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Abstract. Aiming at the problem of relative information acquisition in air-borne
missile cooperative navigation, a cooperative navigation method in satellite denial
environment is proposed. Taking the radar seeker and ranging data link for relative
measurement and data transmission, the relative navigation state equation between
the leader and the slave is designed employing master-slave structure. The mea-
surement equations derivate based on ranging data link and radar seeker ranging.
The relative deviation is estimated by Kalman filter. Finally, the simulation is
conducted to verify the algorithm. The simulation results show that the proposed
method could estimate the relative deviation between missiles where the relative
position estimation deviation is less than 20 m, the relative velocity estimation
deviation is less than 5 üm/s, and the relative attitude estimation deviation is less
than 8′. The proposed method solves problems of obtaining the relative position,
relative velocity and relative attitude error information of multiple missiles, and
lays a foundation for realizing the cooperative detection of multiple missiles.

Keywords: Collaborative navigation · Satellite-jamming · Radar seeker ·
Datalink · Simulation and analysis

1 Overview

With the continuous acceleration of the integration process of information warfare, the
confrontation between attack and defense is becoming intensely. The trend is expand-
ing the concept of air-borne missile cooperative operation. The future air combat will
change from the confrontation between single combat aircraft to multi-platform coop-
erative combat. The cooperative air-borne missile will become the main role of future
air combat. The cooperative operation of air-borne missile can improve its search ability
for moving targets, especially the ability of anti-stealth targets, and effectively improve
the comprehensive combat effectiveness.

Current research on air-borne missile cooperative operation mainly focuses on two
aspects: The concept and method of air-borne missile cooperative operation; Coopera-
tive guidance model, strategy and control method. Reference [1] proposed a cooperative
guidance operation method of air-borne missile; Ref. [2] introduced the technologies of
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multi missile cooperative collectivity, formation flight, multi missile data link commu-
nication and so on; Refs. [3, 4] studied the multi missile cooperative guidance strategy;
Ref. [5] researched on target tracking based on cooperative positioning of two missiles;
Ref. [6] studied the multi missile cooperative guidance law. The above research studied
the multi missile cooperative guidance law, control model and control method in the
hypotheses that the relative information between missiles has been obtained. There has
no relevant research on the acquisition method of relative information between missiles.
When the relative information betweenmissiles cannot be obtained, the research ofmulti
missile cooperative detection is difficult to achieve.

The sensors that can be used for measurement mainly include lidar [7], vision mea-
surement [8–10], ultra-wideband (UWB) [11], satellite navigation [12–14]. Due to the
strictly limited volume of air-borne missiles and the characteristics of high mobility in
combat tasks, the optional auxiliary means are very limited. Satellite navigation, radar
and infrared seeker and ranging data link can be selected as auxiliary measurement
means, among which satellite navigation is the most practical relative navigation means.
This paper focus on the relative navigation by using radar seeker and ranging data link
as auxiliary measurement in the environment of satellite navigation rejection.

2 Cooperative Guidance Strategy of Air-Borne Missile

2.1 Master-Slave Collaboration Strategy

In this paper, a master-slave collaborative guidance strategy and a coordinated guidance
formation are shown in Fig. 1, in which one is the leader and the other is the follower. The
pilot in the middle guidance section broadcasts his own inertial navigation data through
the high-speed data link. After receiving the data broadcast by the pilot, the follower
forms the relative navigation between them, and estimates the relative attitude, relative
speed and relative position deviation between missiles through filtering, so as to provide
formation basis for multi-missile flight in the middle guidance section. After turning to
terminal guidance, the follower uses the obtained relative deviation data to correct the
target information measured by the pilot radar that can be used by the follower, finally
cooperative detection and cooperative attack can be realized.

