Chapter 8 ®)
Neutrosophic Soft Rough Graphs oo

Neutrosophic soft rough set model is a hybrid model by combining neutrosophic soft
sets with rough sets. We apply neutrosophic soft rough sets to graphs. We present the
concept of neutrosophic soft rough graphs and describe different methods of their
construction. We develop an efficient algorithm of our method to solve decision-
making problems. This chapter is due to [17].

8.1 Introduction

Pawlak [142] introduced the concept of rough set. He was a Polish mathematician
(citizen of Poland) and computer scientist. Rough means approximate or inexact.
Rough set theory expresses vagueness in terms of a boundary region of a set not
in terms of membership function as in fuzzy set. The idea of rough set theory is
a generalization of classical set theory to study the intelligence systems containing
inexact, uncertain or incomplete information. It is an effective drive for bestowal
with uncertain or incomplete information. Rough set theory is a novel mathematical
approach to imprecise knowledge. Rough set theory expresses vagueness by means
of a boundary region of a set. The emptiness of boundary region of a set shows that
this is a crisp set, and nonemptiness shows that this is a rough set. Nonemptiness
of boundary region also describes the deficiency of our knowledge about a set. A
subset of a universe in rough set theory is expressed by two approximations which
are known as lower and upper approximations. Equivalence classes are the basic
building blocks in rough set theory, for upper and lower approximations. Dubois
and Prade [74] investigated rough sets and fuzzy sets and concluded that these two
theories are different approaches to handle vagueness. They reported that these are
not opposite theories and to obtain beneficial results, both theories can be combined.
Following this idea, Broumi et al. [61] introduced the concept of rough neutrosophic
sets. Yang et al. [177] proposed single-valued neutrosophic rough sets by combining
single-valued neutrosophic sets and rough sets, and established an algorithm for
decision-making problem based on single-valued neutrosophic rough sets on two
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Table 8.1 List of notations

Symbols | Stand for

X Universal set

P Parameter set

M Subset of parameter set

R Neutrosophic soft relation on X

(F, A) Neutrosophic soft set

A Neutrosophic set on M

RA Neutrosophic soft rough set on X

R(A) Lower neutrosophic soft rough approximation on X

R(A) Upper neutrosophic soft rough approximation on X

X X xX

E Subset of X

M M x M

L Subset of M

S Neutrosophic soft relation on £

B Neutrosophic set on L

SB Neutrosophic soft rough relation on X

S(B) Lower neutrosophic soft rough approximation on £

S(B) Upper neutrosophic soft rough approximation on £

«a The sum of upper neutrosophic soft rough set and lower neutrosophic soft rough set

15 The sum of upper neutrosophic soft rough relation and lower neutrosophic soft rough
relation

v The score function

universes. Zhang et al. [203] presented the notion of intuitionistic fuzzy rough sets.
The notions of soft rough neutrosophic sets and neutrosophic soft rough sets as hybrid
models are described in [26]. We give a list of notations in Table 8.1.

Definition 8.1 Let X be an initial universal set, P a universal set of parameters and
M C P. For an arbitrary neutrosophic soft relation R over X x M, (X, M, R) is
called neutrosophic soft approximation space.

For any neutrosophic set A € A'(M), we define the upper neutrosophic soft rough
approximation and the lower neutrosophic soft rough approximation operators of A
with respect to (X, M, R) denoted by E(A) and R(A), respectively, as follows:

E(A) ={(x, TR(A)()C), IR(A)(X)’ FR(A)(X)) |x € X},
R(A) ={(x, Tra) (%), Ira)(x), Fra)(x)) | x € X},

where
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Table 8.2 Neutrosophic soft relation R
R x1 X2 X3 X4
mi (0.3,0.4,0.5) 0.4,0.2,0.3) (0.1,0.5,0.4) (0.2,0.3,0.4)
ny (0.1,0.5,0.4) (0.3,0.4,0.6) 0.4,0.4,0.3) (0.5,0.3,0.8)
m3 (0.3,0.4,04) (0.4,0.6,0.7) (0.3,0.5,0.4) (0.5,0.4,0.6)
Ta @ = \/ (Traay (e, m) ATa(m)),  Ig ) = /\ (Ira(x,m) v Ia(m)),
meM meM
Feoy@ =\ (FrayG,m) v Fam);  Teeay) =\ (Frea(x,m) v Ta(m)),
meM meM
ey @) = \/ ((1 = Ineay (e, m) A Ta(m)), Frey @) = \/ (Tra)(x,m) A Fa(m)).
meM meM

The pair (R(A), R(A))is called neutrosophic soft rough setof Aw.rt. (X, M, R), and
R and R are referred to as the lower neutrosophic soft rough approximation and the
upper neutrosophic soft rough approximation operators, respectively.

Example 8.1 Suppose that X = {x;, x2, x3, x4} is the set of careers under consid-
eration, Mr. X wants to select best suitable career. M = {m, m,, m3} be a set of
decision parameters. Mr. X describe the “most suitable career” by defining a neutro-
sophic soft set R = (F, M) on X which is a neutrosophic relation from X to M as
shown in Table 8.2.

Now, Mr. X gives the most favourable decision object A which is a neutrosophic set
on M defined as follows: A={(m,,0.5,0.2,0.4),(m,,0.2,0.3,0.1),(m3,0.2,0.4,0.6)}.
By Definition 8.1, we have

Tﬁ(A)(xl) = 03,

IE(A)(xl) = 04, FR(A)(xl) = 04,

Similarly,

Tﬁ(A) (XZ) = 0.4,
TE(A)()@) = 0.2,

Tﬁ(A)()M) = 02,

TR(A)(XI) = 04,
TR(A)(-XZ) = 05,
TR(A)(Xg,) = 04,

TR(A)()M) = 0.5,

IK(A)(XZ) = 0.2,
IR(A)(XT’) = 0.4,

IR(A)(X“) = 03,

IR(A)(XI) = 04,
IR(A)(XZ) = 04,
IR(A)(Xg,) = 04,

IR(A) ()C4) = 0.4,

Fﬁ(A)(XZ) = 0.4,
FR(A)()CT’) = 0.3,

FR(A) ()C4) =0.4.

FR(A)(XI) = 03,
FR(A)(XZ) = 04,
FR(A)(Xg,) = 03,

FR(A)()M) =0.5.
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Thus, we obtain

R(A) ={(x1,0.3,0.4,0.4), (x2,0.4,0.2,0.4), (x3,0.2,0.4,0.3), (x4,0.2,0.3,0.4)},
R(A) ={(x1,0.4,0.4,0.3), (x2,0.5,0.4,0.4), (x3,0.4,0.4, 0.3), (x4,0.5,0.4,0.5)}.

Hence (R(A), E(A)) is a neutrosophic soft rough set of A.

The conventional neutrosophic soft set is a mapping from a parameter to the
neutrosophic subset of universe, and let R=(F, M) be neutrosophic soft set. Now,
we present the constructive definition of neutrosophic soft rough relation by using
a neutrosophic soft relation S from M xM =M to N (XxX :X'), where X be a
universal set and M be a set of parameter.

Definition 8.2 A neutrosophl;c soft rou/gh relation (S(B), S(B)) on X is a neutro-
sophic softrough set,andS : M — N (X) is aneutrosophic softrelation on X defined
by S(mimj) = {xixj | dx; € R(mi), X; € R(mj)}, XiXj € X, such that

Ts(xixj, mim;) <min{Tr(x;, m;), Tr(x;, m;)}

Is(xix;, mim;) <max{Ir(x;, m;), Ir(x;,m;)}

Fs(xixj, miym;) <max{Fgr(x;, m;), Fr(xj, m;)}.
For any BEN(M), B:{(m,-mj,TB(mimj),IB(mimj),FB(mimj)) miijM},

Tp(m;m;) <min{Ta(m;), Ta(m;)},
Ip(m;m;) <max{l4(m;), [a(m})},

Fg(mim;) <max{Fa(m;), Fa(m;)}.

The upper neutrosophic soft approximation and the lower neutrosophic soft approx-
imation of B w.r.t. (X, M, S) are defined as follows:

S(B) = {(xix;, T gy (xix ), Igpy (xix;), Fgpy(xix;)) | xix; € X},
S(B) = {(xixj, Tspy(xix;), Isp)(xix ), Fs)y(Xix;)) | xix; € X},
where

T p)(xix;) = \/ (Ts(xixj, mim;) A Tg(mim;)),
m;mjell;l

Is gy (xix;) = /\ (Is(xixj, mim;) Vv Ig(mim))),
m[m/eM

F5p)(xix;) = /\ (FS(xixp mim;) vV FB(mimj))v

m,‘WIjEM
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Tswy(ixp) =\ (FsGixj, mimj) v Tg(mim))),

mﬂnﬂ;M

Ispy(xix;) = \/ ((1 — Is(xixj,mim;)) A IB(mimj)),
m,-m‘,vell;l

Fgpy(xix;) = \/ (Ts(xixj, mim;) A Fg(mim))).
mim/eM

The Pair (S(B), g(B)) is called neutrosophic soft rough relation, and S, SN (M ) —
N (X) are called the lower neutrosophic soft rough approximation and the upper
neutrosophic soft rough approximation operators, respectively.

Remark 8.1 Consider a neutrosophic set B on M and a neutrosophic set A on M;
according to the definition of neutrosophic soft rough relation, we get

Ty (xix ) = min{Tg ) (i), Treay (X))},
Isp) (xixj) < max{lgq) (%0, Ig(ay (6},

Fg(B) (xixj) = maX{FE(A) (.x,‘), FR(A) (x])}
Similarly, for lower neutrosophic soft rough approximation operator S(B),

Tsp)(xix;) <min{Trea) (x;), Trea)(x;)},
Isp)(xix ;) <max{Iga)(xi), Irca)(x;)},
Fspy(xix;) <max{Fgra)(x;), Frea(x;)}.

Example 8.2 Let X = {x1, x2, x3} be auniversal set and M = {m, m,, m3} a set of
parameters. A neutrosophic soft set R = (F, M) on X can be defined in Table 8.3 as
follows.

