 7% = %, at least a quarter of the ethical centrists need to misalign
their votes in order for centrists to have a positive probability of victory. Thus, there
is a fixed cost associated with (effective) misaligned voting. When the extremist’s
popularity is not too high (i.e., k, < k,), ethical voters are willing to bear this fixed
cost and misalign their votes to increase the chance of a centrist victory. When the
extremist’s popularity is very high (i.e., k, > k,), the fixed cost for misaligned voting
becomes prohibitively high.!” Ethical voters are unwilling to bear this cost and they
will vote sincerely.

The following corollary describes how the threshold k, depends on w (i.e., the
importance of the election) and 6 (i.e., the intensity of expressive benefits).

Corollary 1 The threshold k, is increasing in w and decreasing in 0. Specifically, it is
decreasing in the ratio %.

Thus, the threshold at which ethical voters switch from misaligned voting to sin-
cere voting is increasing in the instrumental value of voting and decreasing in the
expressive value of voting. This is intuitive given our previous discussion on the

17 Obtaining a positive probability victory requires almost half of ethical voters to misalign their votes.
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trade-off faced by ethical voters. When ethical voters care more about defeating the
extremist (i.e., higher values of w), they are more willing to bear the cost of mis-
aligned voting. On the other hand, when the intensity of expressive motive increases
(i.e., higher values of 6), ethical voters face a greater cost of voting against their true
preferences. Hence, they are less willing to engage in misaligned voting.

Two empirical implications emerge from the previous results. First, misaligned
voting is more likely to occur in elections in which the outcome has a large impact
on public welfare. Second, misaligned voting is more likely to arise when centrist
voters are relatively homogeneous in ideology or when there is little differentiation
between centrist candidates in platforms or valence. In these cases, the foregone
expressive benefit due to voting against preference should be low.

The next set of results provides a more detailed characterization of misaligned
voting.

f’ropgsitioNn 2 Full misaligned voting (i.e. o:=0) occurs if and only if
5 + P < k <1- m

The proposition states that, conditional on misaligned voting being optimal (i.e.,
k,=1-2 <k),® ethlcal voters fully misalign their votes when the extremist is
sufficiently popular (ie., -+ —W < k,). Intuitively, if the extremist’s popularity is
low, the marginal benefit of misaligned voting is low since centrists are already in

a strong position Therefore, ethical voters would only engage in partial misaligned
votrng (ie., o > 0). 1 Note that the condition  + = < k,<1- 1_ holds only if
9 < ; In other words, a necessary condition for full mlsahgned voting is that the
1mportance of the election is sufficiently high or the intensity of expressive benefits
is sufficiently low.

Figure 1 below maps out regions in the space of electoral parameters (i.e., k, and
%) where misaligned or sincere voting occurs.

Proposition 3 shows that the degree of misaligned voting is increasing in the
importance of the election and the extremist’s popularity, and is decreasing in the
intensity of expressive benefits.

Proposition 3 When misaligned voting is optimal (i.e. k, < k,), the degree of mis-
aligned voting, m(w, 0,k,) = % - 0':, is increasing in w and k,, and is decreasing in
0.

Proposition 3 together with Proposition 1 implies a non-monotonic relationship
between misaligned voting and the popularity of the extremist. The degree of mis-
aligned voting is increasing in the extremist’s popularity, k,, conditional on k, < k,.

18 Whenever the inequality % + % <k, <1- % holds, it is the case that l_ce =1- %. For details, see
the proof for Proposition 2.

19 Recall that there is misaligned voting for k, below k,. Tt follows that ethical voters would engage in
misaligned voting when &, < % + %, but only partially.
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However, once the extremist’s support exceeds k,, ethical voters revert to sincere
voting.

The comparative statics of misaligned voting with respect to w and 6 are intuitive
and in line with Corollary 1. When w increases, centrist supporters are more con-
cerned with defeating the extremist. Therefore, ethical voters have a stronger incen-
tive to misalign their votes. The intensity of the expressive benefit, 8, determines
the opportunity cost of misaligned voting. When 6 increases, so does the cost. This
leads to less misaligned voting.

Proposition 4 below presents comparative statics of the (ex-ante) probability of a
centrist victory with respect to the electoral parameters.”’ We show that the probabil-
ity of a centrist victory is increasing in the importance of the election, and decreas-
ing in both the intensity of the expressive benefit and the extremist’s popularity.

Proposition 4 The probability of a centrist victory given the ethical voting rule,
P(c?), is increasing in w and decreasing in 0 and k,.

The intuition behind the comparative statics with respect to 6 and w is straight-
forward. We have shown that the degree of misaligned voting is increasing in w and
decreasing in 6. Since the probability of a centrist victory is increasing in misaligned
voting, it must be increasing in w and decreasing in . On the other hand, the effect
of an increase in the extremist’s popularity is less obvious. It decreases directly the
likelihood of a centrist victory, but the ethical voters may have a greater incentive to
misalign their votes (see Proposition 3). It happens that the ethical voters’ response
is of a second order effect. Hence, the probability of a centrist victory is decreasing
in the extremist’s popularity.

3.1 Empirical evidence

In the real world, voter decisions are driven by multiple considerations (e.g., expres-
sive, ethical, and instrumental), which can be difficult to disentangle empirically.
Survey data provide some insights into voters’ motives, but, due to its self-reported
nature, it is not necessarily conclusive. As voter ideological positions are not directly
observable and must be inferred, distinguishing between different motivations is not
trivial. For example, Degan and Merlo (2009) show that the hypothesis that vot-
ers vote sincerely is not falsifiable when using single election data. Moreover, when
using data for the same electorate across elections, the number of elections needs to
be greater than the number of dimensions of the policy space for the hypothesis to
be testable.

