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1 Introduction

The observed baryon asymmetry of the universe (BAU) has been a longstanding puzzle in
cosmology and particle physics. While only around 5% of the present universe is made up
of baryonic matter, the observed excess of baryons over anti-baryons is quoted in terms of
the baryon to photon ratio as [1]

ηB =
nB − nB

nγ
' 6.2× 10−10, (1.1)

based on the cosmic microwave background (CMB) measurements which also agrees well
with the big bang nucleosynthesis (BBN) estimates [2]. Assuming the universe to start in a
matter-antimatter symmetric manner, the observed BAU can be generated dynamically if
certain conditions, known as the Sakharov’s conditions [3] are satisfied. Since the standard
model (SM) fails to satisfy these criteria in required amount, several ways of generating the
BAU has been proposed. In one such popular scenario, known as baryogenesis [4, 5], out-of-
equilibrium decay of a heavy particle is responsible for generating the observed BAU. One
interesting way to achieve baryogenesis is leptogenesis [6] where a non-zero lepton asymme-
try is first generated which later gets converted into the BAU via electroweak sphalerons [7].
While this asymmetric baryonic matter comprises 5% of the present universe, the total mat-
ter content of the universe is around 32% with the significant portion being in the form of
a non-luminous, non-baryonic form of matter, known as dark matter (DM). While relative
abundance of DM is approximately 27%, it is conventionally reported in terms of density
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parameter ΩDM and reduced Hubble constant h = Hubble Parameter/(100 km s−1 Mpc−1)
as [1]

ΩDMh
2 = 0.120± 0.001 (1.2)

at 68% CL. Similar to BAU, there is no explanation for DM in the SM, leading to a
plethora of beyond standard model (BSM) scenarios. The weakly interacting massive
particle (WIMP) paradigm has been the most widely studied particle DM scenario where
a DM particle having mass and interactions around the electroweak ballpark naturally
gives rise to the observed DM relic via thermal freeze-out, a remarkable coincidence often
referred to as the WIMP Miracle.

In generic seesaw scenarios, there exists a lower bound on the scale of leptogenesis
M1 > 109 GeV, known as the Davidson-Ibarra bound [8] if such asymmetries arise from
out-of-equilibrium decay.1 This keeps the scale of leptogenesis far away from any direct
experimental probe. In scenarios where lepton asymmetry is generated from decay, in-
troduction of additional fields on top of the ones required to implement a generic seesaw
model of neutrino mass, can alleviate such strong lower bound on the scale of leptogene-
sis [13–23]. Even in such leptogenesis from decay type scenarios, there is another way to
have TeV scale leptogenesis by resonant enhancement of the CP asymmetry, known as the
resonant leptogenesis [24, 25] with fine-tuned mass splitting between decaying particles.
Even for such TeV scale leptogenesis, the decaying particle say, a right handed neutrino,
has very tiny couplings with leptons in order to satisfy light neutrino masses, making it
difficult to probe it directly. Thus, leptogenesis from decay, in general, has limited direct
experimental probe [26]. This has led to some recent attempts in finding ways to probe
leptogenesis via stochastic gravitational wave (GW) observation [27–35]. While some of
these works rely upon topological defects like cosmic strings, domain walls formed as a
result of symmetry breaking [27–31], others consider a first order phase transition (FOPT)
to be responsible for generating GW [32–35]. Similarly, there have been attempts in finding
complementary DM probes like stochastic GW background [36–44], specially in view of the
continued null results at direct detection experiments [45].

Motivated by this, we consider a minimal scenario where both leptogenesis and DM are
triggered by a strong first order phase transition with observable GW signatures. Similar
to the baryogenesis mechanism adopted in [32] followed by leptogenesis implementation
in [34, 35], we consider a scenario where DM as well as right handed neutrino responsible
for leptogenesis acquire masses in a FOPT by crossing the relativistic bubble walls.2 Unlike
additional gauge symmetries considered in these works, here we consider a minimal scenario
without any gauge extension of the SM. Adopting a classical conformal symmetry required
to generate masses of gauge singlet fermions via FOPT as well as to enhance the strength via
supercooling, we first consider the conformal version of the minimal scotogenic model [48].
While this model contains DM as well as right handed neutrino (RHN) responsible for
leptogenesis, we find that it is not possible to get the desired leptogenesis from RHN decay.

1However, it is worth mentioning that, lepton asymmetry can also be generated from oscillations [9–12]
where the scale of leptogenesis in minimal seesaw model can be as low as sub-GeV scale.

2See [46, 47] for other scenarios connecting FOPT to baryogenesis.
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This is due to strict constraints on the hierarchy of massive fields like DM and RHNs
coupling to the singlet scalar field which is also driving the FOPT. We then adopt a hybrid
setup with type I and scotogenic origin of light neutrino masses and discuss the resulting
phenomenology of DM, leptogenesis and GW. With only five additional BSM fields, the
model remains successful and predictive at experiments operational at different frontiers.

This paper is organised as follows. In section 2 we briefly discuss the conformal version
of the scotogenic model followed by the details of first order phase transition in section 3.
In section 4, we discuss the details of gravitational wave production followed by discussion
of leptogenesis and dark matter in section 5. Finally, we conclude in section 6.