Data
Link Leader

Follower

Fig. 1. Multi-missile flying formation

In order to facilitate the derivation of the algorithm, the navigation of the pilot and
the follower are unified in the solidified geographic frame(n). The coordinate origin and
axis are fixed relative to the earth, and X, Y and Z correspond to the north, up and east.
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3 Relative Navigation Error Model

3.1 Inertial Navigation Error Equation

Owning to the short flight time and unpredictable trajectory, the estimation of position
error, velocity error and misalignment angle can be applied to reduce the complexity
of the algorithm without regard to device error. The pilot error equation can be seen as
follows:

ϕ̇l = −ωn
ie × ϕl − δωn

ib
δv̇nl = Cn

bf
b × ϕl − 2ωn

ie × δvnl + δf n

δṘ
n
l = δVn

l

(1)

3.2 Relative Navigation State Equation

The state equation of the pilot and follower are:

ẋl = Alxl + Glwl (2)

ẋf = Af xf + Gf wf (3)

We can get the Eq. (4) by take the pilot as the benchmark when subtract Eq. (2) from
Eq. (3) to obtain:

ẋl − ẋf = Alxl − Af xf + Glwl − Gf wf (4)

where:

xlf = xl − xf wlf = wl − wf Glf = Gl − Gf

Equation (4) contains both pilot state and follower state by transforming to eliminate
follower state variables.

ẋlf = Alxl − Af xl + Af xl − Af xf + Glwl − Gf wl + Gf wl − Gf wf

= (
Al − Af

)
xl + Af

(
xl − xf

) + (
Gl − Gf

)
wl + Gf

(
wl − wf

)

= (
Al − Af

)
xl + Af xlf + Glf wl + Gf wlf

(5)

It can be seen fromEq. (5) that in order to obtain the estimation of the state parameters
of cooperative navigation, it is necessary to obtain the estimation of the follower’s state
first. Therefore, the final cooperative navigation state equation is as follows, in which
the follower’s state equation is combined:

Ẋ = AX + GW
[
ẋl
ẋlf

]
=

[
Al 0
Alf Af

][
xl
xlf

]
+

[
Gl 0
Glf Gf

][
wl

wlf

] (6)
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4 Measurement Model

4.1 Data Link Distance Measurement Model

The data link uses pseudo code to measure the distance, which can obtain the distance
information between missiles. The true position vector of the pilot Rn

l and follower Rn
f

can be expressed as follows.

Rn
l = [

Rlx Rly Rlz
]T

Rn
f = [

Rfx Rlf Rfz
]T

The position vector of the navigator and follower inertial navigation output is:

R̂
n
l = Rn

l + δRl (7)

R̂
n
f = Rn

f + δRf (8)

The position Eq. (7) of missile inertial navigation output minus Eq. (8) is:

R̂
n
lf = R̂

n
l − R̂

n
f = Rn

l − Rn
f + δRl − δRf =

⎡

⎣
Rlx − Rfx

Rly − Rfy

Rlz − Rfz

⎤

⎦ +
⎡

⎣
δRlx − δRfx

δRly − δRfy

δRlz − δRfz

⎤

⎦

where:

Rn
lf = Rn

l − Rn
f δRn

lf = δRl − δRf

Then we can get:

R̂
n
lf =

⎡

⎣
Rlfx

Rlfy

Rlfz

⎤

⎦ = Rn
lf + δRn

lf =
⎡

⎣
R̂lfx

R̂lfy

R̂lfz

⎤

⎦ +
⎡

⎣
δRlfx

δRlfy

δRlfz

⎤

⎦ (9)

The distance between bullets can be expressed as:

L̂ =
∣∣∣R̂n

lf

∣∣∣ =
√
R̂2
lfx + R̂2

lfy + R̂2
lfz

The formula can be obtained by expanding the Taylor series at
(
Rlfx Rlfy Rlfz

)
and

removing the error of the first term:

L̂ = L + Rlfx

L
δRlfx + Rlfy

L
δRlfy + Rlfz

L
δRlfz (10)

The distance measured by the data link ranging system can be discribed as:

L̃ = L + δL (11)

Subtract Eq. (11) from Eq. (10) to obtain:

ZL = L̂ − L̃ = Rlfx

L
δRlfx + Rlfy

L
δRlfy + Rlfz

L
δRlfz − δL (12)

where: ML =
[
Rlfx
L

Rlfy
L

Rlfz
L

]
HL = [

01×3 01×3 01×3 ML01×3 01×3
]

And: ZL = HLX + υL υL = −δL.
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4.2 Radar Relative Position Measurement

The position vector between the leader and follower shells has.
The position vector R̂

n
fl between the leader and follower can be discribed:

R̂
n
lf = Rn

l − Rn
f = Rn

lf + δRn
lf (13)

The vector bf is formed when projected into the projectile body coordinate system
of the slave projectile:

R̂
bf
lf = Ĉ

bf
bl
Ĉ
bl
n R̂

n
lf (14)

The relationship between the attitude misalignment angle of the leading projectile
and the subordinate projectile and the attitude matrix is:

Ĉ
n
bl = (I − Φ l)C

n
bl

(15)

Ĉ
n
bf = (

I − Φ f
)
Cn
bf

(16)

where Φ is the antisymmetric matrix composed of misalignment angle ϕ.