In spite of these obstacles, there is evidence that ethical and expressive con-
cerns drive voter behavior in large elections. Coate and Conlin (2004) show that an

20 For a given realization of g, the centrists win or lose with certainty. The ex-ante uncertainty about a
centrist victory is driven by the uncertainty about g,.
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Fig. 1 Ethical voting rule

structurally estimated group rule-utilitarian model provides a good fit of Texas lig-
uor referenda data. Using the same data, Coate et al. (2008) find that a simple model
based on expressive motives provides a better fit than a pivotal-voter model. Moreo-
ver, Pons and Tricaud (2018) find support for expressive motives by showing how
the presence of a third candidate decreases the vote share of the two leading candi-
dates in French parliamentary elections. DellaVigna et al. (2016) uses a field experi-
ment to infer that, in the 2010 Congressional election, voters in the Chicago suburbs
had an expressive value of voting (voting “to tell others”) of close to US $15.

While the expressive and ethical motives appear to be important, instrumental
concerns remain a factor. Voting models that incorporate multiple considerations
may provide a better fit of electoral data. Spenkuch (2018) takes advantage of Ger-
many’s electoral system to estimate that close to two thirds of voters do not behave
according to the pivotal voter model while close to a third do not behave according
to expressive considerations.’!

While existing evidence suggests that various motives play a role in voter
behavior, it does not offer a direct validation of our model. An ideal experiment
to falsify our main result would be one in which the support for the extremist
(or Condorcet loser), % <k, < %, varies exogenously across multiple electoral
constituencies in the same election.”? Our model predicts a non-monotone rela-
tionship between k, and the degree of misaligned voting. Ceteris paribus, this
should translate into a non-monotone relationship between k, and the ratio of
votes of the most-voted centrist party to the votes of the least-voted centrist party.

2l The author concludes that “voters cannot be neatly classified into strategic and sincere
“types”.”(Spenkuch 2018,74)

22 We require an election in which three parties run candidates in these multiple constituencies, where
the winner is decided under a first-past-the-post system. Supporters of two of these parties should have
an incentive to misalign their vote, while the third party, the extremist must not. That is, ideally, we
require a setting similar to Myatt (2007)’s “beat the conservative” game.
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A theory of strategic voting with non-instrumental motives 379

Unfortunately, finding a plausibly exogenous variation in k, is difficult. Extremist
support depends on unobservable socio-demographic characteristics, which may
be correlated with other key parameters such as the fraction of ethical voters and
the intensity of the expressive motive.”’

Existing studies do not offer a conclusive answer as to whether our model fits
electoral behavior due to the lack of causal evidence on how misaligned voting
responds to the popularity of the Condorcet loser. Most of the empirical evidence
on the matter is suggestive at best. For example, using survey data in English
constituencies, Fisher (2000) finds a positive correlation between misaligned or
“tactical” voting and the margin of victory. Since the margin of victory should be
increasing in extremist support, one can interpret this finding as a positive cor-
relation between misaligned voting and the popularity of the extremist. On the
contrary, Blais and Nadeau (1996) use Canadian data to find that close races
(i.e., races with small margins of victory) are positively correlated with more
misaligned voting. Fujiwara (2011) also finds support for a negative relationship
between misaligned voting and extremist support. Using data from Brazilian may-
oral elections, he provides causal evidence on the effect of a single-ballot versus
a dual-ballot plurality system and finds that the top two candidates experience a
bigger drop in their vote shares due to a change to a dual-ballot system in areas
with close elections. This means that more misaligned voting occurs in marginal
elections. Using both voting and survey data from multiple UK elections, Kiewiet
(2013) finds that, in some elections, strategic voting increases with the closeness
of the election while in others it decreases. The lack of a consistent message may
reflect the difficulty in casually identifying misaligned voting, the lack of exog-
enous variation in electoral parameters, and differences in electoral contexts. But
it may also suggest that there is a non-monotonic relationship between vote mis-
alignment and extremist support.

Finally, regarding the effect of the relative importance of instrumental motives, it
is worth noting that the findings in Spenkuch (2018) support our result in Proposi-
tion 3. Using German data, the author finds that voters were more likely to abandon
non-contender candidates in the critical 2005 federal election than in the less impor-
tant 2009 election. This supports our conclusion that misaligned voting is increasing
in the importance of the election.

4 Extensions

4.1 Heterogeneity in instrumental utility

In the benchmark model, centrist supporters receive the same instrumental utility, w,
regardless of which centrist candidate wins. In this section, we explore an extension

23 Measuring of ethical and expressive concerns independently, say using laboratory experiments, may
help resolve this issue, but such data can be problematic. For example, it could be difficult to generate a
sense of duty and group affiliation that voters receive when voting in an election.
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of our model where centrists derive heterogeneous instrumental benefits from vic-
tory, and the benchmark results are shown to hold qualitatively.

Keeping other elements of the benchmark model the same, let the centrists’
instrumental utilities for the centrist candidates be described by two measurable
functions w; : [0,1] = R, and w, : [0,1] - R_,. Specifically, w,(x) and w,.(x) are
the instrumental utilities that voter x receives when the center-left and the center-
right candidate wins, respectively. Note that this formulation allows for very gen-
eral correlation between the instrumental and expressive motives, e.g., voters with
strong expressive motive also have strong instrumental motive. The ethical voting
rule takes into account the distribution of instrumental utilities among the centrists.
The aggregate welfare for centrists is now:

/01 w(x)dx ifo, >

Jow,dx if o, < @

1
/ q. - Bg(o,)+ (1 —gq,) - Bydg.+ P(c,) -
0

B = | —

where Bg(c,.) and By are defined in formula (1). Unlike in the benchmark setting,
centrists’ aggregate Welfare depends on whether the center-left or the center-right
wins. Specifically, if o, > , then the center-left always obtains more votes than the
center-right. In thls case, the aggregate instrumental utility is given by /0 wy(x)dx.
Similarly, if o, < , the center-right always obtains more votes than the center-left,
and the aggregate 1nstrumer1ta1 utility is / o Wrln)dx.

In the benchmark model, voting rule ¢, induces the same aggregate welfare as
1 — o,. That is, ethical voters are indifferent between which centrist candidates to
misalign their votes for. In the current setting, ethical voters prefer to misalign their
vote for the candidate whose victory gives the highest average instrumental utility.
Formally,

PropOSItlon 5 The ethical voting rule O'F* is in the interval [O,%] if
f w,(x)dx > / w,(x)dx and is in the interval[z, 11if /01 w,(x)dx < fol wy(x)dx.