2 Conformal scotogenic model

In order to realize a supercooled phase transition along with leptogenesis and dark matter,
we first consider the conformal or scale invariant version [49] of the minimal scotogenic
model [48] where the SM is extended by three gauge singlet right handed neutrinos Ni

(with i = 1, 2, 3), one additional scalar doublet η. An additional Z2 symmetry is imposed
under which these newly added particles are odd while all SM particles are even. In order
to preserve the conformal nature and generate masses, an additional Z2 even singlet scalar
S is introduced.

The leptonic Yukawa Lagrangian relevant for light neutrino mass is

L ⊃ 1
2Y
′
ijSNiNj +

(
Yij L̄iη̃Nj + h.c.

)
. (2.1)

Clearly, there is no coupling of neutrinos to the SM Higgs doublet Φ1 due to the unbroken
Z2 symmetry. However, light neutrino masses arise at radiative level with Z2 odd particles
taking part in the loop.

The scalar potential of the model can be written as

V (Φ1, η, S) = λ1
4 |Φ1|4 + λ2

4 |η|
4 + λ3|Φ1|2|η|2 + 1

4λSS
4 + λ4|Φ†1η|2 +

[
λ5
2 (Φ†1η)2 + h.c.

]
+ λ6|Φ1|2S2 + λ7|η|2S2 . (2.2)

where Φ1 is the SM Higgs doublet. Light neutrino masses which arise at one loop level can
be evaluated as [48, 50]

(mν)ij =
∑
k

YikYjkMk

32π2

(
m2
H0

m2
H0 −M2

k

ln
m2
H0

M2
k

−
m2
A0

m2
A0 −M2

k

ln
m2
A0

M2
k

)

≡
∑
k

YikYjkMk

32π2

[
Lk(m2

H0)− Lk(m2
A0)
]
, (2.3)

where Mk is the mass eigenvalue of the mass eigenstate Nk in the internal line and the
indices i, j = 1, 2, 3 run over the three neutrino generations as well as three copies of Ni.
Also, A0, H0 are the neutral pseudoscalar and scalar respectively contained in η. The
function Lk(m2) is defined as

Lk(m2) = m2

m2 −M2
k

lnm
2

M2
k

. (2.4)
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Using the physical scalar mass expressions [21], one can write m2
H0 −m2

A0 = λ5v
2
ew where

vew is the vacuum expectation value (VEV) of SM Higgs doublet. Thus, light neutrino
mass is directly proportional to the parameter λ5. In upcoming discussions, we will discuss
the effects of λ5 in details.

3 First order phase transition

Here we are interested in the phase transition driven by the singlet scalar field at a scale
above the electroweak scale as preferred from leptogenesis point of view. For electroweak
phase transition in minimal scotogenic model without any conformal symmetry or singlet
scalar, please refer to earlier work [51].

In order to study the details of FOPT in conformal scotogenic model, we first write
down the full one-loop potential which can be schematically divided into following form:

Vtot = Vtree + VCW + Vth, (3.1)

where Vtree, VCW and Vth denote the tree level scalar potential, the one-loop Coleman-
Weinberg potential, the thermal effective potential, respectively. The tree level scalar
potential is given by eq. (2.2). In finite-temperature field theory, the effective potential,
VCW and Vthermal, are calculated by using standard background field method [52, 53]. In
the following calculations, we take Landau gauge for simplicity.3

The Coleman-Weinberg potential [56] with DR regularisation is given by

VCW =
∑
i

(−)nf ni
64π2m

4
i (φ)

(
log

(
m2
i (φ)
µ2

)
− 3

2

)
, (3.2)

where suffix i represents particle species, and ni, mi(φ) are the degrees of freedom (dof)
and field dependent masses of i’th particle. In addition, µ is the renormalisation scale, and
(−)nf is +1 for bosons and −1 for fermions, respectively. Since we are tracking the singlet
scalar field for FOPT, we consider its VEV, denoted by M as the renormalisation scale
as µ = M = 〈S〉. We denote the singlet scalar as S = (φ + M)/

√
2. The relevant field

dependent masses along with their dof are

m2
η = λ7φ

2/2 (nη = 4),m2
s = 3λsφ2 (ns = 1),m2

yi = 2y2
i φ

2 (ny = 2) (3.3)

Thermal contributions to the effective potential are given by

Vth =
∑
i

(
nBi

2π2T
4JB

[
mBi

T

]
− nFi

2π2T
4JF

[
mFi

T

])
, (3.4)

where nBi and nFi denote the dof of the bosonic and fermionic particles, respectively. In
this expressions, JB and JF functions are defined by following functions:

JB(x) =
∫ ∞

0
dzz2 log

[
1− e−

√
z2+x2

]
, (3.5)

JF (x) =
∫ ∞

0
dzz2 log

[
1 + e−

√
z2+x2

]
. (3.6)

3The gauge dependence of the thermal effective potential is discussed by many authors. See e.g.
refs. [54, 55] and references therein.
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In the calculation of the thermal potential, we also consider the contribution from the daisy
diagrams such that the total thermal potential reads VT (φ, T ) = Vth + Vdaisy(φ, T ). This
has to be done in order to improve the perturbative expansion during the FOPT [57–59].
Such corrections can be implemented in two ways by inserting thermal masses into the zero-
temperature field dependent masses. In one of these resummation prescriptions, known as
the Parwani method [58], thermal corrected field dependent masses are used. In the other
prescription, known as the Arnold-Espinosa method [59], the effect of the daisy diagram is
included only for Matsubara zero-modes inside JB function defined above. In our work, we
use the Arnold-Espinosa method. The thermal part of the potential, including the daisy
contributions can now be written as