Φ =
⎡

⎣
0 −ϕz ϕy

ϕz 0 −ϕx

−ϕy ϕx 0

⎤

⎦

The conversion matrix from the lead bomb system to the slave bomb system can be
written as:

Ĉ
bf
bl

= Ĉ
bf
n Ĉ

n
bl = C

bf
n

(
I + Φ f

)
(I − Φ l)C

n
bl

= C
bf
bl

− C
bf
n

(
Φ l − Φ f

)
Cn
bl

− C
bf
n Φ f Φ lC

n
bl

Ignore small product terms C
bf
n Φ f Φ lCn

bl
, Let Φ lf = Φ l − Φ f , and:

Ĉ
bf
bl

≈ C
bf
bl

− C
bf
n Φ lf C

n
bl

(17)

After introducing Eqs. (13), (15) and (17) into Eq. (14), we get:

R̂
bf
lf = Ĉ

bf
bl
Ĉ
bl
n R̂

n
lf =

[
C
bf
bl

− C
bf
n Φ lf C

n
bl

][
Cb
nl + Cn

bl
Φ l

](
Rn
lf + δRn

lf

)

=R
bf
lf + C

bf
n Φ lR

n
lf − C

bf
n Φ lf R

n
lf + C

bf
n δRn

lf − C
bf
n Φ lf Φ lR

n
lf

+
(
C
bf
n Φ l + C

bf
n Φ lf + C

bf
n Φ lf Φ l

)
δRn

lf

After ignoring the small product term, we can get:

R̂
bf
lf = R

bf
lf − C

bf
n

(
Rn
lf ×

)
ϕl + C

bf
n

(
Rn
lf ×

)
ϕlf + C

bf
n δRn

lf (18)
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The range d̃ , azimuth α̃ and elevation angle β̃ of the lead-in missile measured by the
radar seeker of the slave missile are:

d̃ = d + εd α̃ = α + εα β̃ = β + εβ

where: d , α, β are the true values of distance and azimuth; εd , εα, εβ refers to ranging
error and angle measurement error respectively.

The projection of the relative position vector of the lead-in missile measured by the
radar seeker of the slave missile under the missile body system a of the slave missile is:

r̃
bf
lf =

⎡

⎢
⎣
r̃
bf
x

r̃
bf
y

r̃
bf
z

⎤

⎥
⎦ =

⎡

⎣
d̃ cos α̃ sin β̃

d̃ cos α̃ cos β̃

d̃ sin α̃

⎤

⎦ (19)

Owning to the ranging error and anglemeasurement error are small, the small product
term is ignored and the sine and cosine of small angle are simplified as:

r̃
bf
x = (d + εd ) cos(α + εα) sin

(
β + εβ

)

≈ d cosα sin β + dεβ cosα cosβ − εα sin α sin β + εd cosα sin β

r̃
bf
y = (d + εd ) cos(α + εα) cos

(
β + εβ

)

≈ d cosα cosβ − dεβ cosα sin β − dεα sin α cosβ + εd cosα cosβ

r̃
bf
z = (d + εd ) sin(α + εα) ≈ d sin α + dεα cosα + εd sin α

where:

εr =
⎡

⎣
dεβ cosα cosβ − εα sin α sin β + εd cosα sin β

−dεβ cosα sin β − dεα sin α cosβ + εd cosα cosβ

dεα cosα + εd sin α

⎤

⎦

R
bf
lf =

⎡

⎢
⎣
r
bf
x

r
bf
y

r
bf
z

⎤

⎥
⎦ =

⎡

⎣
d cosα sin β

d cosα cosβ

d sin α

⎤

⎦

Then, Eq. (19) can be expressed as:

r̃
bf
lf = R

bf
lf + εr (20)