This result is intuitive. As in the benchmark case, the expressive component
of the welfare function is symmetric in ¢,, and the direction of misaligned vot-
ing under the ethical voting rule can only depend on the distribution of instru-
mental utilities. Clearly, it is optimal for ethical voters to misalign their votes for
the candidate whose victory induces the highest aggregate instrumental utility.

Except for breaking the indifference between voting rules, ethical voters face
the same trade-off as in the benchmark setting. Indeed, treating max{E(w,), E(w,)}
as w, one may proceed with the analysis as before. The characterization of the
ethical voting rule and the comparative statics with regard to 8 and k, would be
the same as in the benchmark case. The comparative statics with respect to the
importance of the election also go through given that one uses max{E(w,), E(w,)}
in place of w.
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4.2 Turnout decision

In this section, we consider an extension of the model where centrist voters face
stochastic turnout costs.”* Let centrist voters be indexed by a tuple (x, ) (the voter’s
type), where x is the voter’s bliss point, and 8¢ > 0 is the voter’s turnout cost. We let
the intensity of expressive motives 6 be a scaling factor only to simplify notation;
it is not material for the results. Because voting is now costly, centrist voters may
choose to abstain. Formally, the (personal) utility of a type (x, f) voter is now given
by:

p-w if abstain
p-w+0( —x—1) if vote for center-left
p-w+60(x—1) if vote for center-right.

We assume that voter types are drawn uniformly from [0, 1] X [0, 1]. In the bench-
mark setting, we imposed that% <k, < 1so the problem is non-trivial. Here, absten-
tions due to turnout costs means that the extremist can win even if his vote share is
less than <. Thus, we need to revise the restriction on k,to % <k, < 1. The new lower
bound for k, reflects the fact that a quarter of non-ethical centrists will abstain.?

The aggregate welfare of the centrists depends on the expressive benefits and
turnout costs. A priori, it is not clear what the form of voting rules is e.g., whether
they are thresholds. Thus, we broaden the definition of a voting rule, which is
now a pair of sets L, R C [0, 1] X [0, 1], where voters of type (x,7) € L vote for the
center-left, voters of type (x,7) € R vote for the center-right, and voters of type
(x,7) € (LU R)* abstain. Given this, the aggregate welfare of centrists can be written
as:

1
wP(L,R) + / q. - CE(L, R+~ qC) : Cquc
0
where

e P(L, R) is the probability that a centrist candidate wins the election given the vot-
ing rule.

o Cp(L,R) = /(x, el 0(1 — x — t)dxdt + /(x,l)ek 0(x — t)dxdt is the per-capita expres-
sive utility net of turnout cost faced by ethical voters under the voting rule.

o Cg= /max (x> O(max{l —x, x} — r)dxdt is the per-capita expressive utility net
of turnout cost faced by non-ethical (i.e., sincere) voters.?®

24 We maintain the assumption of full turnout by the extremist supporters.

% The lower bound on £, is the minimum support the extremist needs in order to win when centrists vote
sincerely.

26 Note that ideological voters turnout if and only if max{1 — x,x} > ¢ and vote for the candidate that
provides the greatest expressive utility.
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Interestingly, even though voter type is two-dimensional, the ethical voting rule can
be characterized by a one-dimensional threshold. As in the benchmark model, we
assume, without loss of generality, that ethical voters misalign their votes for the
center-right.”’

Proposition 6 The ethical voting rule is characterized by a cut-off 0 < ¢ < % such
that voter (x, t)

votes for the center-right if 6* < xandt <1 -20" + x.
votes for the center-left if x < o andt < 1 —x.
e abstains otherwise.

Figure 2 below provides an illustration of the ethical voting rule. In general, vot-
ers who misalign their votes under the ethical voting rule fall into one of two cat-
egories: (1) voters who would turnout and vote for the center-left based on their per-
sonal utility, and (2) voters who would abstain based on their personal utility. The
opportunity cost of misaligned voting for voters in the first category is the difference
between the expressive benefit of voting for the center-left and that of voting for the
center-right. This depends only on the voter’s bliss point and is equal to 1 — 2x. On
the other hand, the opportunity cost of misaligned voting for voters in the second
category is ¢t — x, which is the voter’s turnout cost minus the expressive utility from
voting for the center-right. To maximize aggregate welfare, the ethical voting rule
equates both opportunity costs. This leads to the set of restrictions in Proposition 6.

We will not provide a detailed characterization of the ethical voting rule with
turnout costs. The structure of the problem (i.e., the objective function for the ethi-
cal voters) takes the same form as before and therefore our insights would continue
to hold. In particular, the objective function is of the same form as (1) with P(c,),
Cy(c,) and Cg now defined as follows:*®

o3
P(c,) = max { 0,1 — ——*
5—66—0'3
C(a)—g 0—02+6—3 iy l—(1—2«-;)2—6—3—(1—20)20
E C_2 c c 3 2 3 c 3 c c
76
Cs=ﬁ.

Given the objective function, one can verify that our main results (i.e., Proposi-
tions 1 and 3 ) hold. In particular, it is still the case that misaligned voting is optimal
for moderate values of k,, and sincere voting is optimal when £, is sufficiently high.

27 The symmetry of the objective function implies that ethical voters are indifferent between misaligning
their votes for the center-left or the center-right.
28 The derivation of these expressions is given in the Appendix.
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Fig.2 Ethical Voting Rule

Intuitively, the trade-off faced by ethical voters is the same as before. A positive
level of misaligned voting is required to obtain a centrist victory and this level is
increasing in the extremist’s popularity. When the extremist’s support is sufficiently
high, the instrumental utility under misaligned voting does not compensate for the
loss in expressive benefits. Hence, ethical voters revert to sincere voting.