Let E = {x1x2, X2X3, X2X2, X3x2} C Xand L = {myms, mymy, mymy} C M.
Then a soft relation S on E (from L to E) can be defined in Table 8.4 as follows.
Let A ={(m,0.2,0.4,0.6), (m;,0.4,0.5,0.2), (m3,0.1,0.2,0.4)} be a neutro-
sophic set on M, then
R(A) = {(x1,0.4,0.2,0.4), (x2,0.3,0.4,0.3), (x3,0.4,0.2,0.3)}

R(A) = {(x1,0.3,0.5,0.4), (x2,0.2,0.5,0.6), (x3,0.4,0.5,0.6)}.
Let B = {(mm3,0.1,0.3,0.5), (mym,0.2,0.4,0.3), (m3m,,0.1,0.2,0.3)} be a
neutrosophic set on L, then

Table 8.3 Neutrosophic soft set R = (F, M)

R X1 X2 X3

mi (0.4,0.5,0.6) (0.7,0.3,0.2) (0.6,0.3,0.4)
my (0.5,0.3,0.6) (0.3,0.4,0.3) (0.7,0.2,0.3)
m3 (0.7,0.2,0.3) (0.6,0.5,0.4) (0.7,0.2,0.4)
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Table 8.4 Neutrosophic soft relation S
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S X1X2 X2X3 X2X) X3X2

myms (0.4,0.4,0.5) (0.6,0.3,0.4) 0.5,0.4,0.2) (0.5,0.4,0.3)
momi (0.3,0.3,0.4) (0.3,0.2,0.3) 0.2,0.3,0.3) (0.7,0.2,0.2)
msmy (0.3,0.3,0.2) (0.5,0.3,0.2) 0.2,0.4,0.4) (0.3,0.4,0.4)

S(B) = {(x1x2,0.2,0.3,0.3), (x2x3, 0.2, 0.3, 0.3), (x2x2, 0.2, 0.4, 0.3),
(x3x2,0.2,0.4,0.3)}

S(B) = {(x1x2,0.2,0.4,0.4), (x2x3,0.2,0.4,0.5), (x2x3,0.3,0.4,0.5),
(X3)C2, 0.2, 0.4, 05)}

Hence SB = (S(B), S(B)) is neutrosophic soft rough relation.

8.2 Neutrosophic Soft Rough Information

Definition 8.3 A neutrosophic soft rough graph on a nonempty X is a four-ordered
tuple (X, M, RA, SB) such that

(i) M is a set of parameters.
(i) R is an arbitrary neutrosophic soft relation over X x M.
(iii) S is an arbitrary neutrosophic soft relation over XxM.
(vi) RA = (R(A),R(A))isa neutrosophic soft rough set of X.
(v)  SB = (S(B), S(B)) is a neutrosophic soft rough relation on XCXxX.

G = (RA, SB) is a neutrosophic soft rough graph, where G = (R(A), S(B)) and
G = (R(A), S(B)) are lower neutrosophic approximate graph and upper neutro-
sophic approximate graph, respectively, of neutrosophic soft rough graph G =
(RA, SB).

Example 8.3 Let X = {x1, x2, X3, X4, X5, X¢} be a vertex setand M = {m, m,, m3}
a set of parameters. A neutrosophic soft relation over X x M can be defined in
Table 8.5 as follows.

Let A ={(m,,0.5,0.4,0.6), (my,0.7,0.4,0.5), (m3,0.6,0.2,0.5)} be a neutro-
sophic set on M, then

Table 8.5 Neutrosophic soft relation R

R X1 X2 X3 X4 X5 X6

m (0.4,0.5,0.6) | (0.7,0.3,0.5) | (0.6,0.2,0.3) | (0.4,0.4,0.2) | (0.5,0.5,0.6) | (0.4,0.5,0.6)
ms 0.5,0.4,0.2) | (0.6,0.4,0.5) | (0.7,0.3,0.4) | (0.5,0.3,0.2) | (0.4,0.5,0.4) | (0.6, 0.5, 0.4)
m3 (0.5,0.4,0.1) | (0.6,0.3,0.2) | (0.5,0.4,0.3) | (0.6,0.2,0.3) | (0.5,0.4,0.4) | (0.7,0.3,0.5)
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R(A) ={(x1,0.5,0.4,0.5), (x2,0.6, 0.3, 0.5), (x3,0.7,0.4,0.5), (x4, 0.6,0.2,0.5), (x5, 0.5,
0.4,0.5), (x6,0.6,0.3,0.5)},

R(A) ={(x1,0.6,0.4,0.5), (x2,0.5,0.4,0.6), (x3,0.5,0.4,0.6), (x4,0.5,0.4,0.5), (x5, 0.6,
0.4,0.5), (x6,0.6,0.4,0.5)}.

Let E = {X]X] , X1X2, X2X1, X2X3, X4X5, X3X4, X5X2, x5x6} - )/( and L = {I’I’l]n’l3,
moymy, msmy} C M. Then a neutrosophic soft relation S on E (from L to E) can
be defined in Tables 8.6 and 8.7 as follows.

Let B = {(mm,,0.4,0.4,0.5), (myms,0.5,0.4,0.5), (myms,0.5,0.2,0.5)} be a
neutrosophic set on L, then

S(B) ={(x1x1,0.5,0.4,0.5), (x;x2, 0.4,0.2,0.5), (x2x1, 0.4, 0.2, 0.5), (x2x3, 0.5,0.3,0.5),
(x3x4,0.5,0.2,0.5), (x4x5,0.4,0.3,0.5), (x5x2,0.5,0.3,0.5), (x5%6,0.5,0.3,0.5)},

S(B) ={(x1x1,0.4,0.4,0.5)(x1x2,0.5,0.4,0.4), (x2x1,0.5,0.4,0.4), (x2x3,0.4,0.4,0.5),
(x3x4,0.4,0.4,0.5), (x4x5,0.4,0.4,0.4), (x5x2,0.4,0.4,0.5), (x5x6, 0.4,0.4,0.5)}.

Hence SB = (S(B), S(B)) is neutrosophic soft rough relation on X. Thus, G =

(R(A), S(B)) and G = (E(A), g(B)) are lower neutrosophic approximate graph

and upper neutrosophic approximate graph, respectively, as shown in Fig. 8.1. Hence,
= (G, G) is neutrosophic soft rough graph.

Definition 8.4 Let G| = @1,51) and G, = (QZ,EZ) be two neutrosophic soft
rough graphs on X. The union of G| and G, is a neutrosophic soft rough graph G =
Gi1UG, = (G, UG,, G1 U G,), where G, UG, = (R(A1) UR(A2),S(B)) US
(By)) and G; UG, = (R(A;) UR(A»), S(Bl) U S(B;)) are neutrosophic graphs,
such that

(i) Vx e RA|butx ¢ RA,.

Table 8.6 Neutrosophic soft relation S

S X1X1 X1X2 X2X1 X2X3
mimy 0.4,0.4,0.2) (0.4,0.4,0.5) 0.4,0.4,0.5) (0.6,0.3,0.4)
mom3 (0.5,0.4,0.1) (0.4,0.3,0.2) 0.4,0.3,0.2) (0.5,0.3,0.2)
mim3 0.4,0.4,0.1) 0.4,0.2,0.2) 0.4,0.2,0.2) (0.5,0.3,0.3)
Table 8.7 Neutrosophic soft relation S
S X3X4 X4X5 X5X2 X5X6
mimy 0.4,0.2,0.2) (0.4,0.4,0.2) 0.4,0.3,0.4) (0.3,0.2,0.3)
mom3 (0.6,0.2,0.4) (0.3,0.2,0.1) 0.4,0.3,0.2) 0.4,0.3,0.4)
mims (0.4,0.2,0.3) (0.4,0.3,0.1) (0.5,0.3,0.2) (0.5,0.3,0.5)
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(21,0.5,0.4,0.5)  (x2,0.6,0.3,0.5) (21,0.6,0.4,0.5) (@"270-5,0-4,0-2){0
(0.4,0.2,0.5) S (0.5,0.4,0.4) g
S ,0.2,0.

o

(24,0.6,0.2,0.5)

IS
e
o

(0.5,0.3,0.5)

0.
( 4, 0.4, 0_5)
(x3,0.5,0.4,0.6)

(509090 5%)

24,0.5,0.4,0.5
3‘97"\ (w4 )

(w6,0.6,0.3,0.5) (23,0.7,0.4,0.5) (z6,0.6,0.4,0.5)

G = (R(4),5(B)) G = (R(4),8(B))

Fig. 8.1 Neutrosophic soft rough graph G = (G, G)

Troa) Ry ) =Tgea,) (), TR(apUR(A) (X) = Trea)) (%),
TgoayuRan ) =Igea,) (X), Trea)URMA) () = TR(4)) (X),

Friapuian ) =Fgea,) (), Freauray) (X) = Frea,) (x).

(i) Vx ¢ RA; butx € RA,.

TR(a)URA» ®) =TR(a,) (%), Tra Uk, (X) = Ty (),
IE(AI)L@(AZ)(X) ZIE(AZ)(JC)’ Ir(A)UR(Ay) (X) = Tr(ay) (X),

FR(AI)U@(AZ)(X) :F@(Az)(x), Fra)uray) (X) = Frea,) ().

(111) Vx € RA] N RAQ

TRa,)uR(Ay X) =max{T 4, (x), Tgea,) (X))},
Tr(a)UR(Ay) () = max{TRr(a,) (X), Trea,) ()},
I@(Al)uﬁ(h)(x) :min{I@(Al)(x), IE(AZ)(X)},
IR(A)UR(4,) (¥) = min{lgea,)(x), Ir(a, (X))},
FR(AI)UR(AZ)(X) :min{Fﬁ(Al)(x), FR(AQ)(X)}’
FraUR(ay () =min{Fr(a,) (x), Fr, (0)}-

(iv) Vxy € SB; butxy ¢ SB;.
Ts(p,yUsBy (X)) =Tgp,)(x¥), Ts(myuss) () = Tsa,) (xy),

Is g,y Us(8y XY) =I5(5,)(XY), IsB)uss,) (Xy) = Ig,)(xY),
Fsgusay ) =Fgp,) (X)), Fspusay (xy) = Fses,) (xy).

(v) Vxy ¢ SBybutxy € SB;
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Table 8.8 Neutrosophic soft relation R

R x1 X2 X3 X4

mi (0.5,0.4,0.3) (0.7, 0.6, 0.5) (0.7, 0.6, 0.4) (0.5,0.7,0.4)

my (0.3,0.5,0.6) (0.4,0.5,0.1) (0.3,0.6,0.5) (0.4,0.8,0.2)

m3 (0.7,0.5,0.8) (0.2,0.3,0.8) (0.7,0.3,0.5) (0.6,0.4,0.3)

T5g,yus 8y *Y) =T, (x¥), Ts(syussy) (xY) = T8, (xY),
I,y Us 8y (XY) =58,y (XY), IsB)us,) (XY) = Is,) (xY),
Fspussy XY) =Fg,)(xy), Fsyuss,) (xy) = Fs,)(xy).