Subtracting Eq. (20) from Eq. (18), the position measurement equation can be
expressed as:

Zr = R̂
bf
lf − r̃

bf
lf = HrX + υr = −C

bf
n

(
Rn
lf ×

)
ϕl + C

bf
n δRn

lf + C
bf
n

(
Rn
lf ×

)
ϕlf − εr

(21)

Then:

Hr =
[
03×3 03×3 − C

bf
n

(
Rn
lf ×

)
C
bf
n 03×3 C

bf
n

(
Rn
lf ×

)]

υr = −εr
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4.3 Radar Relative Velocity Measurement Model

The velocity measured by radar is the velocity in the direction of line of sight, and the
tangential velocity of line of sight has missed, so the angular projection method cannot
be used to decompose the velocity into other coordinate systems, see Fig. 2.

Leader

Follower

lV

fV

Unit Vector e
r

Fig. 2. Relative velocity

The output speeds of the pilot and the following inertial navigation are V̂
n
l and V̂

n
f

respectively, which can be expressed as:

V̂
n
l = Vn

l + δV l (22)

V̂
n
f = Vn

f + δV f (23)

where Vn
l , V

n
f are the true velocity, δV l , V f are the errors of velocity.

�e is the unit vector of the line of sight direction, which can be expressed as

�e =
�Rn
lf∣∣∣�Rn
lf

∣∣∣
=

(
Rlfx
L

Rlfy
L

Rlfz
L

)

Then the relative velocity between the leader and follower shells can be expressed
as:

V̂ e
lf = V̂

n
lf · �e =

(
V̂
n
l − V̂

n
f

)
�e = VlfxRlfx + VlfyRlfy + VlfzRlfz

L̂
(24)

Carry out Taylor series expansion of Eq. (23) at
(
Rlfx Rlfy Rlfz

)
and

(
Vlfx Vlfy Vlfz

)

respectively, and take the primary term error to obtain:

V̂
e
lf =Ve

lf + ∂V̂
e
lf

∂Rlfx
· δRlfx + ∂V̂

e
lf

∂Rlfy
· δRlfy + ∂V̂

e
lf

∂Rlfz
· δRlfz + ∂V̂

e
lf

∂Vlfx
· δVlfx

+ ∂V̂
e
lf

∂Vlfy
· δVlfy + ∂V̂

e
lf

∂Vlfz
· δVlfz (25)

where:

∂V̂
e
lf

∂Rlfx
=

(
R2
lfy + R2

lfz

)
Vlfx

(
R2
lfx + R2

lfy + R2
lfz

) 3
2

−
(
VflyRfly + VflzRflz

)
Rlfx

(
R2
lfx + R2

lfy + R2
lfz

) 3
2
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∂V̂
e
lf

∂Rlfy
=

(
R2
lfx + R2

lfz

)
Vlfy

(
R2
lfx + R2

lfy + R2
lfz

) 3
2

−
(
VlfxRlfx + VlfzRlfz

)
R̂lfy

(
R2
lfx + R2

lfy + R2
lfz

) 3
2

∂V̂
e
lf

∂Rlfz
=

(
R2
lfx + R2

lfy

)
Vlfz

(
R2
lfx + R2

lfy + R2
lfz

) 3
2

−
(
VlfxRlfx + VlfyRlfy

)
Rlfz

(
R2
lfx + R2

lfy + R2
lfz

) 3
2

∂V̂
e
lf

∂Vlfx
= Rlfx√

R2
lfx + R2

lfy + R2
lfz

∂V̂
e
lf

∂Vlfy
= Rlfy√

R2
lfx + R2

lfy + R2
lfz

∂V̂
e
lf

∂Vlfz
= Rlfz√

R2
lfx + R2

lfy + R2
lfz

So, we can immediately write

Mr =
[

∂V̂
e
lf

∂Rlfx

∂V̂
e
lf

∂Rlfy

∂V̂
e
lf

∂Rlfz

]
Mv =

[
∂V̂

e
lf

∂Vlfx

∂V̂
e
lf

∂Vlfy

∂V̂
e
lf

∂Vlfz

]

The radar seeker line can measure the velocity of the leading projectile relative to
the subordinate projectile in the line of sight, it can be seen as follow