4.3 Random extremist turnout

In the baseline model, we assumed full turnout by the extremist voters. We relax this
assumption in this section. For tractability, we assume that the turnout of extremist
voters is a uniform random variable 7 with support [0, k,]. Note that the center-right
now wins whenever

We show below that a main observation of the benchmark model—the non-mono-
tonicity of misaligned voting with respect to extremist popularity—continues to
hold qualitatively. Specifically, the degree of misaligned voting is non-monotonic
in the upper-bound of the extremist turnout if the intensity of expressive motives
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is sufficiently high relative to the instrumental motive.?’ If the intensity of expres-
sive motives is low, then the degree of misaligned voting is always increasing in the
extremist’s popularity.

Proposition 7 If < -, then the degree of mlsallgned votmg m is increasing in the
extremist’s popularlty ( ie., % — o7 is increasing in k,). If >3 , then there exists a
threshold k such that the degree of mlsallgned votmg is contmuously increasing in k,
ifk, < k, and is continuously decreasing in k, if k, > k.

4.4 General bliss point distribution

In this section, we consider more general distributions of voter ideological positions.
Suppose the bliss points of the centrists are distributed according to CDF G over
the interval [0, 1]. The two key components of the ethical voter’s objective function,
probability of a centrist of victory, P(c,), and the aggregate expressive benefit of the
ethical centrist, B (o), are now:

e Plo,)=Pr[max{4.G) + (1 - 4)G(), g.(1-G)) +(1 -g)(1-GH) } > &
o By(o,) = [ 6(1 — x)dG(x) + [, 0xdG(x)

Unlike in the benchmark setting, there is no ambiguity about the direction of mis-
aligned voting so long as G is not symmetric around 1. However, contrary to what
may seem obvious, the direction of misaligned voting is not simply pinned down
by whether the medlan centrist Voter is left or right leaning (1 e., whether G( ) is
greater or less than ) 39 Suppose G(= ) is less than but close to - (1 e., the center—rlght
has slightly more support than the center-left), but a substantial number of center-
left voters have extreme ideologies (i.e., with bliss points close to 0) while a sub-
stantial number of center-right voters are moderate (i.e., with bliss points close to 1,
It could be optimal for the ethical voters to align for the center-left candidate since it
is less costly for the center-right voters to misalign their votes because of their mod-
erate stance. However, we can derive a sufficient condition on the “skewness” of the
distribution that ensures the ethical voters strictly prefer to misalign their votes for
the candidates with more support. We state the result for the case where the distribu-
tion of voters is skewed to the right.

Proposition 8 If G(x) > 1 — G(1 —x) Vx > % and the inequality is strict for x = %
Then, the ethical voters have a strict incentive to misalign their votes for the

2 Unlike in the benchmark setting, however, this relationship between the degree of misaligned voting
and extremist turnout is continuous.

30 Spec1ﬁcally, for a fixed cutoff o,, the fraction of centrists who vote for the center-left depends not
only on G( ) but also on G(o,). Also, the aggregate expressive cost, B(o,.), is not pinned down by G( )
alone.
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center-right candidate (i.e., the ethical voting rule ¢ is strictly less than %)wndi—
tional on misaligned voting being optimal.

Unfortunately, the comparative statics with respect to various parameters are no
longer straightforward given a general distribution of bliss points. Indeed, even the
concavity of the ethical voter’s objective function is no longer guaranteed.

One way to allow for more generality while preserving tractability is to allow a
general distribution of bliss points for the ideological voters but maintaining that the
ethical voters’ bliss points are uniformly distributed.’! In this case, the direction of
misaligned voting would be pinned down by the location of the median ideological
voter. Specifically, letting G,; be the CDF of the bliss points of ideological voters,
then ethical voters prefer to misalign their votes for the center-right (left) candidates
iff Gid(%) < (>)%. Intuitively, ethical voters prefer to misalign their votes for the can-
didates with the higher support from the ideological voters since there is no cost
differential for them in terms of misaligning votes in favor of the center-left vs. the
center-right. In addition to the uniqueness of ethical voting rule, the comparative
statics from the benchmark setting go through. Since the ideological voters’ behav-
ior is fixed, the marginal benefit and marginal cost of misaligned voting by the ethi-
cal voters would be independent of the distribution of ideological voters.*> Conse-
quently, the ethical voters’ incentives at the margin are unaffected by the distribution
of ideological voters, and the comparative statics of misaligned voting with respect
to the various electoral parameters are the same as in the benchmark setting.

4.5 Two ethical centrist groups

In this subsection, we depart from the assumption that the ethical voters treat cen-
trist voters as one “group” when optimizing the voting rule. Specifically, we sup-
pose now that there are two ethical voter groups: the center-left, made up of voters
with bliss points x € [0, %], and the center-right, made up of voters with bliss points
X € [%, 1].33 Each center-left and center-right voter is ethical, or “rule-utilitarian”,
with probability g, and g,, respectively. As before, the centrist voters, of measure
1 — k,, prefer either centrist candidate to the extremist. To simplify notation, we re-
normalize the value of a centrist victory for the two groups to be 2w.

Let o, € [0, %] and o, € [%, 1] be cut-off type voting rules followed by center-left
and center-right ethical voters, respectively.>* Then, the expected aggregate welfare
of center-left and center-right voters are respectively:

31 In the benchmark model, the two types of voters share the same distribution of bliss points.

32 This can be seen from the objective function (1). The vote-share threshold for centrist victory and the
aggregate expressive benefit for ideological voters would depend on the distribution of ideological voters
but not on the voting rule.

33 We maintain the assumption that the centrist voters’ expressive “bliss points” are uniformly distrib-
uted on the interval [0, 1].

3% Specifically, center-left ethical voters vote for the center-left candidate if and only if x < ;. Center-
right ethical voters vote for the center-right candidate if and only if x > o,.
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1 oy :
G/o,0,) = wP(0,,0,) + / q,</ 0(1 — x)dx + /2 0xdx> + (1 —¢q)) - Bydg,
0 0 o)

3)

1 o, 1
G,.(0),0,) =wP(0,,0,)+ / q,(/ 0(1 — x)dx + / 9xdx> + (1 —gq,) - Bgdg,,
0 % o,

4)

where

e P(c,0,)= Pr[max {q,c, +4q,(0, — %) + %(1 - q), q,(% -o)+q,(1-0,)+ %(1 - q,.)} > l}e]
is the probability of a centrist victory.
1

e Bg= /05 max{0x,0(1 —x)}dx = %9 is the aggregate expressive benefit for each
centrist group.