(vi) Vxy € SB; NS(By)

Ts(p,yu5(8,) (xy) =max{Tgp ) (xy), Tgp,) (xy)},
Ts(Byyus(sy) (xy) = max{Tss,)(xy), Tss,) (xy)},
I5)yusp,y) (Xy) =min{lg g\ (xy), I, (X))},
Is())us(B,) (xy) =min{Isp,) (xy), Iss,) (x¥)},
Fsg,yus(s,y (Xy) =min{Fgg , (xy), Fgeg,) (xy)},
Fs(By)us(By) (xy) =min{Fgp,)(xy), Fs(s,) (xy)}.

Example 8.4 Let X = {x1, X2, x3, x4} be a set of universe and M = {m, m,, m3} a
set of parameters. Then a neutrosophic soft relation over X x M can be written as
in Table 8.8.

Let Ay = {(m;,0.5,0.7,0.8), (m3,0.7,0.5,0.3), (m3, 0.4, 0.5, 0.3)}, and
Ay ={(m,0.6,0.3,0.5), (m,0.5,0.8,0.2), (m3,0.5,0.7,0.2)} be two
neutrosophic sets on M, Then RA; = (R(A;), R(4))) and RA; = (R(A,), R(A,))
are neutrosophic soft rough sets, where

R(A}) ={(x1,0.5,0.6,0.5), (x2, 0.5, 0.5, 0.7)(x3, 0.5, 0.5, 0.7), (x40.4, 0.5, 0.5)},
R(A}) ={(x1,0.5,0.5,0.6), (x2, 0.5,0.5,0.3), (x3, 0.5, 0.5, 0.5), (x40.5, 0.5, 0.3)};

R(Az) ={(x1,0.6,0.5,0.5), (x2,0.5,0.7,0.5), (x3,0.5,0.7,0.5), (x4, 0.5, 0.6, 0.5)},
R(Az) ={(x1,0.5,0.4,0.5), (x2, 0.6, 0.6, 0.2), (x3, 0.6, 0.6, 0.5), (x4, 0.5, 0.7, 0.2)}.

Let E = {x1x2, X1X4, X2X2, X2X3, X3X3, X3X4} € X x X, and L = {m;m,, myms,
moms} C M. Then a neutrosophic soft relation on E can be written as in Table 8.9

Let By = {(mm,,0.5,0.4,0.5), (mym3,0.3,0.4,0.5), (myms, 0.4,0.4,0.3)},
and B, = {(m;m,,0.5,0.3,0.2), (myms3,0.4,0.3,0.3), (mym3,0.4,0.6,0.2)} be
two neutrosophic sets on L. Then SB; = (S(By), S(B))) and SB; = (S(B>), S(B))
are neutrosophic soft rough relations, where



338 8 Neutrosophic Soft Rough Graphs

Table 8.9 Neutrosophic soft relation S

S X1Xx2 X1X4 X2X2 X2X3 X3X3 X3X4

mymy (0.3,04,0.1) | (0.4,0.4,0.2) | (0.4,0.5,0.1) | (0.3,0.5,0.4) | (0.3,0.4,0.4) | (0.4,0.5,0.2)
mym3 (0.2,0.3,0.3) | (0.4,0.3,0.2) | (0.2,0.3,0.5) | (0.4,0.3,0.3) | (0.5,0.3,0.3) | (0.5,0.4,0.3)
moms3 (0.2,0.3,0.5) | (0.3,0.3,0.3) | (0.2,0.3,0.1) | (0.4,0.3,0.1) | (0.3,0.3,0.5) | (0.3,0.4,0.3)

(0.4,0.4,0.4) (21,0.5,0.5,0.6)
(21,0.5,0.6,0.5)
o

(0.3,0.4,0.3) 2 I
Q- B
(22,0.5,0.5,0.7) o™ =
[\ S (0.3,0.4,0.5)

(=]

o ————— | P

(50050503 (0.4,0.4,0.3)

£4,0.5,0.5,0.3) (x3,0.5,0.5,0.5)

(0.3,0.4,0.5) S

‘grg tea)

(0.3,0.4,0.5)
{23,0.5,0.5,0.7)

0°¢0

(¢4,0.4,0.5,0.5) > (0.4,0.4,0.3)

(g

Gy = (R(41),8(B1))

Q
Il
=

(A1),8(B1))

Fig. 8.2 Neutrosophic soft rough graph G| = (G, G1)

S(B1) ={(x1x2,0.3,0.4,0.3), (x1x4, 0.3,0.4, 0.4), (x2x2, 0.4, 0.4, 0.4), (x2x3, 0.3, 0.4, 0.4),
(¥3x3,0.3,0.4,0.5), (x3x4,0.3,0.4, 0.5)},

S(B1) =((x1x2.0.3,0.4,0.5), (x1x4,0.4,0.4,0.3), (x2x2,0.4,0.4,0.3), (x2x3, 0.4, 0.4,0.3),
(x3x3,0.3,0.4,0.5), (x3x4, 0.4, 0.4, 0.3)};

S(Ba) =((x1x2,0.4,0.6,0.2), (x1x4.0.4,0.6,0.3), (x2x2, 0.4, 0.6, 0.2), (x2x3, 0.4, 0.6, 0.3),
(x3x3,0.4,0.6,0.3), (x3x4, 0.4, 0.6, 0.3)},

S(B) =((x1x2,0.3,0.3,0.2), (x1x4, 0.4, 0.3,0.2), (x2x2, 0.4, 0.3,0.2), (x2x3,0.4,0.3,0.2),
(x3x3,0.4,0.3,0.3), (x3x4, 0.4, 0.4, 0.2)}.

Thus G| = (G,, G1) and G, = (G,, G,) are neutrosophic soft rough graphs, where
G, = (R(A1),S(B))), Gi = (R(A}), S(B))) as shown in Fig. 8.2

G, = (R(A2),S(By)), G2 = (R(A3), S(By)) as shown in Fig. 8.3.

The unionof G; = (G,, 51) and G, = (G,, 52) is neutrosophic soft rough graph
G=G UG, = (G, UG,, G, U G,) as shown in Fig.8.4.

Definition 8.5 Let G, = (G, G,) and G, = (Qz,@) be two neutrosophic soft
rough graphs on X. The intersection of G| and G, is a neutrosophic soft rough graph
G =G NGy = (G, NG, GiNGy), where G, NG, = (R(A1) NR(A2), S(B)N
S(B,)) and G; N G, = (R(A;) NR(A3), S(B;) NS(B,)) are neutrosophic graphs,
respectively, such that

(i) Vx e RA;butx ¢ RA,.
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(0.4,0.3,0.2)
(x2,0.6,0.6,0.2)

(0.4,0.6,0.3)
(x1,0.6,0.5,0.5)

(x3,0.5,0.7,0.5)
(24,0.5,0.7,0.2)

(0.4,0.6,0.2)
(0.4,0.6,0.3)

0.4,0.3,0.3)
.. L]

(22,0.5,0.7,0.5) ) 05,0.6,0.5)

(0.4,0.6,0.2) (23,0.6,0.6,0.5)

Gz = (B(42),5(52)) Ga = (R(42),5(B2))
Fig. 8.3 Neutrosophic soft rough graph G, = (G,, G2)

(0.4,0.3,0.3)
(21,0.5,0.4,0.5)

(22,0.5,0.5,0.5)
(z1,0.6,0.5,0.5) e
(0.4,0.4,0.2) ) _ 5
N o
(0.4,0.4,0.2) S 1=
= = 8| &
@ S = °le
e < o R
< S S S|~
S < ~ <

< S . S| ~
S =l e g
» P o
° o o
> = B
(0.4,0.4,0.3) o o (22,0.6,0.5,0.2) Ng 2

w w -
(24,0.5,0.5,0.5)  (23,0.5,0.5,0.5) ~ ° 2
» ~

G, UG, = (R(A1) UR(A2),S(B1) US(B2)) Gi1UGy = (R(Al) UR(AQ),g(Bl) Ug(B2))

Fig. 8.4 Neutrosophic soft rough graph G U G2 = (G, U G,, G| U G2)

TRaprras) ) =Tgray (), Treapnry) () = Tra)) (1),
Icapnias) ) =Iga) (0, Trapnray) (X) = Ira,) (),

FRapnR(ar) ) =FR(a,) (0, FreapnR4,) (X) = Frea)) (X).
(i) Vx ¢ RA| butx € RA;.
Tﬁ(Al)nﬁ(Az)(x) :T@(AZ)(x), Tr(a)nr(4y) (X) = TR(ay) (X)),

IE(AI)nﬁ(AZ)(x) =I@(A2)(x), IrapnR(Ay) (X) = Tr(4,) (X),

FriapnRan ) =Fga,) (), Fra)nra,) (X) = Freay ().
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(i) Vx € RA; NRA,
TE(AI)ME(AZ)(X) :min{T@(A])(x), TR(AZ)(X)}’
TR(A)NR(Ay) (X) =min{TR(a,)(X), TR(4,) (*)},
Iga)nR(ay ) =max{lg, ) (X), g4, (X))},
IR(A)NR(Ay) (V) =max{Ir,)(xX), Ir(4,)(x)},
FRapnRay X)) =max{Fg, ,(x), Fg,, ()}
Freaprr(Ay) (V) = max{Fr,)(x), Frea,) (X)}-

(iv) Vxy € SBy butxy ¢ SB;.

Tg(Bl)mé(Bz)(xy) :Tg(31>(xy), Ts(B)ns(By) (xy) = Ts(p,)(xy),
1§(B.)m§(32)(xy) :IS(B,)(X)’)’ IsB)ns(By) (XY) = Ig(B,)(xy),
Fsgrsa) (XY) =Fgp) (X), Fsrsy (xy) = Fs,) (xy).

(v) Vxy ¢ SBybutxy € SB;

Tssyns(8y) XY) =Ts(8,)(x¥)s Tasns(s,) (xY) = Tssy) (X)),
I )58y (XY) =I508,)(XY), IsB)nss,) (XY) = Is8,) (xY),
Fsp)ras,) XY) =Fg,) (xY), Fs@nsay) (xy) = Fgs,) (xy).

(vi) Vxy € SB;y NS(B,)

T5(p,)ns(8,) XY) =min{Tg g\ (xy), Tgp,, (xy)},
Ts(B,)ns(y) (Xy) =min{Tgp,) (xy), Tg(s,) (xy)},
I5 8,58, (XY) = max{lgp, (xy), I5(p,) (x¥)},
Is(B))ns(sy) (xy) = max{Igs,)(xy), Iss,) (xy)},
F5 ) ns(,) (XY) =max{Fg g, (xy), F5p, (xy)},
Fs()ns(sy) (xy) =max{Fgs,)(xy), Fgs,) (xy)}.