Ṽ
e
lf = Ve

lf + εv (26)

Then subtract Eq. (26) from Eq. (25) to obtain:

Zv = V̂
e
lf − Ṽ

e
lf

= ∂V̂
e
lf

∂Rlfx
· δRlfx + ∂V̂

e
lf

∂Rlfy
· δRlfy + ∂V̂

e
lf

∂Rlfz
· δRlfz + ∂V̂

e
lf

∂Vlfx
· δVlfx

+ ∂V̂
e
lf

∂Vlfy
· δVlfy + ∂V̂

e
lf

∂Vlfz
· δVlfz − εv

Hv = [
01×3 01×3 01×3 Mr Mv 01×3

]

5 Simulation Analysis

The state variables of cooperative navigation are 18 dimensions in total, and themeasure-
ment equation has 5 dimensions, which includes data link ranging measurement dimen-
sion, radar position measurement dimension and radar speed measurement dimension.
Kalman filter is used for processing in a sequential manner.
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5.1 Construction of Simulation Environment

The cooperative navigation algorithm is verified by software simulation. The simulation
environment structure is shown in Fig. 3. First the simulation trajectory of the pilot and
follower is setted, and IMU inertial device errors are generated. The navigator carries
out inertial navigation calculation independently, the pilot and follower transmit data
through a high-speed data link capable of ranging. The follower uses its own seeker
to measure the distance, angle and line of sight speed of the pilot. Data from follower
participate in the collaborative navigation filtering to obtain the estimation of follower
error and relative error, so as to realize the collaborative navigation filtering calculation.

Leader
Flight path simulation

Follower
Flight path simulation

Datalink
Mesurement
Simulation

SINS

Cooperative
Navigation

Filter

SINS

Radar
Mesurement
Simulation

IMU

IMU

Datalink Mesured Distance

Radar  Mesured
Angle,Distance,velocity

Navigation
Information

    Track
Information

Relative Mesurement

Navigation
Information

Fig. 3. Simulation platform structure diagram

5.2 Simulation Conditions

In the simulation, the gyro zero drift is set to 1º/h, the acceleration zero offset is 0.5
mg, and the speed measurement error is set to <5 m/s(1σ), rang measurement error
<10 m(1σ). The relative attitude deviation between the pilot and the follower, and the
relative attitude deviation angle of roll, heading and pitch are (20, 20, 20)′. The flight
path of the pilot and follower in the solidified geographical system is shown in Fig. 4.
The initial transverse spacing is about 500 m, the total simulation time is 200 s, and the
flight distance is about 250 km.

The filtering estimation of cooperative navigation is carried out under the flight
trajectory of the follower to obtain the estimation of the relative position, relative speed
and relative attitude deviation of the follower relative to the pilot, as shown in Figs. 5, 6
and 7.

It can be seen from the figure that the relative position estimation error of the follower
relative to the pilot is less than 20 m. The relative velocity estimation error is less than
5 m/s, with the cooperation of missile maneuver, the relative attitude estimation error is
less than 8′.
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Fig. 6. Relative velocity estimation error



Research on Relative Navigation Technology of Air-Borne Missile 85

0 20 40 60 80 100 120 140 160 180 200
-10

0

10

20

t(s) 
(a) Roll Estimation Error

Δ
φx

(′)

0 20 40 60 80 100 120 140 160 180 200
-10

0

10

20

t(s) 
(b) Yaw Estimation Error

Δ
φy

(′)

0 20 40 60 80 100 120 140 160 180 200
-10

0

10

20

t(s) 
(c) Pitch Estimation Error

Δ
φz

(′)

Fig. 7. Relative attitude estimation error

6 Summary

Cooperative detection, cooperative guidance and cooperative attackwill be the necessary
capabilities of future air-borne missiles to adapt to the new situation of future multi
platform cooperative air combat. The basis of realizing multi missile cooperation is
the real-time acquisition of relative information between multiple missiles. This paper
presents a new method to obtain the relative information of Multiple Missiles Based on
satellite navigation. This method can solve the problem of obtaining the relative velocity,
relative position, especially the relative attitude deviation between air-borne missiles; it
lays a foundation for the realization of multi missile cooperative operation of air-borne
missiles.
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