VT (φ, T ) = Vth + Vdaisy(φ, T ), (3.7)

Vdaisy(φ, T ) = −
∑
i

giT

12π
[
m3
i (φ, T )−m3

i (φ)
]
,

wherein, Vth is the thermal correction and Vdaisy is the daisy subtraction [57–59]. Denoting
m2
i (φ, T ) = m2

i (φ) + Πi(T ), the relevant thermal masses can be written as [60]

Πη(T ) =
(
g2

2
8 + g2

1 + g2
2

16 + λ2
2 + λ3 + λ4

12

)
T 2

Πs(T ) =
(
λs
4 + λ6

3 + λ7
3 + y2

1
8 + y2

2
8 + y2

2
8

)
T 2.

The FOPT proceeds via tunnelling, and the corresponding spherical symmetric field
configurations known as bubbles are nucleated followed by expansion and coalescence. For
recent reviews of FOPT in cosmological context, please refer to [61, 62]. The tunnelling
rate per unit time per unit volume can be estimated as

Γ(T ) = A(T )e−S3(T )/T , (3.8)

where A(T ) ∼ T 4 and S3(T ) are determined by the dimensional analysis and given by
the classical configurations, called bounce, respectively. At finite temperature, the O(3)
symmetric bounce solution [63] can be obtained by solving the following equation

d2φ

dr2 + 2
r

dφ

dr
= ∂Vtot

∂φ
. (3.9)

The boundary conditions required to solve the above differential equation are

φ(r →∞) = φfalse,
dφ

dr

∣∣∣∣
r=0

= 0, (3.10)

where φfalse denotes the position of the false vacuum. Using φ governed by the above
equation and boundary conditions, the bounce action can be written as

S3 =
∫ ∞

0
dr4πr2

[
1
2

(
dφ

dr

)2
+ Vtot(φ, T )

]
. (3.11)
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The temperature at which the bubbles are nucleated is called the nucleation temperature
Tn. This can be calculated by comparing the tunnelling rate to the Hubble expansion
rate as

Γ(Tn) = H4(Tn). (3.12)

Here, assuming the usual radiation dominated universe, the Hubble parameter is given by
H(T ) ' 1.66√g∗T 2/MPl with g∗ being the dof of the radiation component. Thus, the rate
comparison equation above leads to

S3(Tn)
Tn

' 140, (3.13)

for g∗ ∼ 100 and Tn ∼ 100GeV while for lower temperature near MeV where g∗ ∼ 10, the
above ratio becomes larger. For higher nucleation temperature, as we have in the present
scenario, the ratio S3(Tn)

Tn
becomes smaller than the one quoted above. If φ(Tn)/Tn > 1 is

satisfied, where φ(Tn) is the singlet scalar VEV at the nucleation temperature, T = Tn, the
corresponding phase transition is conventionally called strong first order. Alternatively,
the ratio at critical temperature namely φ(Tc)/Tc ≡ vc/Tc > 1 is also used as the strength
of the FOPT. The critical temperature Tc corresponds to the temperature where the two
minima of the potential are degenerate.

In order to simplify the bounce calculation, we write the zero temperature one-loop
effective potential as [64, 65]

V0 = Vtree + VCW,

= 1
4λS(t)G4(t)φ4 (3.14)

where t = log(φ/µ) with µ = M being the scale of renormalisation. G(t) is given by

G(t) = e−
∫ t

0 dt
′γ(t′), γ(t) = 1

32π2 Tr[Y ′†Y ′], (3.15)

The Yukawa couplings and quartic coupling at the renormalisation scale are calculated
by solving the renormalisation group evolution (RGE) equations of the model given in
appendix A. Taking the renormalisation scale µ to be M , the condition dV

dφ |φ=M = 0 leads
us to the relation,

10λ2
s(0) + 32π2λs(0) + 3Y ′2(0)λs(0)− 3Y ′4(0) + λ2

6(0) + λ2
7(0) = 0 (3.16)

assuming all three Yukawa couplings to be identical for simplicity. In order to get the
required potential profile, the relative magnitude of the couplings Y ′ and λ7 are important
as we will discuss below. The other quartic coupling λ6 needs to be small in order to get
the desired electroweak symmetry breaking at later stages.

Apart from finding the nucleation and critical temperature, it is also required to esti-
mate the epoch when the FOPT gets completed. The corresponding temperature is known
as the percolation temperature Tp, typically defined as the temperature at which signifi-
cant volume of the universe is converted from the symmetric phase (false vacuum) to the
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vc (GeV) Tc (GeV) v (GeV) vc/Tc λ7(0) Y ′(0) λs(0)
BP1 9540.78 2374 9901.77 4.01 1.5 0.5 0.02
BP2 9599.59 2407 9968.24 3.98 1.6 0.4 0.02
BP3 9734.10 2422 9997.27 4.01 1.2 0.2 0.02
BP4 9648.57 2391 9988.00 4.03 1.4 0.3 0.02

Table 1. Benchmark parameters of the model and other details of the FOPT in conformal scoto-
genic model.

broken phase (true vacuum). Adopting the prescription given in [66, 67], the percolation
temperature Tp is obtained from the probability of finding a point still in the false vacuum
given by

P(T ) = e−I(T ),

where

I(T ) = 4π
3

∫ Tc

T

dT ′

T ′4
Γ(T ′)
H(T ′)

(∫ T ′

T

dT̃

H(T̃ )

)3

. (3.17)

The percolation temperature is then calculated by using I(Tp) = 0.34 [66] (implying that
at least 34% of the comoving volume is occupied by the true vacuum).