Definition 8.6 Let G, = (G|, G,) and G, = (QZ,EZ) be two neutrosophic soft
rough graphs on X. The join of G| and G, is a neutrosophic soft rough graph G =
G+ Gy = (G, +G,,Gi +G2),_where_G, + G, = (R(A)) +R(A2), S(B)) +
S(B»)) and G| + G» = (R(A}) + R(A»), S(B)) + S(B»)) are neutrosophic graphs,
respectively, such that

(i) Vx € RA, butx ¢ RA,.

TR(ap+R(A2) ) =TR(4,) ), Tra+RA5) (X) = Treay) (X)),

IRan+Rean ) =Igea) (0), IrRA)+RMA,) (X) = Tr(a)) (X)),
Friap+Ran @) =Fgea,) (), Frea)+R(A) (X) = FRrea,) (X).
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(i) Vx ¢ RA| butx € RA,.

(iii)

(iv)

)

(vi)

Tria)+RAy X)) =TRay) 0y TR(AD+R(A2) () = TR(ay) (X)),
Igan+Rean ) =Ig(ay) (0), IR(A)+R@A,) (X) = Tr(ay) (X)),

Fria1®ay) @) =Fgay) (), Frea)+R(A) (X) = FRrea,) (X).

Vx e RA; NRA,

TReap+Eay ) =max{Ti 4, (x), Tigay (0},
Tr(a)+R(4,) (X) =max{Tre,)(x), Trea, ()},
TR a4+ R(ay) () = min{Tg y (%), Tg(a,) (O},
Ir(a)+R(A,) (X) = min{lra,) (x), Ir,) (X))},
FRoa 1Ry () =min{Fg 4 (%), Fga,) (0},

FR(a))+R(Ay) (X) =min{Fga,)(x), Frea,) (x)}.
Vxy € SBy but xy ¢ SB;.

Tsp,)+58,) XY) =T55,)(x¥)s Tsm))+5(8,) (¥y) = Ts(s,)(xY),
I,y 458, XY) =I5y (x), Isssa) (xy) = I, (x),
Fspy 458y (XY) =F5(5,)(xY), Fss)+s(8,) (xy) = Fs,)(xy).

Vxy ¢ SBy but xy € SB;

T5(p,)+5(8y (0Y) =T5(,)(X¥), Ts(B))+58,) (xY) = T,y (xY),
I55, 458, (XY) =I5,y (X)), Is(B)+5(8,) (XY) = I5(8,) (X)),
Fgp,)+88,) (XY) =F5(5,)(x¥), Fs(B))+8(8,) (xY) = Fg(,) (xy).

Vxy € SBy N S(B,)

Ts g,y 458y (XY) =max{T5 ) (xy), Tgp,) (X))},
Ts(B))+8(8y) (xy) = max{Tgp,)(xy), Ts(s,) (xy)},
I5(,) 158, (XY) =min{lg g, (xy), I5p, (xy)},
Is(B))+s(8,) (xy) =min{lgs,) (xy), Iss,) (xy)},
F5(p,) 158, (XY) =min{Fgp ) (xy), Fgp, (X))},
Fs(B,)+s(8,) (xy) = min{Fgp,)(xy), Fs(s,) (xy)}.

(vii) Vxy e E, where E is the set of edges joining vertices of RA| and RA,.
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T5 (8,158, (*y) =min{Tg 4, (x), T4,y (M},
Ts(B,)+8(By) (xy) = min{Tr(a,)(x), Tr(a,) (M)},
Is,)+58,) (XY) =max{lg 4, (x), Iga,, (N}
Is(B)+5(8y) (Xy) =max{lr(a,)(x), Ir, (¥},
Fsg)15(8,) (Xy) =max{Fg 4, (x), Fga, (M)},
Fs(B))+s(8,) (xy) =max{Fra,)(x), Fra,) (¥}

Definition 8.7 The Cartesian product of Gy and G, is a G = G| X G, = (G, X

gz,al X G;), where G, x G, =

(R(A)) x R(A,),S(By) x S(B>)) and G x

Gy, = (@(Al) X @(Az), g(Bl) X S(Bz)) are neutrosophic graphs, such that

i) V(x,y) e RA; x RA;.

TR(AI)KR(AZ)(L y) =min{TR(Al)(x), T@(Az)(x)}v
Tr(A)xR(4y) (X, ¥) =min{Trea,) (x), Tr(a,y) (X))},
g xRay (X0 ¥) =max{lg s, (x), Iga, ()}
IR(A ) xR(Ay) (X, ) =max{lg(a,)(x), Ir(a,) (X))},
Fﬁ(Al)[x@(Ag)(x’ y) :max{F@(Al)(x), FR(AZ)(X)}a
FR(A)xR(4y) (X, y) =max{Fra,)(x), Frea, (x1)}.

(11) Vy1y2 € SBz, X € RAl

T§(Bl)x§(32)((X, y)(x, y2)
Ts(sywsy (X, YD) (x, y2)
5,058y (6 YD (X, y2)
Is(syyxssy (6, Y1) (x, y2)
Fg(B,)xg(Bz)((L y(x, y2)
Fssyxsay) (6, y) (x, y2)

(111) Vxix; € SBl, y € RA,.

=min{Tg,,, (%), Tgp,) (V1y2)}
=min{Trca,)(x), Tss,) (y1¥2)}
max{lg4,,(x), Igg, (V1y2)},
max{/ra,(x), Iy, (Y1y2)},
max{Fg,,,(x), Fgp, (V1y2)},
=max{Fr,)(x), Fs,) (y1y2)}-

~— N — N ~— ~—
Il

Tsayxsan ((x1, ) (x2, ¥)) =min{Ts(p,) (x1x2), Tray (M)},

Ts s,y wsiay (X1, ¥) (X2

IsBxs(B) (X1, ¥) (X2, )

)

. Y)

Is g,y 05y (X1, Y) (x2, 1)
)

)

)

min{T§(31>(X1x2), T@(Az)(y)},
max{lg g, (x1%2), Ig(a,) (M)},

max{/sg,) (x1X2), Ira,) ()},

it
F§(B|)[><§(Bz)((xla y)(x2, y) =maX{F§(3,)(X1x2), F@(Az)(.Y)}y

Fsyxsa,) (X1, y) (x2

. y)) =max{Fgp)(x1x2), Fra,) (3}
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Definition 8.8 The cross product of G and G is a neutrosophic soft rough graph
G=G10G,=(G,0G06,, Gl © Gy), where G, © G, = (R(A1) © R(A2), S(B1)
©®S(B)) and G; ® G, = (R(A;) ® R(A,),S(B)) ® S(B,)) are neutrosophic
graphs, respectively, such that

(i) V(x,y) € RA| x RA,.

TRa)eR4, > ¥) =min{Tg 4 ) (x), Tga, (X))},
Tr(a)eR(Ay) (X, ) =min{TRr(a,)(x), Tr(ay) (X)},
IRa) R4y (X, ¥) =max{lg ) (%), g4, ()},
Ir(an©R(Ay) (1, ¥) =max{lg,) (), Ik, ()},
Fﬁ(A])@ﬁ(Az)(Xs y) :maX{FR(AI)(x)v FR(AZ)(X)}v
Friapery) (¥, ¥) =max{Fra,) (X), Friay ()}

(11) Vxlxz € SB], Yiy2 € SBQ

580508y (X1, YD) (2, ¥2)) =min{ Ty 5, (x1%2), T, (172)}
Ts)es8,) (X1, Y1) (X2, y2)) =min{Tg(s,) (x12), T(s,) (y132)}:
Iss,y0508) (X1, YD) (2, ¥2)) =max{lg g, (x1X2), 55, (y172)},
Is)os,) (X1, Y1) (X2, y2)) =max{Isg,) (x1x2), Iss,) (y1y2)},

Fspy 0580 (X1, Y1) (52, y2)) = max{Fgp ) (x1X2), Fg5,) (172},
Fygosy (X1, y1) (X2, y2)) =max{Fg(s,)(x1x2), Fs(8,)(y1y2)}.
Deﬁnition 8.9 The rejection of G and G is a neutrosophic soft rough graph G =

GGy = (G, |G2,G1|G2) where G,|G, = (SA1[SA,, S(B1)|S(B,)) and GG, =
(SA{|SA,, S(Bl)|S(Bz)) are neutrosophlc graphs such that

(i) V(x,y) € RA| x RA,.

TRa) Ry &> ¥) =min{TR 4 (X)), T4,y (M},
TRApIR(Ay) (X, ¥) =min{TRea,) (%), Tr(ay) (P},
IRapRAy (X0 ¥) =max{lg s, (x), Iy, (M},
IrapR(4y) (X, ¥) =max{lra,)(x), Ira,) (¥},
FRianmay X y) =max{Fg ) (x), Fga,, (D},
Frapiray) (¥, y) =max{Fg,)(x), Fray ()}

(ll) Vy1y2 ¢ SBz, X € RA]

Ts (g5 (6 YD (0, 32)) =min{Tg ) (0, T,y 01, Tia,) 02)}
Tsayray) (6, y) (x, ¥2)) =min{Tra,) (x), Triar) (1), Trian) (72},
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(58 508y (62 YD (2 y2)) =max{Ig 4, (), Iga, 1) Tgay) (02},

sy s (6, y1) (x, ¥2)) = max{Ira,) (x), Ircay (1), Ircan (32)},
(e yn)(x, y2)) =max{Fg 4,,(x), Frea,, ) Fria, (02},

(Fsa)isy (6, y1) (x, y2)) =max{Fra,)(x), Frea,) 1), Fra,) (2)}-

(F§(Bl)\§(37

(111) V.X1X2 ¢ SBl, y € RAz,

Tsssy) (31, ¥) (52, y)) =min{Tra,) (x1), Trcay, (x2), Tra,) (D)},
I sy (51, ) (52, y)) = max{Igea,) (x1), Trca), (¥2), Tran (N}
Fs(8,)s(8,) (X1, ) (x2, ¥)) =max{Fra,)(x1), Fra), (x2), Firia,) (0},
T,y a8y (41, ) (2, ¥)) =min{Tx s, (01, Ty, (02), Treay D),
( )
( )

I§(31)|§(32) (x1, Y)(x2,y) :max{lﬁ(A])(xl)a Iﬁ(/,)l(xﬁ, I@(Az)(y)}’
FS(B,)|S(BZ) (x1, y)(x2,y) ZmaX{FE(AI)(xl)’ FK(A)I (x2), F@(Az)(y)}‘

(iv) Vxixy ¢ SBy, y1y2 ¢ SBy, x1 # X2, y1 # ¥2.