Ethical voters are assumed to follow a voting rule which maximize the expected
welfare of their group, subject to the behavior of other voters. Hence, as in (Fed-
dersen and Sandroni 2006b), the analysis will focus on ethical rules which satisfy
the following consistency requirement:

Definition 2 A pair (o), 07) is a consistent rule profile if G,(¢/,07) > G/(0;, 07) for
allo; € [0, 3], and G, (67, 67) > G, (0}, 0,) for all 5, € [3,1].

Next, we consider the case that the share of ethical voters is the same in the two
groups, i.e., ¢; = g, = q,, where g is drawn from the uniform distribution on [0, 1].
We then consider the case where ¢; and ¢, are independent draws from the uniform
distribution on [0, 1].

Common Draw of g, and ¢, Suppose that g, = g, = g,, with g, drawn from the
uniform distribution, we argue the pair (o-l* = o-Zf, 0';‘ = %), which is equivalent to the
optimal voting rule in our baseline framework, is a consistent profile. This would
imply that our comparative statics would continue to hold.

Proposition9 o = o and o = % is a consistent rule profile.

Intuitively, when the fractions of ethical voters are the same for both groups, it is
not optimal for both groups to misalign their votes at the same time i.e., whenever
one group misaligns their votes, it is optimal for the other group to vote sincerely.
It follows that the group that is misaligning their votes faces essentially the same
trade-off as the ethical voters in the original framework. Therefore, the patterns of
misaligned voting remain the same.

Independent Draws of ¢; and ¢, The case where the fractions of ethical vot-
ers in the two groups are uncorrelated is more complex. Specifically, it is no longer
straightforward to argue in general that the two groups would not find it optimal to
misalign their votes simultaneously. However, we can demonstrate that for a range of
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. N . . .
parameters, the pair (6] = 67,0, = 5) is a consistent profile. Moreover, misaligned
voting exhibits non-monotonicity.

1

Proposition 10 For parameters where ¢ = > and ¢ <€ for some € >0 small,

o, =o,ando; = % are a consistent rule pfoﬁle.
Recall that misaligned voting is increasing in IEE (i.e.,07 is decreasing) when o7 is
close to 0. At the same time, for sufficiently large k,, there is no incentive to misalign
votes (i.e., a;“ = %). Thus, Proposition 10 implies that the non-monotonicity of mis-
aligned voting with respect to extremist support is still present in the current context
even though we cannot characterize the consistent rule profiles for all parameters.

5 Conclusion

In this paper, we examine strategic voting in multi-candidate elections when voters
have ethical and expressive concerns in addition to instrumental ones. The model
is parsimonious and provides a clear mechanism of when and to what degree mis-
aligned voting occurs. We also show how misaligned voting can vary significantly
with changes in the importance of the election, the intensity of the expressive
motive, and the popularity of the Condorcet loser. The novel insight is that mis-
aligned voting is non-monotonic in the popularity of the Condorcet loser.

Our paper illustrates how ethical and expressive motives can help provide addi-
tional insights regarding voting patterns. The model can be the basis for studying
other important issues in electoral politics. For example, by adapting the model to
a dynamic environment, one can examine the incentives of centrist parties to form
coalitions. In general, ethical agent models can prove useful in explaining how indi-
viduals act when faced with collective action problems such as political protests.
This study also highlights the need for more empirical evidence on misaligned vot-
ing. While our results can reconcile some of the existing evidence, more research is
needed to test the different implications of our model.

Mathematical appendix

First, we include some preliminary calculations used in the proofs. Take the
expected aggregate welfare of centrist voters (i.e., the objective function in Eq. (1))
is denoted by

1
F(o,) =wP(c,) + / q. Bg(c.)+ (1 —¢q,) - Bsdq..
0
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where B(c,) is the per capita expressive benefit derived by ethical voters and By
is the per capita expressive benefit derived by sincere voters. First, it can be shown
that:

e By(o,)=0-0(c?—0,+3)=0(; - 0> +0,),and
e Bg= %9.

Therefore, it follows that:

1
01 3
/ q. Bg(c.)+ (1 —¢q,.) - Bsdgq, = 5(5 - 0'C2 + O'L.> + g@
0
Now, lets compute P(c,), the probability of a centrist victory induced by voting rule
o,. Since we restrict our attention on o, € [0, %], P(c,) is equivalent to the probabil-
ity that the center-right receives more votes than the extremist. That is:

Plo) =Pr((1-k)[(1 = )2 + 4.1 - 0] 2 %,

e 1
1-k, 2
= Prfg, > ——

-0,

1
2
Since g, is distributed uniformly on [0, 1], it follows that:

k(‘
1k

N =

e

P(c,) =max40,1 -

1
370

Therefore, the objective function F(o,) can be written as:

k

e

k

_1
1 2

F(c,) =w-max<40,1 - 2

(%—GC+GC)+§9. (5)

e

+

NSRS

1_
2 %
We will use Eq. 5 in the following proofs.
Proposition 1

Proof Since
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the objectrve function becomes F(oc,) = —(— - 0' +0,)+ 80 within the interval
[1- k 5] and it achieves its maximum at 1 Therefore the choice domain of the
maximization problem can be reduced to [0, 1 — ke) U { 1.

The solution to the maximization problem can be found by first finding the local
optimal 6, on the 1nterval [0,1— k JIfe.=1- k , then the global optimum is
o= L since F 1-k ) < 40 F( 2) Otherwrse a comparison between F(6,.) and
F ( ) determines the global optimum.

It is _easy to verify that the second order derivative of F within the interval
[0, 1 — k,] is negative because k > 5 ando, < - Consequently, the first order condi-
tion is sufﬁcrent and necessary for G,.