We then implement the model in PhaseTracer [68] to find the parameter space con-
sistent with a FOPT. For a few benchmark points given in table 1, we show the potential
profile in figure 1. For all these benchmarks, one can clearly see a barrier between the two
minima at the critical temperature, indicating a FOPT. Such degenerate minima lead to
the formation of bubbles which subsequently produce gravitational waves. We also perform
a numerical scan to show the model parameter space in new scalar masses in figure 2. As
shown in the colour code, the strength of the FOPT can be large vc/Tc ≥ 3 for certain
region of the parameter space. This, along with the supercooled nature of the FOPT helps
in enhancing the strength of the resulting gravitational waves emitted, as we discuss below.

4 Stochastic gravitational waves from FOPT

A FOPT can lead to the formation of stochastic gravitational waves (GW) background
primarily due to three distinct mechanisms: the bubble collisions [69–73], the sound wave
of the plasma [74–77] and the turbulence of the plasma [78–83]. The amplitude of such
GW signal crucially depends upon two quantities: the amount of vacuum energy (or latent
heat) released during the transition as well as the duration of the transition.

In order to calculate the energy released during the FOPT, we first find the free energy
difference between the true and the false vacuum as

∆Vtot ≡ Vtot(φfalse, T )− Vtot(φtrue, T ). (4.1)

– 7 –
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Figure 1. Shape of the potential at, above and below the critical temperature Tc for chosen
benchmark points shown in table 1.

As a result of the bubble nucleation, the amount of vacuum energy released during the
FOPT, in the units of radiation energy density of the universe, ρrad = g∗π

2T 4/30, is
given by

α∗ = ε∗
ρrad

, (4.2)

with

ε∗ =
[
∆Vtot −

T

4
∂∆Vtot
∂T

]
T=T∗

, (4.3)

which is also related to the change in the trace of the energy-momentum tensor across the
bubble wall [51, 84].

On the other hand, the duration of the FOPT, denoted by the parameter β, is defined
as [85]

β

H(T ) ' T
d

dT

(
S3
T

)
. (4.4)

Here, α∗ and β/H(T ) are evaluated at the nucleation temperature T = T∗ with S3 being
evaluated using eq. (3.11). In order to calculate the action numerically, we use a fit for the
actual potential which matches very well with the actual potential, as shown in appendix B.
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Figure 2. Parameter space in inert doublet MassMη versus scalar singlet massMS plane consistent
with a FOPT in conformal scotogenic model. The colour code indicates the strength of the FOPT.

Tc (GeV) vc/Tc Tn (GeV) Tp (GeV) (β/H∗) vJ α∗

BP1 2374 4.01 810.86 808.35 77.43 0.93 0.99
BP2 2407 3.98 1098.88 1084.30 168.18 0.86 0.35
BP3 2422 4.01 834.79 823.52 125.87 0.91 0.61
BP4 2391 4.03 975.59 962.33 150.66 0.88 0.44

Table 2. Benchmark parameters consistent with FOPT in conformal scotogenic model, along with
the FOPT related parameters calculated for GW spectrum estimation.

For the benchmark points discussed earlier, we calculate these key parameters and show
them in table 2 along with other relevant parameters.

Now, considering the three contributions to GW production mentioned above, the
corresponding GW power spectrum can be written as [86]

ΩGW(f) = Ωφ(f) + Ωsw(f) + Ωturb(f). (4.5)

In general, each of these contributions can be characterised by its own peak frequency and
each GW spectrum can be written in parametric form as

h2Ω(f) = R∆(vw)
(

κα∗
1 + α∗

)p (H∗
β

)q
S(f/fpeak). (4.6)

Here, the pre-factor R ' 7.69× 10−5g
−1/3
∗ takes in account the red-shift of the GW energy

density, S(f/fpeak) parametrises the shape of the spectrum and ∆(vw) is the normalization
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Figure 3. Gravitational wave spectrum from FOPT in conformal scotogenic model for four different
benchmark points given in table 2. Different coloured curves show the sensitivities from GW search
experiments like LISA, BBO, DECIGO, HL (aLIGO), ET, CE, NANOGrav, SKA, GAIA, THEIA
and µARES.

factor which depends on the bubble wall velocity vw. The Hubble parameter at the nucle-
ation temperature T = Tn is denoted by H∗. For bubble collision as source, the spectrum
can be written as [86]

Ωφh
2 = 1.67× 10−5

(100
g∗

)1/3 (H∗
β

)2 ( κα∗
1 + α∗

)2 0.11v3
w

0.42 + v2
w

3.8(f/fpeak)2.8

1 + 2.8(f/fpeak)3.8 (4.7)

with the peak frequency being given by

fpeak = 1.65× 10−5 Hz
(
g∗

100

)1/6 ( Tn
100 GeV

) 0.62
1.8− 0.1vw + v2

w

(
β

H∗

)
. (4.8)

Similarly, the other contributions can also be written following [86] and references therein.
In order to calculate the bubble wall velocity., we first calculate the Jouguet veloc-
ity [78, 87, 88]:4

vJ = 1/
√

3 +
√
α2
∗ + 2α∗/3

1 + α∗
. (4.9)