)) =min{Tr4,)(x1), TR(a), (*¥2), TR(A,) (V1) TR(45) (¥2)}
)) =max{lra,)(x1), Ir(a); (x2), IR(42) (Y1), IR(42) (V2)},

(x1, y1)(x2, 2))
)
)) =max{Frea,) (1), Fray, (¥2), FrR(42) 1), Fr(ay (02)},
)
)
)=

Ts(B)Is(B2)
IsBy)s(By) ((x1, y1) (x2

) :min{Tﬁ(Al)(xl)s TE(A)I (x2), T@(Az)()’l), Tﬁ(;\z)(yz)},
)
)

T§(Bl)\§(32) (x1, y1)(x2

:max{lﬁ(A])(xl), IK(AM (x2), Iﬁ(Az)(yl)s Iﬁ(/h)(yz)}

( » N2
( » Y2
Fsapisay ((e1, y1) (32, y2
( > )2
Is (g, sy (1, YD (2, 12

( )

Fg(Bl)‘g(Bz) (1, yn) (x2 max{F; (Al)(xl) R(A)l(XZ) (Az)(yl) (AZ)()’z)}

Example 8.5 Let G| = (G,, G;) and G, = (G,, G2) be two neutrosophic soft
rough graphs on X, where G, = (R(A4), S(B;)) and G, = (R(Al),g(Bl)) are
neutrosophic graphs as shown in Fig.8.2 and G, = (R(A,), S(B,)) and G, =
(K(Az), g(Bz)) are neutrosophic graphs as shown in Fig.8.3. The Cartesian prod-
uct of G| = (G,, Gl) and G, = (G,, Gz) is neutrosophic soft rough graph G =
G x Gy = (G, x G,, G, x G,) as shown in Fig.8.5.

Definition 8.10 The symmetric difference of G, and G is a neutrosophic soft

rough graph G =G, ® G, = (G, @ G2, G1 &) Gz) where G, @ G2 R(A) &
R(A2), S(B)) @ S(By)) and G| @ G, = (R(A)) ® R(Ay), S(B1) @ S(By)) are neu-
trosophic graphs, respectively, such that

() V(x,y) € RA| x RA,.

Tﬁ(Al)EBﬁ(Az)(X, y) = min{T@(Al)(x), TE(A;)(y)}’
Tr(apor(ay) (X, y) =min{Tra,) (x), Tra, (1)},
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@ @ &
s S o S
3 < < =
__V.; (=] (=] (=]
S o o oF
5 =2 S S
S (0.4/0.6,0.3)  (0.4,0.5,0.3) ($-4,0.6{05)
((z2,22),0.5,0.6,0.8) ((x2,23),0.5,0.6,0.5
(0.3,0.5,0.3) @V ) (0.4,0.5,0.3) (0.4,0.5,0.3)
) = D @
& ‘0,‘0 S S S
] 2] < < o
Z B S S
T < < ]
S < S <
3 (0.3,0.6,0.5)] = (0.4,0.5,0. 57

((w3,21),0.5,)0.5,0.5)

(3, 22),0.5,0.6,|0. ((x3,3),0.5,0.6,0.5)

> (0.3,0.5,0.5)

(0.4,0.5,0.5) |z (0.4,0.5,0.5)

a = = = = D
) e} 2] 0 o
< ERE B E S
< S < ] S N
< o, S ° =] S
;’f < £ ) < <
= 4 S 2 e €
ca,21),0.5,0.5,0) ) -
((z4,21),0.5,0.5,0) ((24.2),0.5,0.6,0.3) (24, 23),0.5,0.6,0.5)
(0.3,0.5,0.3) (0.4,0.5,0.3) (0.4,0.5,0.3)
(0.4,0.5703) (0_4,0.5‘0.3)

I (0.4,0.5,0.3)
G1 x Gz = (SA1 x 542,5(B1) x §(Ba))

Fig. 8.5 Cartesian product of two neutrosophic soft rough graphs G| x G»

(

(

(21,24),0.5,0.7,0.6)

((x2,2}),0.5,0.7,0.3)

Q

(0.4,0.7,0.3)

(23, 24),0.5,0.7,0.5)

1,24),0.5,0.7,0.3)
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Iﬁ(Al)@K(AZ)(x’ y) ZmaX{Iﬁ(A])(x), Iﬁ(AZ)(y)},
Ir(apaRr(Ay) (X, ) =max{lra,)(x), Ir(a,) ()},
FR(AI)@E(AZ)(X7 y) :maX{F@(A,)(X)’ FR(AZ)()’)},
FrapeRAy) (X, ) =max{Frea,)(x), Frea, (¥}

(11) VylyZ € SBQ, X € RA]

T5 () @58, (X, Y1) (X, y2)) =min{Tg, , (x), Tgp,) (y1y2)}
Tsspess) (X, Yy (x, y2)
Is gy (X, Y1) (X, 2)

( )
( ) =min{Tr,)(x), Tsz) (172)},
( )
Isspesay ((x, y) (X, y2))
( )
( )

maX{I@(AI)(x), Ig(Bz)()’lyZ)},

max{lga,)(x), Is,) (y12)}
max{Fg 4, (%), Fgp,) (V1y2)},
=max{Fr,)(x), FgB,) (y1y2)}.

F§(B,)Q;§(Bz) (x, y1)(x, y2)
Fsmpess,) ((x, y1)(x, y2)

(111) V.X[Xz € SB], y e RAQ

Tspyesan (01, Y) (x2, »)) = min{T5 ) (x1x2), Tg(a,y ()}
Tsesay) (1, ) (x2, ¥)) =min{Ty,) (x1x2), Treay) ()},
I5(5,)a58,) (1, Y) (52, ) =max{I5 g, (X1%2), g4, ()}
Isesay (51, ¥) (x2, ¥)) = max{Iss,) (x1x2), Tr(ar) (3},
( )
( )=

Fs8)a5(8,) (x1, y)(x2, ) maX{FS(B )(x1X2) FR(A,)()’)}
Faesey (01, ¥) (02, y)) =max{Fgg,) (x1262), Freay ()}

(iV) Vxixy € SB], yYiy2 ¢ SBQ.

T5 (@58, (X1, Y1) (x2, ¥2)) = min{Tg 5 ) (x1x2), Tga,) V1), TR(a, (¥2) 1}
Tspyese) (X1, Y1) (x2, y2)) =min{Tgp,)(x1x2), Tr(A,) (V1)> TR(A,) (2)},

maX{Ig(Bl)(xlxz), Iﬁ(Az)(yl)a Iﬁ(Az)(yZ)},

( )
( )
Is ey ((¥1, Y1) (02, ¥2))
Isesay (51, y1) (x2, ¥2))
( )
( )

max{Is)(x1%2), Ir(a) (V1) Ir(ay) (72)},
F5pp@sa,) (X1, 1) (X2, y2)) = max{Fgg, (x1x2), Fga, V1), Fra, (v2)}

Fsnesm) (X1, Y1) (X2, y2)) =max{Fg)(x1x2), Fra,) (1), Frea,) (32)}.

(V) VX1.X2 §é SB], Yiy2 € SBQ.

Ts(8,)a58,) (1, Y1) (02, y2)) =min{Tg 4, (x1), T, (%2), T,y (V132)}
Tsayess) (X1, y1) (2, ¥2)) =min{Trea,) (x1), Trea,) (x2), Tses) (172)},
Ig(gl)@g(gz)((xl, y)(x2, yz)) ZmaX{I@(A])(xl)7 Iﬁ(,ql)(xz), Ig(BZ)(yl)Q)},
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(0.3,0.4,0.3) (0.1,0.4,0.2)

—o

(b,0.3,0.2,,0.3) (¢,0.5,0.4, o?a) (6,0.4,0.5,0.3) (¢,0.6,0.2,0.1)
Gy = (R(A1),8(B1)) G = (R(A1),5(B1))

Fig. 8.6 Neutrosophic soft rough graph G| = (G, G1)

(0.1,0.3,0.2) (0.5,0.3,0.1)

- -
(a,0.5,0.3,0.0) (¢,0.1,0.3,0.2) (a,1.0,0.2,0.9) (¢,0.6,0.3,0.3)

Gy = (R(A2),8(Bz2)) G2 = (R(A2),5(Bz2))

Fig. 8.7 Neutrosophic soft rough graph G, = (G,, G2)

Isayess) ((x1, y1) (x2, ¥2)) = max{Ira,) (x1), Ira,) (X2), Iss,) (1y2)}
Fg(gl)@g(gz)((xl s Y1) (x2, )’2)) ZmaX{Fﬁ(Al)(xl)v FE(AI)(XZ), Fg(Bz)(yl)b)},
Fssp@s) (X1, y1)(x2, ¥2)) =max{Fra,) (x1), Friay)(x2), Fsay) (y172)}.

Example 8.6 Let G| = (Ql,El) and G, = (QZ,EQ) be two neutrosophic soft
rough graphs on X, where G, = (R(A;), S(B;)) and G, = (K(Al),g(Bl)) are
neutrosophic graphs as shown in Fig.8.6 and G, = (R(A,), S(B,)) and G, =
(R(A,), S(B,)) are neutrosophic graphs as shown in Fig. 8.7

The symmetric difference of G| and G, is G =G ® G, = (G, ® G,, G ®
Gy, where G, &G, = (R(A) ®R(42),S(B) ®@S(B,) and G &G, =
(R(A}) ® R(A), S(B1) @ S(B,)) are neutrosophic graphs as shown in Fig. 8.8.

Definition 8.11 The lexicographic product of G| and G, is aneutrosophic soft rough
graph G = G| © G2=(G, © Gay, G} © G%), where G, © G2, =(RA; ©RA,,
SB; ©SB,) and G* © G5 = (RA; ©® RA,, SB; © SB,) are neutrosophic graphs,
respectively, such that

() ¥ (x,y) € RA; x RA,.

