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2.7, it is wrongly stated (a) that u must be non-atomic, and (b) that m is locally 

finite. The following gives correct versions. References not given here are listed 

in [ANSS]. 
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2.7 COROLLARY: Suppose that  E = EA is a mixing  S F T  and that  f :  E --+ Z d 

(d _> 1) has finite memory.  I f  v • P ( E )  is SfA-invariant, ergodic, and wi th  

U := s u p p v  _C E c1open and v o ru  ~ v, then v oc # s l v  for some homomorph i sm  

o~: 7], d ---+ ]~. I f  (in addition) f :  E --+ Z d is aperiodic, then U = E. 

Proof: Since u is finite and rv-non-singular ,  it is non-atomic and the unique 

Tcfe rgodic ,  invariant measure  m on E x Z d so tha t  m ( A  x {0}) = v(A) is locally 

finite. 

In case f is aperiodic,  theorem 2.2 shows tha t  m -- m s ,  U = E and u = Its 

for some h o m o m o r p h i s m  (~: ~d .....y ~. 

Otherwise (see, e.g., proposi t ion 5.1 in [Pa-S] for d = 1) there is a subgroup 

F C Z d and 

) $ = a + g - g o T + - f ,  

where a • Z d, 7: V~ ._+ F aperiodic and g: E --+ Z d bo th  wi th  m e m o r y  no longer 

than  tha t  of  f .  

Thus  m o ~r -1 (where ~r(x, z) := (x, z -  g(x) ) )  is locally finite, 7VT-ergodic, 

invariant  and suppor ted  on E x (z0 + F) (some z0 • zd) .  The  result now follows 

from the aperiodic case. II 

Remarks:  (1) In the s i tuat ion of Corol lary 2.7, the ergodic decomposi t ion  of Its 

(a: Z d ~ R a homomorph i sm)  is {[g C b + Y]: b e Z d} (where g is as in (~t)). 

The  proof  of  this uses [G-HI as in the proof  of ergodicity in the aperiodic case. 

(2) Suppose t ha t  E is a mixing SFT  and tha t  v e P ( E )  is S+- invar iant  and 

ergodic; then (for s e S) Ns := ~-~n~__0 lb] o T n is S+-invar iant ,  whence constant  

v-a.e. Call s E S e p h e m e r a l  if 1 < N~ < co u-a.e., and r e c u r r e n t  if N~ = cc 

a.e. Let S ~  and Se denote the collections of recurrent  and ephemera l  s ta tes  

(respectively).  Evident ly  S ~  ~ 0 and N := ~-~fese N f  is constant  and finite 

(N := 0 if Se = 0 ) .  

2.8 COROLLARY: Suppose ~ = EA is a mix ing  SFT.  I f  u e P ( E )  is S+A-invariant 

and ergodic, then 3 a cylinder f = [fl . . . .  , f g ]  C E with f l , . . . , f g  • Se; a 

mix ing  S F T  E r = EA, C E n S ~ ;  a clopen, S+,-invariant subset  U C E ' ;  a 

homomorphisn~ ~: Z s ~  -+ ~ so that  

l) = c ~ o~ s × #ITN~SnU 
7r G~;N. ~r snu:/:(~ 

where ~$ :=  [$# (1 ) , . . ,  $~(N)], It • P (E ' ) ,  d~oT = c,e~OF# and c, c r > O. 
- dt t 
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Proo£" Suppose first t ha t  Se = 0. We claim first t ha t  u is the restr ict ion of a 

Markov measure  to a union of initial states.  To see this, choose s E Soo with 

u (Is]) > 0; then u][s] is ergodic, invariant  under  finite pe rmuta t ions  of inter-arrival  

words, whence by de Fine t t i ' s  t heorem (see, e.g., [D-F]) a p roduc t  measure.  By  

Proposi t ion 15 of [D-F], ul[s] is the restr ict ion of a s t a t ionary  Markov measure  to 

Is], and by S+-invar iance  and ergodicity, the t ransi t ion ma t r ix  p does not depend 

on s, u([s]) > 0. I t  follows tha t  U := supp u = Usesoo, ,([~])>0[ s] is clopen in EA, 

(A~, t = lips,,>0]), and tha t  u o Tu ~ u where T is the adic t rans format ion  on EA,. 

The  result  in case Se -- 0 now follows from Corollary 2.7. 

In general, 

{S~ ,  1 < n < N := ~-~fese N$, 
Xn E Soo, n > N ,  

v o T - g  is as above. The  result follows from this. | 

Remarks:  Examples  i l lustrat ing the various cases of Corol lary 2.8 can be ex- 

t rac ted  f rom [P-S]. Corol lary 2.8 now extends the one-sided version of theorem 

6.2 in [P-S]. Theorems  2.9 and 2.11 there follow f rom it (by identification of 

possible E~). 

[ANSS] 

[D-F] 

[Pa-S] 
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