The bubble wall velocity is then calculated as [93]

vw =


√

∆Vtot
α∗ρrad

if
√

∆Vtot
α∗ρrad

< vJ

1 if
√

∆Vtot
α∗ρrad

≥ vJ .
(4.10)

The total GW spectrum after summing over the contributions from all three sources is
shown in figure 3 for the benchmark points shown in table 2. The experimental sensitivities

4Also see refs. [89–92], for the discussion of the bubble wall velocity vw.
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Figure 4. Zero temperature effective potential at one-loop for two different values of singlet-η
coupling λ7, considering the singlet-RHN Yukawa coupling Y ′(0) = 0.8.

of NANOGrav [94], SKA [95], GAIA [96], THEIA [96], µARES [97], LISA [98], DE-
CIGO [99], BBO [100], ET [101], CE [102] and aLIGO [103] are shown as shaded regions
of different colours. Since the FOPT is occurring at a scale above the electroweak scale,
the peak frequencies as well as the amplitudes are around the LISA sensitivity and hence
remain verifiable in near future.

5 Dark matter and leptogenesis via FOPT

In order to realise leptogenesis from decay, one needs to ensure that at least one of the
RHNs remain heavier than the scalar doublet η. Since both η and RHNs acquire masses
during the FOPT, this helps in realising DM and leptogenesis simultaneously. However,
the desired profile of the scalar potential of singlet scalar S as well as the minimisation
condition given in eq. (3.16) pose a problem. As understood from the FOPT, the scalar
singlet potential has one unique minima φ = 0 at very high temperature T � M with
the effective self-quartic coupling λs > 0. However, for low temperature T � M , the self
quartic coupling turns negative and φ = 0 should become a false vacuum. This is however,
not possible unless we have λ2

7(0) > 3Y ′2(0). This can be seen from figure 4 where the
zero-temperature effective potential is shown for two different values of λ7(0) while keeping
singlet-RHN Yukawa fixed Y ′(0) = 0.8. Clearly, for smaller λ7(0), we can not achieve the
desired potential profile at zero temperature.

In order to circumvent this problem, we consider a hybrid of scotogenic and type I
seesaw model without increasing the number of fields. Out of the three RHNs in conformal
scotogenic model, we consider two of them to be Z2 even such that they couple to the
SM lepton doublets via usual Higgs doublet as yDLΦ̃1N2,3. The other RHN namely, N1
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vc Tc v vc/Tc λ7(0) Y ′2(0) λs(0) Tn Tp (β/H∗) vJ α∗

(GeV) (GeV) (GeV) ≈ Y ′3(0) (GeV) (GeV)
BP1 9634.17 2521 9934.17 3.82 1.5 0.5 0.02 988.32 974.98 151.06 0.89 0.46
BP2 9553.88 2416 9757.60 3.95 1.6 0.7 0.02 896.89 887.67 110.66 0.91 0.66
BP3 9698.63 2370 9988.01 4.09 1.2 0.3 0.02 779.49 770.72 103.96 0.92 0.80
BP4 9692.84 2391 9978.08 4.05 1.3 0.4 0.02 1207.09 1190.58 204.51 0.84 0.24

Table 3. Benchmark parameters and other details involved in the GW spectrum calculation of the
hybrid model.

is Z2-odd and couple to the SM lepton doublets via η as before. Thus, two of the active
neutrinos will receive non-zero mass from type I seesaw while the third one will receive
scotogenic contribution at one-loop. The scalar potential as well as singlet scalar coupling
to RHNs remain same as before and hence we still require η to be heavier than the RHNs.
Therefore N1 is our DM candidate and N2,3 can decay into LΦ1 to generate the required
lepton asymmetry.

We first identify a few benchmark points consistent with the FOPT and the mass
hierarchy among RHN and scalar doublet η required to have successful leptogenesis and
DM phenomenology. The benchmark points along with other details calculated for the
GW spectrum are shown in table 3. The corresponding GW spectrum is shown in figure 5.
Clearly, choosing one RHN lighter and making the heavier RHNs Z2 even does not change
the FOPT details significantly and hence we obtain similar benchmark parameters and
GW spectrum like before.

Now we implement the baryogenesis via relativistic bubble wall mechanism proposed
in [32] to achieve leptogenesis in the hybrid model mentioned above. A first order phase
transition in the singlet (S) sector will create bubbles such that the particles like Ni, η

entering the bubble will become massive due to 〈S〉 6= 0 inside the bubble. This is followed
by N2,3 decays into leptons and SM Higgs creating the leptonic asymmetry. On the other
hand N1 being lighter than η become stable due to unbroken Z2 symmetry and hence act
like a DM candidate.

For the leptogenesis we closely follow refs. [32, 35] i.e., the mass -gain mechanism. Let
us briefly mention the mass-gain mechanism employed in our work. Firstly, we need to
ensure that the Lorentz boost of the bubble wall should be more than the Lorentz factor
of the particle in the plasma frame

γw > γN ∼
MN

Tn
(5.1)

where Tn is the nucleation temperature and MN = yNv is the mass of the RHN coupling
to the singlet scalar. Now, the above condition (5.1) pushes the RHN into the bubble while
maintaining the equilibrium co-moving number density.