Let F*(w,0,k,) = max, c[o,_; ) F. By Berge’s theorem, F* is continuous in its
arguments, in partlcular it is continuous in k,. We will show below the existence of a
k, for which F* exceed = : 36 and another k, for which F*is less than 40 This will allow
us to apply the 1ntermed1ate value theorem and conclude that there exists k, such
that F*(w, 0, k,) = —0 F(o, = —) This k is the threshold we desire because F* is
monotonic in &,

It is straightforward to see that for k, sufficiently low,
F*(w, 9,l~ce) > %9 =F(o, = %). When £, sufficiently low, a positive probability of
a centrist victory can be obtained with an infinitesimal loss of expressive benefit.
Next, we would like to show that the reverse inequality holds for sufficiently high %,.
Note that the inequality F*(w, 6,k ) < 20 is necessary and a sufﬁc1ent condition for
= belng optimum. Hence, a sufficient condition for the optimality of is:

3 6/1 3
~0> ma P + ma {—(—— 24 C>}+—0
0,€l0, 1Xk ] {w . )} 0,.€[0, 1Xk] 2\2 % T O 8

Because%—argmaxgze—a +66>, max, o, k]{9<o-2_6 + - )}:%9—€

for some positive e. Additionally, max, <o;_¢; {wp(ac)} = w(2 — 2k,). Rewriting
the sufficient condition, we have:

3 = 3 = €
ZQZW(2—2]€2)+ZQ—€ — kezl_ﬁ

Thus, for k, sufficiently hlgh Lis the optimum and equivalently, F*(w, ,k,) < %«9.
O

Corollary 1

Proof Recall from the proof of Proposition 1 that the threshold k, is the solution to
the equation

Fw,0,k,) = %9 - F(o-c - %) (6)

where F*(w, 0,k,) = max, ¢.1-%1 F' is the maximum aggregate social welfare con-
ditioned on positive levels of misaligned voting. Moreover, by the Berge’s maximum
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theorem, F*(-, -, -) is continuous in its arguments. Moreover, if we rewrite equality 6
as F*(w,0,k,) — %9 = 0, then by the implicit function theorem, we have that k, is a
continuous function of w and 6. Observe that by the envelop theorem,
F*(w,0,k,) — —9 is increasing in w , decreasing in # and decreasing in k,. it follows
that k, must be increasing in w and decrease in 6. Finally, note that the expression

F*(w,0,k,) — 16);, seen as a function of 2 - is decreasing in ;. And therefore it

follows that k, must be decreasing in %. O

Proposition 2

2

F-1 _
Proof Note first that, F(0) > F(3) < w<1 - —> +2220 = 1--= >k,

This implies that 1 — % >k, is sufficient for misaligned voting. Furthermore,

(&, —3) . .
%ﬁm = —w+ + g <0 <= 14 % <k, This means that for
c - n -
<k, <L >k, 0" =0. O

2 8w — ¢ T 16w

Proposition 3

Proof We shall use the monotone comparative statics results from Milgrom and
Shannon (1994): If the cross derivative of F' with respect to the choice variable (i.e.
o,) and the parameter of interest, and if the cross partial is positive (negative), then
the solution is increasing (decreasing) in that parameter.

Observe that for voting rules o, € [0, 1 —k,), the probability of centrist victory is

Plo)=1- =

. Therefore the aggregate welfare (see expression (5)) is
2 c

-1
e 0/1 3
Flo)=w-|1- 2 +—<—— 24 )+—9.
(0 =w T, )] 2\27%"%) "y
2 c
From this, one can easily verify tha , a ) a O

Proposition 4

Proof The result with respect to w and 6 follows immediate from Proposition 1 and
3. We W111 focus instead on the comparative statics with respect to k,. When
0<o’ < , the first order conditions characterizes the optimum and the following

expression is obtained: ¢ = % -1/ <k - —>. Thus, we see that
do? . 3
32” = —3% (%(ke - %)) *. From the expression for the probability of the center win-

ning the election, we obtain:
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1 % ~ 1. 0o
oP(c*) 3otk =35

ok, (G- o0

. . do* . .
Replacing our previous values for ¢ and j, we obtain that the numerator is equal

to 2{/ = (k - —) > 0. Since the denominator is also positive and the fraction is

multiplied by -1, we get the probability of winning is decreasing when ¢* is interior.
The results extends easily to the case where o* = 0 (refer to Proposition 1 and 2)
O

Proposition 5

Proof Let F(o,) denote the expected social welfare (i.e., expression (2)). It can be
shown that

P JEw,) - (02 =0, +1) -
PEIE) = (02 =0+ 1) -

ifo, <
F(o.) =
ifo, >

XD 0|
NI—= N =

where E(w,) is the expectation of w,(-) taken with respect to x (similarly for E(w))).
First, note that F(c,) is not symmetric around 1 > unless E(w,) = E(w,). It is the gener—
ically the case E(w,) # E(w;). Now, clearly if E(w,) > E(w)), then for any o> 3

F(o,) < F(1 —o,) and therefore the ethical voting rule must bes’ € [0, —] Smn-
larly, if E(w,) < E(w,), then it must be the case thats” € [— 1]. O

Proposition 6

Proof The ethical voting rule must minimize the aggregate opportunity cost of mis-
aligned voting conditional on a certain probability of center-right victory. Hence,
we first need to identify the opportunity cost of voting for the certain-right. If the
voter would have abstained otherwise (i.e. max1 —x,x —7 <0), the opportu-
nity cost of voting for the center right is # — x. If the voter would have turnout and
vote for the center-left (i.e. 1 —x—7> 0,x < %), the opportunity cost of switch-
ing his vote is 1 —2x. The aggregate opportunity cost will be minimized when
max, yeg — X = Max g | —2x. Otherwise, the same probability of victory can
be achieved at a lower cost by making abstainers head to the poll instead of center-
left voters switching their votes to the center-right or viceversa.