Tx(aoR(ay) (X, ¥) =min{Tg 4, (X), Tra,) (0},
Tr(a)oR(Ay) (X, ¥) =min{Tr,)(x), TRy (M)},
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(ac,0.1,0.3,0.2) (aa, 0.4,0.3,0.1)  (ab,0.4,0.3,0.3) (ac,0.1,0.3,0.2) (aa,0.4,0.6,0.9) (ab,0.4,0.6,0.3)
(0.1,0.3,0.2) (0.4,0.3,0.3) (0.4,0.6,0.3) (0.4,0.6,0.9)

2 B

o P

o °

» >

— [=] —~ (=]
C) |l = Wl =~
=) =2 o | <
o3 ) <
S @ 3 -4,0. 2
94 S < 5.0.3 <
! 5 2 (0.4/4.5,0.3) (0.4 5
3 = s T l= S
HE gz 22 Jm EE

< ) ° "R -

B I » >

E"’: g ; 0.6*0"5\ g

Z @v\, Z

(0.1,0.4,0.3) \ (0.4,0.4,0.3) ™) (0.5,0.3,0.1) (0.4,0.3,0.2)
(c¢,0.1,0.9,0.3)  (ca,0.5,0.4,0.3) (cb,0.4,0.4,0.3) cc,0.6,0.3,0.3)  (ca,0.6,0.2,0.9) (cb,0.4,0.6,0.3)
Gy @Gy = (R(A1) ®R(A2),8(B1) ® S(B2)) G1 G2 = (R(A1) ® R(A2),5(B1) @ 8(B2))

Fig. 8.8 Neutrosophic soft rough graph G| @ G2 = (G| ® G2, G180 G)

IRapoRAy (Xs ¥) =max{lg s, (x), Iy, (M)},
Ir(aneRr(Ay) (X, ¥) =max{Ir,)(x), Ira,) (M)},
FRiapor@,) (s ¥) =max{Fg,,(x), Fg, (M},
Fr(a)or(ay (0, ¥) =max{Fra,) (x), Fr,) (1)}

(11) Vy1y2 € SBQ, X € RA]

Ts (8,058, (€, Y1) (x, y2)) =min{Tg , , (xX), Tgg,) (y1y2)},
Tsayoss) (6, y1) (x, y2)) =min{Trea,) (x), Tss,) (12},
58,058, (. Yy (6, y2)) =max{Ig, ,(X), I5, (V1y2)}
Iss)es8,) ((x, y1) (x, y2)) =max{Iga,)(X), Iss,) (y1y2)}
( )
( )

F5 3058, (X 1 (X, y2)) =max{Fg 4, (x), F5p, (V1y2)},
Fshosm) ((x, y1) (x, y2)) =max{Frea,(x), Fss,) (y1y2)}.

(111) Vx]x2 € SB], yiy2 € SBz.

T5 (8,058, (1, Y1) (%2, y2)) =min{Tg 5 ) (x1x2), Tg 5, (y1y2)},
Tsaoss) (X1, y1) (x2, ¥2)) =min{Ts,) (x1x2), Ts) (1y2)}
g 0508y (01, Y1) (X2, ¥2)) =max{Ig ) (X1%2), I5,) (y172)},
Is(8)088,) ((x1, y1) (%2, y2)) =max{Isg,) (x1x2), Iss) (V1y2)},
( )
( )

Fg(gl)og(gz) (x1, y1)(x2, y2) ZmaX{Fg(B,)(xlxz), Fg(gz)()’lyz)},
Fsposa) (X1, Y1) (x2, ¥2)) =max{Fg,)(x1x2), Fsz,) (Y132)}-
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Definition 8.12 The strong product of G, and G, is a neutrosophic soft rough graph
G=G1®G,=(G1,® G, G} ®G3), where G, ® G = (RA; QRA,,
SB| ® SBy) and G} ® G5 = (EAI ® RA,, SB; ® ng) are neutrosophic graphs,
respectively, such that

(i) V(x,y) € RA; x RA,.

TRApeRAy (X ¥) =min{Tg, (X)), T4, (M)}
Tr(ap@R(A) (X, ¥) =min{TR(a,) (x), TR, (M)},
Iz apeRay) X ¥) =max{lg 4 (%), g, M}
Ir(a)eR(A) (X, ¥) =max{lr,)(x), Ira,) (M},
FR(AI)(XR(Az)(x’ y) Zmax{Fﬁ(A])(x), FR(AZ)()’)},
FrapeRr@ay (X, y) =max{Fgr,)(x), Fria,) )}

(i) Vyiy2 €SB, x € RA;.

=min{Tg 4, (%), Ty, (y1¥2)},
=min{Tgca,) (x), Tss,) (y1y2)}
max{lg s, (x), Iy, (y1y2)},
max{Iga,)(x), Iss,) (y1y2)},
max{Fg4,,(x), Fgp, (y1y2)},
=max{Fr,) (x), Fs,) (y1y2)}-

T§(B|)®§(Bz) ((-xv )’1)()67 y2)
Tss)@ss) ((x, y1) (X, y2)
I5(5,)g58,) (. YD (x, y2)

Isa)esa) ((x, yD)(x, y2)
F5 )58, (X, Y1) (x, ¥2)
Fss)es) ((x, y1)(x, 2)

~— N — ~— ~— ~—
Il

(iii)) Vxix, € SB;, y € RA;.

min{Tg g, (x1x2), Tg(a,) (M},
=min{Tsp,) (x1x2), Tr(a,) (M)}
max{/g g (x1x2), Ig4,) (M},
max{Ig,)(x1x2), Ir(ay) (M)},
max{Fg g, (x1x2), F4,) (M},
=max{Fgp,) (x1x2), Fray ()}

T§(B|)®§(Bz)((xlv y)(x2,y)
Tsesasy ((x1, ) (x2, )
Is (g a5(8,) (X1, V) (32, )
Is(ses8,) (X1, ) (x2, )
Fs (8,058, (1, ) (%2, )
Fsshesay (X1, ¥)(x2, ¥)

~— N — N~ ~— ~—
I

(iv) Vxixy € SBy, y1y2 € SB».

T5(8,)g58,) (1, Y1) (%2, y2)) =min{Tg 5 ) (x1x2), Tg(5,)(y12)},
Tss)esay (X1, y1) (52, y2)) =min{Tsg,) (x1x2), Tsz,) (12)},
I5(5,g5(8,) (1, Y1) (%2, y2)) =max{I5 ., (x12), Igp, (V12)},
Isayess) (X1, y1) (x2, ¥2)) = max{Iss,) (x1x2), Iss,) (y12)},
Fsp @58 (01, YD) (x1, ¥2)) = max{Fs g, (x12), Fs(5,,(V12)},
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Fssyessy (X1, X)) (x1, x2)) =max{Fss,) (x1x2), Fss,) (y132)}.

Definition 8.13 The composition of G| and G, is a neutrosophic soft rough graph
G = G1[G2]

= (G14[Ga.], GTIG3D), where G1.[G2.] = (RA[RAz], SBi[SB,])]

and Gi[G3] = (@Al [RA,], SB, [§Bg]) are neutrosophic graphs, respectively, such

(i) V(x,y) € RA; x RA,.

TRa,)xRay Xs ¥) =min{Tg 4, (%), T4, (M},
Tr(a)xR(Ay) (X, ¥) =min{Trea,) (x), Tr, (M)},
TR Ay xRiay (X5 ¥) =max{lIg 4, (xX), g, (M},
Ira)xR(Ay) (X, ¥) = max{Ira,)(x), Ira,) (V)},
FRa) xRay (s ¥) =max{Fg 4, (x), Fg, (M)},
Fra)xr(ay) (x, y) =max{Fgr,)(x), Fria,) ()}

(ll) Vylyz € SBz, X € RA].

=min{Tg 4, x), T5p, (M1y2)}
=min{Trca,) (%), Tss,) (y1y2)}
max{lg,,,(x), Is, (V1y2)},
max{/lra,)(x), Iss,) (y1)2)},
max{Fg 4, (x), Fgip,) (y1y2)},
max{Frea,)(x), Fss,) (y1y2)}-

Tg(Bl)xg(Bz)((x (X, y2))
Ts(syyxssn (6, y1) (X, 1))
Ig(B])xg(Bz)((x yi)(x, )’2))
)
)
)

Is) sy (%, y1) (x, y2)
F§(B,)x§(32)((x y(x, y2)
Fsg)xseay (X, y)(x, 2)

(lll) Vx1x2 € SBl, y € RAZ

min{Tg(Bl)(xlxz), Tﬁ(Az)(Y)}y
=min{Tgp,)(x1x2), Tr(a,) (M)},
maX{Ig(BI)(X1X2), IR(AZ)()’)}’

T§(Bl)x§(32)((x1, Y)(x2,y))
Tsaxsy) (X1, ) (x2, 1))
Ig(Bl)xg(Bz)((xl» ¥) (x2, )7))
( )

( )

)

max{lg,)(x1x2), Ir(a,)(¥)},
maX{Fg(Bl)(Xlxz), Fﬁ(Az)()’)},

Is)) sy (X1, ¥) (X2, y)
F5 ) xspy (1, ¥) (X2, y)
Fsyxs(ay (X1, y) (x2, y)) =max{Fss,) (x1%2), Frea, ()}

(iv) Vxixp € SBi, y1 # y2 € RA,.

Tg(gl)xg(gz) ((xl , v (x2, YZ))
Tsayxs(sy) (X1, y1) (X2, ¥2))
I§(Bl)><§(32)((x1s y)(x2, y2))

:min{Tg(B])(-xlxl)v TE(AZ)(yl)v TE(AZ)(YZ)},
=min{Tgp,) (x1x1), Tr(a) 1), Tr(4,) (72)},
=maX{1§(31)(x1x1), I@(Az)(n), IR(AQ)()Q)}’
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(2,0.5,0.3,0.1) (¢,0.4,0.1,0.2) (2,0.2,0.3,0.5) (z,0.5,0.3,0.1)
(0.2,0.3,0.1) " (0.1,0.3,0.5)
oM )
Q.‘bﬂ Q.(b“
2 A
© ©

3,0.1,0.1
(z,0.2,0.3,0.3) (w,0.3,0.1,0.1) %) 5,0.3,0.2) (w,0.3,0.0,0.1)

G = (R(A),S(B)) G = (R(4),5(B))

Fig. 8.9 Neutrosophic soft rough graph G = (G, G)

Iy xs(sy (X1, y1) (X2, ¥2)) =max{Iss,) (x1x1), Irar) 1), Triar) (72},
Fg(Bl)xg(Bz)((xl, yi)(x2, yZ)) =maX{F§(3,)(X1X1), F@Mz)(m), FE(Az)(YZ)}a
F§(Bl)x§(32)((xl, 1) (x2, Y2)) =max{Fgp,)(x1x1), Fria,) (1), Frea,)(32)}-

Definition 8.14 Let G = (G, G) be a neutrosophic soft rough graph. The com-
plement of G, denoted by Q = (Q , G), is a neutrosophic soft rough graph, where
G = (R(A), S(B)) and G = (R(A), S(B)) are neutrosophic graphs such that

(i) Vx e RA.