YN = 135
8π4 ξ(3)gN

g∗
(5.2)

where gN and g∗ are the degrees of freedom of RHN N and the total relativistic degrees of
freedom in the energy density of the universe, respectively.
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Figure 5. Gravitational wave spectrum from FOPT in the hybrid model for four different bench-
mark points given in table 3. Different coloured curves show the sensitivities from GW search
experiments like LISA, BBO, DECIGO, HL (aLIGO), ET, CE, NANOGrav, SKA, GAIA, THEIA
and µARES.

The final baryonic asymmetry is then written as follows

YB = εNκsphYN

(
Tn
TRH

)3
. (5.3)

where εN ' sin(2δ)/(16π) [24, 25] is the CP-asymmetry and δ is the relative CP phase
between the RHNs (for resonant regime), κSph = 8/23 is the sphaleron conversion factor
in the presence of two Higgs doublets [7], and TRH is the reheating temperature after the
FOPT. TRH is defined as TRH = Max[Tn, Tinf ] [32] where Tinf can be obtained from the
following relation

g∗π
2

30 T 4
inf = ∆Vtot. (5.4)

Using ∆Vtot for the benchmark parameters given in table 4, we can calculate the cor-
responding Tinf and hence TRH. The YB obtained in eq. (5.3) should then be com-
pared with the observed baryon asymmetry normalized over the entropy density: Y obs

B =
(8.61± 0.05)× 10−11 [104].

The above asymmetry is feasible after satisfying two condition

1. The feasibility of decay N2,3 → LH

2. The wash-out from the dominant inverse decay to be suppressed.
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εN TRH (GeV) Tn (GeV) MN2 ≈MN3 (GeV) yD ∆Vtot (GeV)4

BP1 6.22×10−8 988.32 988.32 4966.67 5.12×10−8 1.75464×1013

BP2 6.22×10−8 896.89 896.89 6826.16 6×10−8 1.69737×1013

BP3 6.22×10−8 779.49 779.49 2996.39 3.98×10−8 1.15697×1013

BP4 6.22×10−8 1207.58 1207.58 3991.16 4.59×10−8 2.15494×1013

Table 4. CP asymmetry and other relevant details involved in leptogenesis calculation for the
hybrid model.

For the first condition we will need to consider the thermally corrected masses for the SM
Higgs and lepton doublets at the reheating temperature [105]

M2
H(T ) =

( 3
16g

2
2 + 1

16g
2
1 + 1

4y
2
t

)
T 2 ,

M2
L(T ) =

( 3
32g

2
2 + 1

32g
2
1

)
T 2 , (5.5)

where g1 and g2 are the U(1)Y and SU(2)L gauge couplings respectively, and yt is the
top quark Yukawa coupling. Therefore, at the reheating temperature after considering the
coupling values at the electroweak scale5 we get

MH(TRH) +ML(TRH) ' 0.77TRH, (5.6)

Hence for the feasibility of the decay we need the mass of RHN at the reheating temperature
to be MN/TRH & 0.77.

As for the second condition we have taken the Dirac Yukawa coupling yD, which is re-
sponsible for the wash-out, to be parameterized by the Casas-Ibarra parameterization [106]
for type I seesaw with two RHNs given by

YD = Λ−1/2Om̂1/2
ν U †PMNS , (5.7)

where Λ = v2
ew/MN , O is an arbitrary complex orthogonal matrix, m̂ν is the diagonal light

neutrino mass matrix and UPMNS is the light neutrino mixing matrix. Since only two RHNs
contribute to type I seesaw, we consider the lightest active neutrino mass to be vanishing.
Using the best-fit values of the light neutrino oscillation data [107] for normal hierarchy
and assuming O to be the identity matrix, we obtain

yD ≡
∑
α

yD1α ∼ 2.3× 10−8
(
MN

1 TeV

)1/2
. (5.8)

And proceeding with the above Dirac Yukawa we need to satisfy the following condition [32]

MN

TRH
& ln

[
y2
DMPl

24πTRH

(
MN

TRH

)5/2
]
, (5.9)

5It should be noted that the values of these couplings do not change much between the electroweak scale
and the reheating temperature for (multi) TeV-scale symmetry breaking considered here.
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ensuring the inverse decay width to be suppressed. We calculate the required CP asym-
metry and the Dirac Yukawa couplings for the four benchmark points and quote them in
table 4. All these benchmark points satisfy the required baryon asymmetry due to the
appropriate choice of Yukawa couplings and CP phase. As can be seen from the smallness
of the Dirac Yukawa couplings, the decay width of the RHN remains small, also required
from the resonant leptogenesis condition M3 −M2 ∼ Γ2/2. This also justifies the semi-
degenerate nature of RHNs N2,3 in the benchmark choice of parameters. We also check
that the benchmark points satisfy the above mentioned conditions to ensure the viability
of the leptogenesis scenario we are implementing.

For the standard vanilla leptogenesis scenario where the massive RHNs are in equi-
librium, the baryon asymmetry in the weak washout regime Γ/H(T = MN ) � 1 can be
written as

YB = εNκsphY
eq
N (T = MN ); (5.10)

Y eq
N (T ) = 45

4π4
gN
g∗

(
MN

T

)2
K2(MN/T ), (5.11)

with K2 being the modified Bessel function of 2nd order. Comparing with eq. (5.3), we
can see that in FOPT scenario there arises an extra dilution factor (Tn/TRH)3 compared
to the standard case. This was also noticed in earlier works [34, 35]. However, due to
a different structure of our model in the absence of any additional gauge symmetry, we
have Tinf < Tn resulting in TRH = Tn. Therefore, the final baryon asymmetry in our setup
remains same as the standard one, but with the added advantage of detection prospects via
stochastic GW observations. In other words, the model without FOPT is also consistent
with successful leptogenesis for same set of parameters. However, the presence of FOPT
increases the detection prospects in terms of future observations of stochastic GW.