Say that ethical voting rule ¢ € [0, %] requires all voters with x > ¢ who are
already casting a ballot for the center-left to switch their votes to the center-right.
This means that max, ycp | —2x =1 —207. As max, ycgf — X = max eg 1 — 2,
max, yeg! —x =1 —207. Hence, ethical voting rule ¢ requires abstainers with
t <1 - 207 + x to vote for the center-right.
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Finally, notice that1 — 26 + x = 1 — x when x = ¢ This means that the restriction
that the ethical voting rule imposes on center-left voter and that on abstainers intersect at
the boundary that separates center-left voters from abstainers (i.e. 1 — x — ¢ = 0). Hence,
we obtain that, under ethical voting rule o € [0, %] , voters of type (x,t)

1. vote for the center-right candidate if 6* <xand? < 1—20 +x.
2. vote for the center-left if x < ¢Xandr < 1 — x.
3. abstain otherwise.

Proposition 7

Proof First, we obtain the expression for the probability of victory for the centrist as

a function of the ethical voting rule i.e., P(c..). Note that for 7 < _Zk“, the probability

of centrist victory is 1. On the other hand, if 6. > 1 — lfk and7 > (1 -0, )(1—k,),

then we have the probability of victory being 0. Thus, we have that:
Ifo, <1- 2= =1-k,

e

2x
1-k ke ! 1
P(c,) = <+ 1-— —d
(@)= —p /_A 120, |k,
2
72 ke
1—k 2(1_00)1_ 1%
— e + e
2k, (1 -20,)k,
%
1-k, 1
=1+ - =
1 =20, 4(1-20.)k,
Ifo, >1-k,
2x
1—k (1=0,)(1=k,) 1
P(c,) = <+ - — —d
(0= 7 /_ 1-20, &,
2

_ 1ok (s -k (5-o)a-x)
2k, - 20, (1 - 20k,

_ (-0) 1

T (1-20)k 401 -20)k,

Recall F(o,) is the ethical voter’s objective function as defined in Eq. 1. With some
algebra, one can show that
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(=287 | 6.4 _ 7
Fl(o) =14 2=k W =200 Vo< 1=k
¢ —2%+%(1—20'C) Vo, > 1 -k,

It can be verified that the second order condition is satisfied and so the FOC is suffi-
cient and necessary the optimal ethical voting rule. In addition, the cross partial with
respect to o, and k, satisfies

1—4k2 -
e <1-—
aZF _ 27{3(1_26{)2 <0 VUC <1 ke

okdo, | L >0 Vo, > 11—k,
2y

Therefore, the objective function F is submodular in 6, and k, in the range
6, < 1 —k,and is supermodular otherwise.

Now that F' is continuous at 1 —k, and F'(1 —k,) is increasing in k,. Moreo-
ver, 1f =< 5 then F’ (1 -k ) < 0. In this case, the optimal ethical rule satisfies
or < 1= k,. We know from above that the objective function is submodular for
o, <1—k, Tllerefore by monotone comparative statics, we get that ¢ is always
decreasing in k,, i.e., there is always more misaligned voting in response to greater
extremist popularity. Now, if £ > 1 then there exists some threshold k defined by
F'(1 = k) =0 such that if k S (<)k then 67 > (<)1 — k Given our observation
about the super/submodularity of the ob]ectlve function and monotone comparative
statics, it follows that for k, < k, we have that ¢* is decreasing in k, but for k, > k, o
is increasing. That is we get non-monotonicity in misaligned voting. O

Proposition 8

Proof We will argue that to achieve the same probability of victory, it is less costly
for the ethical voters to misalign their votes for the center-right candidate than for
the center-left candidate. To show this, it is sufficient to demonstrate that for any
realizations of the fraction of ethical voters, g, , the aggregate expressive benefit is

higher conditional on the center-right candidate to attain vote share y > G<%> than

conditional on the center-left candidate to attain the same vote share. Let g, > 0 be
arbitrary, and let K,(y) and K,(y) denote the expressive benefit to the ethical voter for

achieving vote share y > G % for the center-left and center-right candidates,

respectively. Let ¢, and ¢, be cutoffs that solve, respectively,
1
= q,G(c) + (1 - qc.)G(§>

y=q.(1-G(c,)) +(1 - qc)<1 - G(%))

In other words, c; and c, are the ethical voting rules that achieves vote share y for the
center-left and center-right candidates respectively. Now, based on the formulation
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of B;(c,.), we can compute the marginal change to expressive benefit of an increase
in vote share for the center-left candidate, which is
dK, dK;, dc

1 0
= L =01 - 2¢)g(c) - —— = (1 —2c))
dy  dc, dy P qse) T g, :

&, _ 6 -
i (2¢, — 1). Now,

by the premise of the Proposition, it must that that ¢; > %, ¢ <3 andc; — % > % —c,.
It follows that %’ < % Since this is true for all y, taking integral over y we get that
K,(y) < K,(y). And since this relationship holds for all realizations of g, it follows
that there is greater expressive benefit associated with the center-right candidate
achieving a certain winning probability than with the center-left candidate achieving
the same winning probability. O

Similar calculations for the center-right candidates gets that

Expressions for P(0,), Cc(0,) and C; under Turnout Costs

o P(op)

Given the results in Proposition 6, the fraction of ethical voters that vote for
the center-right given o, is 1 — ¢, — ¢%. Also, note that among non-ethical cen-
trists, § will vote for the center-right, 3 for the center-left, and i abstains. Hence,
the center-right candidate wins the election if:

(1- qc)% +q.(1-0,—0) >k,

7 3
k, — 3
9e 2 3 N
3~ 0.—0;
Hence,
k-2
P(o-) =max < 0,1 — T
g — 0, — Gc
o Cylo,)

Cp(L,R) = / 0(1 — x — t)dxdt + / 0(x — t)dxdt
(x,0)EL

(x,HER

o, 1—x 1 x+o,
Ce(o.) = 0/ / (1 —x—tdtdx + 9/ / (x — Ddtdx
0 0 o, JO

[ )2 1,2 _ 1=2 2
=9/ d-x dx+0/ y-(d-20)
0 2 o, 2

3 3
0 2, % 01 2 % 2
= -2+ <)+ - -20P2-<—(1-2
2<O'C GC+3>+2<3 ( o.) 3 ( o.)0o.
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o (g
Notice that Cg = CE(%). Hence

(2)
1 1 ) _q_alpl
3 2 3 2" 2

Proposition 9

Proof First, note that if o, = % (i.e., all center-right voters vote for the center-right),
the center-left candidate never wins the election. Hence, the probability of a centrist

kl.
victory is given by P(oy, —) =1- —2 This expression is the same as the one in our
2

baseline framework. Hence, the max1mlzat10n problem faced by the ethical center-
left voters is the same as the one centrists faced in our baseline model, which means
that ¢ is a best-response for center-left ethical voters.