Tray ) =Tgaywy» TR = Rayw FEa®) = Fraym)
Tray () =Tr(a) 0> TR () = IR(A) @), FRA)(X) = FR(A)(0)-

(i) Yov,u € RA.

T (xy) =min{Tg 4 (x), Ty )} — T (X9),
I ) (xy) = max{Ig ) (X), Fgoa) )} — Ty (X9),
Fg ) (xy) = max{Fg 4, (x), Fg1, (1)} — Fsp) (),
Ty (xy) = min{Tg(a)(x), Tra (M)} — Ts) (x),
Is(p) (xy) = max{Ig(a) (X), Ipay (")} — I (X9),
Fapy (xy) =max{Fr(a)(x), Fria)(y)} — Fss) (xy).

Example 8.7 Consider a neutrosophic soft rough graphs G as shown in Fig. 8.9. The
complement of G is G = @, G) obtained by using Definition 8.14, where Q =
(R(A), S(B)) and G = (R(A), S(B)) are neutrosophic graphs as shown in Fig. 8.10.
Definition 8.15 A graph G is called self-complement if G = G, ie.

(i) Vx € RA.
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(0.2,0.0,0.1)

(©
| 5,0.1) (2,0.4, 0> ',VO =
B (0.4,0.3,0.2) Y o
2 bt
- (0.3,0.1,0.1)
(2,0.2,0.3,0.3) (w,0.3,07T;0.1) (2,0.3,0.3,0.2) (w,0.3,070,0.1)
G = (R(A),S(B)) G = (R(4),5(B))

Fig. 8.10 Neutrosophic soft rough graph G = 6,6

Table 8.10 Neutrosophic

X R(A) R(A)

soft rough set on X
u (0.8,0.5,0.2) (0.7,0.5,0.2)
v 0.9,0.5,0.1) (0.7,0.5,0.2)
w (0.7,0.5,0.1) (0.7,0.5,0.2)

Ty ) =Ty 7)) = IRy Fra () = FRaw:
Tray (%) =Tr()(x)> ITrR(A)(X) = IR(A) (1) FRA)(X) = FR(A) M)

(i) Vx,yeRA.

Ty (xy) =T (xy), Igp)(xy) = Igp)(xy), Fgpy(xy) = Fgp)(xy),
TSEB) (xy) =Tgp)(xy), 1@{3)(’@) = Igpy(xy), F§’(B)(Xy) = Fyi)(xy).

Definition 8.16 A neutrosophic soft rough graph G is called strong neutrosophic
soft rough graph if Vxy € SB,

T§(B) (xy) = min{Tﬁ(A)(x), TR(A)()’)},
Iy (xy) = max{Ig 4 (x), Ig(4) (DD,
Fgp) (xy) =max{Fgy) (X), Fgea) (0}
Ts(p)(xy) = min{Tr(a)(x), Trea) (M)},
Is(py (xy) =max{lr)(x), Ira)(»)},
Fsp)(xy) =max{Fr)(x), Fra ()}

Example 8.8 Consider a graph G such that X = {u, v, w} and E = {uv, vw, wu}.
Let RA be a neutrosophic soft rough set of X, and let SB be a neutrosophic soft
rough set of E defined in Tables 8.10 and 8.11, respectively.

Hence, G = (RA, SB) is a strong neutrosophic soft rough graph as shown in
Fig.8.11.

Definition 8.17 A neutrosophic soft rough graph G is called complete neutrosophic
soft rough graphifV x,y € X,
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Table 8.11 Neutrosophic soft rough set on E

E S(B) S(B)
uv (0.8,0.5,0.2) (0.7,0.5,0.2)
vw (0.7,0.5,0.1) (0.7,0.5,0.2)
wit 0.7,05,0.2) 0.7,05,0.2)
V(OQ,OS,OI) u(08,05,02) V(O7,05,02) U(07,05,02)
[ ] [ ] [ [ ]
a (0.8,0.5,0.2) = (07,0502)
S
==}
=
S
L] []
w(0.7,0.5,0.2) w(0.7,0.5,0.2)

G = (R(A4),5(B)) G = (R(A),8(B))

Fig. 8.11 Strong neutrosophic soft rough graph G = (RA, SB)

Ty (xy) =min{Tg 4 (x), T4y (M)}
Isg) (xy) =max{lg 4, (x), Ig 4, (M)},
Fgp)(xy) =max{Fg 4 (x), Fg4) (M)},
Tsp) (xy) =min{Tr4)(x), Tra) (M)},
Isp) (xy) = max{Iga)(x), Ira) ()},
Fg(p)(xy) = max{Fg()(x), Fra)(y)}-

Remark 8.2 Every complete neutrosophic soft rough graph is a strong neutrosophic
soft rough graph. But the converse is not true.

Definition 8.18 A neutrosophic soft rough graph G is isolated if Vx, y € X.

Ty (xy) =0, Ig(py(xy) =0, Fgp)(xy) =0, T g (xy) =0, Ig g (xy) =0, Fgpy(xy) =0,

Theorem 8.1 The rejection of two neutrosophic soft rough graphs is a neutrosophic
soft rough graph.

Proof Let G| = (gl,a) and G, = (Qz,éz) be two neutrosophic soft rough
graphs. Let G = GG, = (G,1G,, G, |52) be the rejection of G and G,, where
GG, = (R(ADIR(A2),S(B1)IS(B2)) and  G1|G2 = (R(A1)|R(A2), S(By)|
S(B,)). We claimthat G = G |G, is an neutrosophic soft rough graph. It is enough to
show that S(B))|S(B) and S(B))|S(B5) are neutrosophic relations on R(A)|R(A»)
and @(AQ@(AZ), respectively. First, we show that S(B)|S(B;) is a neutrosophic
relation on R(A)|R(Aj3).

If x € R(A1), y1y2 ¢ S(B»), then
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Ts(B))s(By) (X, yD(x, ¥2)) =(TR(A;) () A (TR(45) (2) A TR(Ay) (72)))
=(Tr(A) () A TR(A,) (72) A (TR(A ) () A TR(4,)(32))
=TR(A)IR(A2) X Y1) A TR(A D [R(Ay) (X5 ¥2)

Ts(By)I5(By) (%5 YD (%, 32)) =TR(A1)[R(A42) ¥ Y1) A TR(A 1) [R(Ap) (*5 ¥2)

Similarly, Is(p,)|5(B,) (6, Y1) (X, ¥2)) =IR(A1)|R(A7) X2 YD) V IR(A ) [R(49) (X ¥2)

Fs(B))1s(By) (s YD (X, 32)) =FR(ADR(A2) (X YD V FR(ADIR(47) (X5 ¥2)

If x1x, ¢ S(By), y € R(A»), then

Ts(By)IS(By) (X1, Y)(x2, ¥)) =((TR(A ) (1) A TR(A;) (2)) A TR(4,)(¥)
=((Tra)) 1) A TR(A) ) A (TR(A ) (02) A TR(45)(¥))
=TR(ADIR(A2) 15 ) A TR(A))[R(Ap) (¥25 V)
Ts(B)|5(B2) (X1, M) (¥2, ¥)) =TR(A|R(A) ¥15 Y) A TR(A ) [R(A2) (K25 ¥)
Similarly, I5(p,)|s(By) ((¥1, ) (¥2, ¥)) =IR(A1)R(A7) ¥1: Y) V IR(A)IR(A7) (%25 V)
Fs(B))18(By) (1. ) (2, ) =FR(A)R(A2) (K15 Y) V FR(A])R(A) (X2, )

If x1x2 ¢ S(B1), y1, y2 ¢ S(B,), then

Ts(By)Is(By) (X1, yD (32, ¥2)) =((TR(A ) (x1) A Tr(A) (2)) A (TR(A,) (V1) A TR(Ay) (V2)))
=(TR(A) (D) A TR(4,) 1) A (TR(A;) (32) A TR(Ay) (02))
=TR(ADIR(A2) *15 Y1) A TR(AIR(A) (*25 ¥2)

Tsy)is(By) (51, Y1) (X2, ¥2)) =TR(A)R(A2) (X1: Y1) A TR(AR(Ay) (25 ¥2)

Similarly, Is(p,)s(8,) (X1, Y1) (X2, ¥2)) =IR(A1)|R(A2) (X1, Y1) V IR(A})IR(Ay) (= Y1, ¥2)

Fs(B))s(By) ((x1, yD (X2, ¥2)) =FR(A})IR(Ay) (1, Y1) V FR(A})[R(A7) (K2, ¥2)

Thus, S(B1)|S(By) is a neutrosophic relation on R(A;)[R(Az). Similarly, we can
show that S(Bl)lS(Bz) is a neutrosophic relation on R(Al)lR(Az) Hence, G is a
neutrosophic soft rough graph.

Theorem 8.2 The Cartesian product of two neutrosophic soft rough graphs is a
neutrosophic soft rough graph.

Proof Let G| = (Ql,él) and G, = (G2, Gz) be two neutrosophic soft rough
graphs. Let G = G| X G, = (G, X G,, G| X G,) be the Cartesian product of
G, and Gy, where G| x G, = (R(A)) x R(A2), S(B1) X S(B,)) and G| x G, =
(R(A}) x R(A3), S(B1) X S(B,)). We claim that G = G| X G, is a neutrosophic
soft rough graph. It is enough to show that S(B;) x S(B,) and S(B;) x S(B,) are
neutrosophic relations on R(A;) x R(A;) and @(Al) X K(Az), respectively. We
have to show that S(B;) x S(B;) is a neutrosophic relation on R(A;) x R(A»).
If x € R(A1), y1y2 € S(B2), then
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Ts(B))xS(By) (¥, yD (X, ¥2)) =TR(A)) () A Ts(By) (¥12)
<TR(A) () A (TR(A) VD A TR(Ay) (02))
=(Tr(A ) () A TR(4,) Y1) A (Tr(a ;) (X) A TR(Ay) (72))
=TR(AXR(A2) (%5 YD) A TR(A]) xR(A2) (¥, ¥2)
T5(B1)xS(By) (X YD (¥, ¥2)) <TR(A)xR(A2) > Y1) A TR(A ) R(4p) (X5 ¥2)
Similarly, I(B,)xS(B,) (¥, YD (X, ¥2)) <IR(A;)xR(Ay) Xs YD V TR(A]) xR(4,) (X, ¥2)

FS(B1)xS(By) (X, Y1) (X, ¥2)) SFR(A;)xR(A) X: Y1) V FR(A])xR(A,) (*: ¥2)

If x1x2 € S(B1), z € R(A»), then

TsByxsB) (X1, 2) (X2, 2)) =T5(B,)) (x1X2) A TR(4,)(2)
=(Trea) AR (92)) A Treay) (2)
=TRr(A)xR(A») (X1, 2) A TR(A)xR(Ay) (X2, 2)
Ts(Byxs(By) (X1, 2) (X2, 2)) <TR(A)XR(A2) (X152 A TR(A) xR (Ay) (X2, 2)
Similarly, Iss,)ws(8,) (X1, 2) (X2, 2)) <IrR(A)xRA) X1, 2) V TR(A ) KR(A) (X2, 2)
FsBywsB) (X1, 2) (X2, 2)) <FrA)XR(A) (X1, 2) V FRA)xR(4,) (X2, 2)

Ihereforg S(B;) x S(By) is a neutrosophic r_elation on R(A}) X R(A3). Similarly,
S(B;) x S(B,) is a neutrosophic relation on R(A;) X R(A,). Hence, G is a neutro-
sophic rough graph.