However, as we increase the scale of FOPT, we get deviations from TRH = Tn resulting
in dilution of lepton asymmetry compared to the standard one. To illustrate this, we show
three such benchmark points for high scale leptogenesis in table 5 and 6 which are also
consistent with a strong FOPT criteria. As can be seen from table 6, for such high scale
FOPT, we have Tinf > Tn resulting in TRH > Tn. This leads to the dilution of lepton
asymmetry by a factor (Tn/TRH)3 which is as large as ∼ 103 for the last benchmark point
in table 6. Accordingly, the required CP asymmetry parameter needs to be enhanced for
such scenarios. Even though we are in weak washout regime, FOPT can also lead to size-
able washout at the end of the phase transition due to the large latent heat released. Such
washout effects can be significant if TRH � MN . In the benchmark points we have con-
sidered, TRH < MN and hence such washout effects are expected to be smaller. Therefore,
in the weak washout regime, high scale FOPT scenario can give successful leptogenesis for
the parameter space leading to overproduction of asymmetry in standard leptogenesis.

On the other hand, if we are in the strong washout regime of standard leptogenesis, the
FOPT triggered leptogenesis can, in principle, enhance the production of asymmetry if the
dilution effects are under control and TRH �MN in order keep the washout processes like
inverse decay suppressed. A detailed investigation of this regime along with implications
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vc Tc v vc/Tc λ7(0) Y ′2(0) λs(0)
(GeV) (GeV) (GeV) ≈ Y ′3(0)

9.68×107 3.14×107 9.93×107 3.07 2.2 0.6 0.02
9.52×108 2.05×108 9.76×108 4.63 1.2 0.6 0.02
9.61×109 2.62×109 9.89×109 3.66 1.7 0.6 0.02

Table 5. Benchmark parameters and other details for high scale leptogenesis scenario.

εN TRH (GeV) Tn (GeV) MN2 ≈MN3 (GeV) yD ∆Vtot (GeV)4

8.93×10−7 9.87×106 4.09×106 5.96×107 5.62×10−6 3.62×1029

1.81×10−7 7.04×107 4.97×107 5.85×108 1.76×10−5 9.96×1032

4.40×10−5 8.59×108 9.71×107 5.93×109 5.60×10−5 2.07×1037

Table 6. CP asymmetry and other relevant details involved in high scale leptogenesis calculation
for the hybrid model.

for dark matter will require the relevant Boltzmann equations to be solved numerically,
which we leave for future works.

As mentioned earlier, the Z2 odd RHN namely, N1 is the DM candidate which can
have light masses due to its small Yukawa couplings with the singlet scalar. It is possible,
in principle, to realise either thermal WIMP or non-thermal DM scenario with the latter
being popularly known as feebly interacting massive particle (FIMP) [108]. As MDM <

Tn, DM can be in equilibrium inside the bubble and undergo thermal freeze-out at a
temperature Tf ∼ MDM/20, if its coupling to the SM bath is sizeable enough. DM can
annihilate into SM particles via two possible processes: Yukawa interactions with SM
leptons via inert scalar doublet η and singlet scalar mediated annihilations into SM particles
via singlet-Higgs mixing. Since the scalar doublet η is much heavier than the RHNs, the
corresponding DM annihilation cross-section remains suppressed compared to the singlet
scalar mediated one. Since the singlet scalar mass is small, we can get the desired relic
of DM by appropriate tuning of singlet-Higgs mixing. In order to calculate the thermally
averaged annihilation cross-sections and solve the Boltzmann equation for DM numerically,
we use micrOMEGAs [109]. We consider one particular benchmark point namely, BP3 such
that the singlet scalar mass is fixed. The relic abundance as a function of DM mass is shown
on the left panel of figure 6. Even for a considerably large mixing between singlet scalar and
the SM Higgs sin θhS = 0.23, the relic can barely be satisfied at the resonances. Similarly,
the stringent direct detection bounds [45] barely allows the relic satisfying point at the SM
Higgs resonance while ruling out the heavier DM mass at singlet scalar resonance. This is
due to the fact that, DM Yukawa coupling with singlet scalar is 〈S〉/MDM = v/mN1 which
is very small for this mass range. It should also be noted that the actual singlet-SM Higgs
mixing will be sin θhS ∼ λ6vew/v � 0.23 thereby ruling out the WIMP possibility in this
minimal setup.
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We finally consider the FIMP DM possibility by considering singlet scalar decay after
the phase transition. The corresponding Boltzmann equations can be written as

dYDM
dz

= 2
zHΓsN1Ys,

dYs
dz

= − 1
zH(ΓsN1 + Γsh)Ys, (5.12)

with z = Ms/T and assuming the relativistic dof to be constant, which is valid at tem-
peratures above electroweak scale. While DM is produced only from the decay of singlet
scalar, the latter can decay into SM Higgs as well. The corresponding decay widths are