Now, suppose that 6, = ¢. We want to show that ¢ = % is a best response for the
center-right ethical voters. First, note that center-right voters would never adopt
% <o0,Z1- crl* as P(al*, %) > P(o;,0,). This is because the center-left candidate
never wins when o, <1 —o0;, but the expressive benefit is lower given that
1< 0, <1- crl*. If center right voters choose o, > 1-— l", we have that
G,(o-l*, 0,) < G(1- ) as o, induces the same expressive benefit to center-
right voters as o,=1-o0, to center-left voters, but

-1 o1

P(c},0,) =1 - % <Pl-o.h=1- l_"zl_zm
best response for center-left voters when 0, =5, We have G,(1 — ) < Gz,

Finally, note that G,(c7, %) <G,(o}, —) since both the center- rlght and center- left
voters face the same probability of a centrlst victory but center-left voters have a
weakly lower expressive benefit as they are misaligning their vote The discussion
above means that G,(o/,0,) <G(l - ) < G(oz, —) <G(o, —) for all o, > %
Hence, o = 1s a best response for center rrght ethrcal voters. O

. Since o; = o is the unique

Proposition 10

Proof Suppose that o, = 1 then the center-left never wins and so the probability of

-
a centrist victory is P(o-l, o,)=1- . Note that this is the same expression we

-0,
had for our baseline framework. He112ce the best response for the center-left ethical
voters, o' is equal to 67" as in our basehne framework.

Now, suppose thato, = o’ = 7 (1 e., when it is optimal for the center- left to vote
sincerely), it is not optimal for center right voters to deviate from o, = -. In that
case, center-right voters face the same problem as center-left voters, so therr optimal
strategy is to vote sincerely as well (i.e., 0" = %).
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Next, we consider the case when o, = ¢ = 0. Before proceeding, lets compute

the probabilities of a centrist victory for when o, € [0, 1 — k,]. For the center-left

. o skt 0,-3) .

candidate to win, it must be the case that g, < #. This is means that the

370
probability of a center-left victory, P,(c}, 0,) is given by:

1z 1
! . E_ke+qr(6r_z)
P/(o,,0,) = (g1 min : ,1 »dg,
mm{ < ,1} E — 0
P

and after some tedious algebra, we have that

o | | ifo, <k,
I F-ly . .
Pono) - 2:;_;) _ %p_:[ 2(;_;—)(2;_%) ifk, <o, <k, + % -0
1—% ifaerin{/}e+%—6,,l}
. . L k-i4q,0,-0) .
The center-right candidate wins if g, > ﬁ Hence, the probability that the

center-right wins, P,(c;, 0,) is:

r

min{%’l} lze - % + Qr(o-r - %)
P.(c,,0,) = / ’ 1- d
0

I
-—0c
2 l

and after some tedious algebra, we have that

k

1 I
=3 %3 . =
1532 %0 e <1k +)-0
_ ~—0; 2(5—0y) r= ¢ 2
P.(0},0,) = At

. A

T — ifo,>1—-k,+ >0

Note that the above implies that, given ¢, € [0,1 — I~<e], center-right voters have no
incentive to deviate from o, = %to o, <max{k,1—k,+ % — o, ¢ In particular, the
center-right voters will not deviate to ¢, <k, is trivial as, in that case there is no
increase in the probability of a center-left victory from increasing o, (and there is a

cost in terms of a lower probability of a center-right victory). If 1 — &, + % -0, >k,
and o,<1-k, + % —o;, the propallf)ility of a centrist victory is

k-1 (k,—17 .
P(c;,0,) = P/(0;,0,) + P(o,0,) =1 —2+ ; + aa 6)(26 - This is lower than
27% 3 TONC, TS
1 1 I k=3 k=3 (k=37 k=3
P(o;,z)=P)o;,z)+Plo, ) =1—- 12 as -2t < -7
( l(lzz)l)2 l( 1 2)]{ 1( 1 2) %_o_’ %—61 2(%—0‘1)(6,—%) %—6,
<3 =——"2 <0,VYo >k,
2(3-0pk,—5) 2(3-0) roe

Now, suppose that o; = o-j = 0. In this case,
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bl

(]26_1)2
o= -4ty 4
(ar_E)

and

1—2<I~ce—l>—<ar—l> ife, <1—k, +
2 2
P.(61,0,) =4 (-1

T
o,—3

RI= =

ifo, >1—k,+

As argued above, the center-right voters will not deviate from o, = % to

- » 1
o, < max{kg,l -k, + 5 —o-,}.
&-172 -y
o',—% o,—1

For 6, > 1 =k, + 3, we have that P(0,0,) = (0, — 3) = 2(k, — 3) +

ro2

. ; 3
() (A %) = P(0, %), Thus the

A-k+H-1 7 a-k+D-1
center right ethical voters w01121d 2not find Sllehz a deviation profitable. Therefore, we
have that 6* = Lis a best response to o; = 0.

Now, notice that P(c;, 0,) is continuous in its arguments. Hence, for all 6, there is
¢ such that for al* = o-Zf <e, |P(o-l*, o,)—P(0,0,)| <6, Yo, € [%, 1]. Since the only

<(-3-2k -3+

profitable deviations imply a decrease of at least /" 0(1 — x)dx + fa1 Oxdx — %9 >0

2
in G,(0;, 0,), there is € > 0 for which 67 = % and o] < € is a consistent rule profile.
O
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