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An Q-theorem ...: Addendum
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Abstract. It is proved in [1] that the error term associated with the summatory
function of the divisor function o_, (n) satisfies (1) E_;(x) = 2_(loglog x) with an
implied constant C_ = (¢’ — 1)/2. In fact, the method of [1] yields the better
(2) C_=e"2, and also (3) E_ (x) = 2. (loglogx) with an implied constant
4 C, =e2.

The reader is refered to [1] for the notation. In that paper, the
proof of (1) is derived from a general estimate of the sum
2.<xE_(An— B), where 4 and B are positive integers satisfying
0 < B< A (Lemma 5). A special choice of the parameters 4 and x,
considered as functions of the variable B, is made, and B — o0.

But a simpler application of Lemma 5 with B = 1 also yields (1),
with (2). Moreover, I had the impression that the case B = 0 was not
worth considering; a fallacious impression: indeed this case yields (3),
with (4).

Lemma 5*%. If x is a positive integer and ¢ = 0 or 1, then as x - 0,

S E(An—(1—=(=1)9)/2)=L.x+ O(4 + (x/4)""log Ax)

n<x

where

FADCA |

L=L)= (- 150 :

and C, is a real constant depending only on .
The case ¢ = 1 is Lemma 5 with B = 1. For ¢ = 0 the proof differs
only trivially (in the proof of Lemma 3) from that of Lemma 5.

The special choices 4 = 1—[ p*, where o is an integral function of
Py
y diverging to + oo, and x = 4% yield
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L= 1221+ o) G-,
whence, by [1, (46)], if logx = o (logy),

; Y E (An—(1—(=1D)))~ (-1 *10g10gx (y— o).

n<x
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