ΓsN1 = 1
16πy

2
1Ms

(
1− 4M2

DM
M2
s

)3/2

, Γsh = y2
shh

16πMs

(
1− 4M2

h

M2
s

)1/2

, (5.13)
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where yshh ∼ λ6v. Similar to the case of heavy RHNs N2,3, the singlet scalar also acquires
a large abundance inside the bubble at nucleation temperature, close to the equilibrium
comoving number density without Boltzmann suppression. Considering this to be the
initial comoving abundance of S and taking appropriate partial decay width of S into SM
Higgs, we solve the above Boltzmann equations for different DM masses and find that for
DM mass around 14MeV, the correct relic is satisfied if other parameters are fixed as in
BP3 discussed before. Since singlet decay width into SM Higgs is substantial, we require
somewhat large FIMP mass to satisfy the correct DM relic. This also leads to instantaneous
freeze-in shortly after nucleation temperature T ∼ T∗ as larger mass corresponds to larger
Yukawa coupling of DM with singlet.

6 Conclusion

We have studied the possibility of getting dark matter and low scale leptogenesis from a
supercooled first order phase transition driven by a singlet scalar around TeV scale. The
right handed neutrinos responsible for generating lepton asymmetry via decay and dark
matter acquire masses by crossing the relativistic bubble walls which arise as a result of
the FOPT. This also leads to a large abundance of RHN in true vacuum inside the bubble
sufficient for generating the required lepton asymmetry without washout or Boltzmann
suppression. The dark matter is lighter than the nucleation temperature and hence can
remain in equilibrium inside the bubble with its relic determined by thermal freeze-out at
later stages. In order to implement the idea, we first consider a conformal version of the
scotogenic model such that along with dark matter and right handed neutrino generating
radiative light neutrino masses, we also have a strong supercooling to bring the resulting
gravitational wave amplitude within near future experiment’s sensitivity. While a strong
supercooled FOPT is possible, the hierarchy of the additional field content of the model
does not allow the realisation of leptogenesis from RHN decay. We then consider a hybrid
scenario with the same field content but different seesaw realisation to show correct DM
phenomenology from the lightest RHN while the heavier two RHNs can lead to successful
TeV scale resonant leptogenesis. The light neutrino mass arises from a hybrid seesaw
mechanism involving both type I and radiative origin. As the FOPT details remain more
or less similar to the conformal scotogenic model, we can probe this hybrid model in near
future GW experiments like the LISA experiment. Due to TeV scale RHN and additional
scalars, the model can also have complementary detection prospects at intensity and energy
frontier experiments.

A Renormalisation group evolution equations

The relevant RGE equations for the model parameters are [110]

dλs
dt

= 1
16π2 (20λ2

s + 2λ2
6 + 2λ2

7 + 8λsTr[Y ′†Y ′]− Tr[Y ′†Y ′Y ′†Y ′])

dλ2
dt

= 1
16π2 (12λ2

2 + 2λ2
7 + 3g2

1/4 + 9g2
2/4 + 3g2

1g
2
2/2)
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dλ7
dt

= 1
16π2 (4λ2

7 + 6λ2λ7 + 8λsλ7 + 4λ7Tr[Y ′†Y ′])

dλ6
dt

= 1
16π2 (4λ2

6 + 6λ6y
2
t + 8λsλ6 + 4λ6Tr[Y ′†Y ′])

dY ′

dt
= 1

16π2 (4Y ′3 + 2Y ′Tr[Y ′†Y ′])

dg1
dt

= 1
16π2 (7g3

1)

dg2
dt

= 1
16π2 (−3g3

2)

dyt
dt

= 1
16π2 (9y3

t /2− yt(17g2
1/12 + 9g2

2/4))

B Fitting of the finite temperature potential

The generic form of quartic and logarithmic potential can be written as [111]

V (φ) = (2A−B)σ2φ2 −Aφ4 +Bφ4 ln φ
2

σ2 (B.1)

The above expression as the effective potential can be used to calculate the semi-analytical
expression of the Euclidean action in terms of the parameters of the potential. We can use
the effective potential with consideration of the running coupling effect, one-loop thermal
contribution, and Daisy corrections, which can then be fitted well to the generic potential
as shown in figure 8 for BP1.

The bounce equation of motion for the above generic potential in three dimensions is

d2φ

dr2 + 2
r

dφ

dr
= dV

dφ
(B.2)

We obtain the derivative of the potential as

dV

dφ
= 4Bσ3

{2A−B
2B

(
φ

σ
− φ3

σ3

)
+ φ3

σ3 ln φ
2

σ2

}
(B.3)

Now using a scaling transformation (Φ = φ/σ, ξ = 2σ
√
Br), we reduce the three parameters

differential equation (DE) to one parameter DE given by

d2Φ
dξ2 + 2

ξ

dΦ
dξ

= δ(Φ− Φ3) + Φ3 ln Φ2 (B.4)

where δ = 2A−B
2B . Following the approach of [111], the action in three dimensions, calculated

in a semi-analytical manner, is found to be

S3 = 16πσI3

3(1− 2δ)2

( 2
B

)1/2
(2δ)nµ

{
1 + µ1δ + µ2δ

2 + µ3δ
3
}

(B.5)

where, I=0.4199, nµ = 0.557, µ1 = 4.2719, µ2 = −14.5908 and µ3 = 12.0940. We have
used it in our numerical analysis.
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Figure 8. Comparison between the actual thermal potential and the fit at different temperatures.
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