Theorem 8.3 The cross product of two neutrosophic soft rough graphs is a neutro-
sophic soft rough graph.

Proof Let G = (G, 61) and G, = (GZ, Gz) be two neutrosophic soft rough
graphs. Let G =G, © G, =(G,©G,,G1 ® G>) be the cross product of Gy and
Gy, where G, © G, = (R(A1) © R(A2), S(B1) © S(B,)) and G10G,=R(A)®
R(A»), S(B)) ® S(B)). We claim that G = G| ® G, is a neutrosophic soft rough
graph. It is enough to show that S(B1) © S(B;) and S(B;) ® S(B,) are neutrosophic
relations on R(A;) ® R(A,) and R(A;) ® R(A»), respectively. First, we show that
S(B;) ® S(B,) is a neutrosophic relation on R(A;) ® R(A3).

If x1x2 € S(B1), y1y2 € S(By), then

Ts(B))®S(By) ((x1, Y1) (x2, ¥2)) =Tg(B))) (x1x2) A Tg(B,) (¥1¥2)
=(Tr(A)) 1) A TrAp)) (02) A (TR(Ay) V1) A TR(4,) (72))
=(Tr(A ) (¢ 1) A TR(45) (x2)) A (TR(A ;) (V1) A TR(Ay) (2))
=TR(A])@R(Ay) X1, X2) A TR(A))@R(47) V1 ¥2)
Ts(B))®S(By) ((*1, Xx2)(¥1, ¥2)) <TR(A)ER(47) X1: Y1) A TR(ADOR(Ay) (2, ¥2)
Similarly, Is(g)@s(8,) (K1, YD (2, ¥2)) ZIR(ADER(A2) X1, Y1) V IR(A) @R (A7) (K25 ¥2)

Fs(B)@s(By) (51, Y1) (x2, ¥2)) SFR(ADOR(A) (K1, Y1) V FR(A)@R(47) (25 ¥2)
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Thus, S(B;) @_S(Bz) is_ a neutrosophic relation on R(A;) © K(Az)._Similarly, we
can show that S(B;) @ S(B,) is a neutrosophic relation on R(A;) ® R(A,). Hence,
G is a neutrosophic soft rough graph.

8.3 Application of Neutrosophic Soft Rough Graphs

In this section, we apply the concept of neutrosophic soft rough sets to a decision-
making problem. In recent times, the object recognition problem has gained consid-
erable importance. The object recognition problem can be considered as a decision-
making problem, in which final identification of object is founded on given set of
information. A detailed description of the algorithm for the selection of most suitable
object based on available set of alternatives is given, and purposed decision-making
method can be used to calculate lower and upper approximation operators to progress
deep concerns of the problem. The presented algorithms can be applied to avoid
lengthy calculations when dealing with a large number of objects. This method can
be applied in various domains for multicriteria selection of objects.

Selection of Most Suitable Generic Version of Brand Name Medicine

In pharmaceutical industry, different pharmaceutical companies develop, produce
and discover pharmaceutical medicines (drugs) for use as medication. These phar-
maceutical companies deals with “brand name medicine” and “generic medicine”.
Brand name medicine and generic medicine are bioequivalent, generic medicine rate
and element of absorption. Brand name medicine and generic medicine have the
same active ingredients, and the inactive ingredients may differ. The most impor-
tant difference is cost. Generic medicine is less expensive as compared to brand
name comparators. Usually generic drug manufacturers have competition to pro-
duce cost less products. The product may possibly be slightly dissimilar in colour,
shape or markings. The major difference is cost. We consider a brand name drug
“u = Loratadine” used for seasonal allergies medication. Consider

X = {x; = Triamcinolone, x, = Cetirizine/Pseudoephedrine,
x3 = Pseudoephedrine, x4 = loratadine/pseudoephedrine,

x5 = Fluticasone}

is a set of generic versions of “Loratadine”. We want to select the most suitable
generic version of Loratadine on the basis of parameters e; = highly soluble, e, =
highly permeable, e; = rapidly dissolving. M = {ey, €3, e3} be a set of paraments.
Let R be a neutrosophic soft relation from X to parameter set M, describes truth-
membership, indeterminacy-membership and false-membership degrees of generic
version medicines corresponding to the parameters as shown in Table 8.12.
Suppose A = {(e;,0.2,0.4,0.5), (e2,0.5,0.6,0.4), (e3,0.7,0.5,0.4)} is most
favourable object which is a neutrosophic set on the parameter set M under con-
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Table 8.12 Neutrosophic soft set R = (F, M)

R X1 X2 X3 X4 X5

el (0.4,0.5,0.6) |(0.5,0.3,0.6) |(0.7,0.2,0.3) |(0.5,0.7,0.5) |(0.6,0.5,0.4)
e (0.7,0.3,0.2) |(0.3,0.4,0.3) |(0.6,0.5,0.4) |(0.8,0.4,0.6) |(0.7,0.8,0.5)
e3 (0.6,0.3,0.4) |(0.7,0.2,0.3) |(0.7,0.2,0.4) |(0.8,0.7,0.6) |(0.7,0.3,0.5)
Table 8.13 Neutrosophic soft relation S

S X1X2 X1X3 X4X] XX3 X5X3 x2X4 X2X5

ejer | (0.3,04,0.2) | (0.4,04,0.5) (0.4,0.4,0.5)| (0.6,0.3,0.4)| (0.4,0.2,0.2)| (0.4,0.4,0.2)] (0.4,0.3,0.4)
ere3 | (05,04,0.1) | (0.4,03,0.2)| (0.4,0.3,0.2)| (0.3,0.3,0.2)| (0.6,0.2,0.4)| (0.3,0.2,0.1)| (0.3,0.3,0.2)
e1e3 (0.4,04,0.1) (0.4,0.2,0.2)| (0.4,0.2,0.2)| (0.5,0.3,0.3)| (0.4,0.2,0.3)| (0.4,0.3,0.1)| (0.5,0.3,0.2)

sideration. Then (R(A), R(A)) is a neutrosophic soft rough set in neutrosophic soft
approximation space (X, M, R), where

R(A) = {(x1,0.6,0.5,0.4), (x2,0.7,0.4,0.4), (x3, 0.7, 0.4, 0.4), (x4, 0.7, 0.6, 0.5), (x5, 0.7, 0.5, 0.5)},
R(A) = {(x1, 0.5, 0.6,0.4), (x2,0.5,0.6,0.5), (x3,0.3,0.3, 0.5), (x4, 0.5, 0.6, 0.5), (x5, 0.4, 0.5, 0.5).

Let E = {xixp, X1X3, X4X1, X2X3, X5X3, X2X4, X2xs} © X and L = {eje3, eze1, €3
e} S M.

Then a neutrosophic soft relation S on E (from L to E) can be defined in Table 8.13
as follows:

Let B = {(e1e3,0.2,0.4,0.5), (eze3,0.5,0.4,0.4), (ere3,0.5,0.2, 0.5)} be aneu-
trosophic set on L which describes some relationship between the parameters under
consideration, then SB = (S(B), S(B)) is a neutrosophic soft rough relation, where

S(B) = {(x1x2,0.5, 0.4, 0.4), (x1x3, 0.4, 0.2, 0.4), (xax], 0.4, 0.2, 0.4), (x2x3, 0.5, 0.3, 0.4),
(xs5x3, 0.5, 0.2, 0.4), (xax4, 0.4, 0.3, 0.4), (xpx3, 0.5, 0.3, 0.4)},

S(B) = {(x1x2,0.2, 0.4, 0.4)(x1 x3, 0.5, 0.4, 0.4), (xax], 0.5, 0.4, 0.4), (x2x3, 0.4, 0.4, 0.5),
(xs5x3, 0.2, 0.4, 0.4), (xpx4, 0.2, 0.4, 0.4), (x2x5, 0.4, 0.4, 0.5)}.

Thus, G = (G, G) is a neutrosophic soft rough graph as shown in Fig. 8.12.
The sum of two neutrosophic numbers is defined as follows.

Definition 8.19 Let C and D be two single-valued neutrosophic numbers, and the
sum of two single-valued neutrosophic numbers is defined as follows:
Ce®D=<Tc+Tp—Tc xTp,Ic xIp, Fc X Fp > . 8.1)

The sum of upper neutrosophic soft rough set RA and the lower neutrosophic soft
rough set RA and sum of lower neutrosophic soft rough relation SB and the upper
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(21,0.5, 0.6, 0.4) (0.4,0.2,0.4)
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(‘9°09°0°2°0)
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.5) (z5, ,05) Exa, 0.7,0.6, 0-5)] (25,0.7,0.5,0.5)

G = (R(4),5(B)) G = (R(4),5(B))

Fig. 8.12 Neutrosophic soft rough graph G = (G, G)

neutrosophic soft rough relation SB are neutrosophic sets RA @& RA and SB & SB,
respectively, defined by

a=RA®RA = {(x1,0.8,0.3,0.16), (x2,0.85,0.24,0.2), (x3,0.79, 0.2, 0.2), (x4, 0.85, 0.36, 0.25),
(x5,0.82,0.25,0.25)},
B = SB ®SB = {(x1x2,0.6,0.16,0.16), (x1x3,0.7,0.8, 0.16), (x4x1,0.7,0.8,0.16), (x2x3, 0.7,
0.12,0.2), (x5x3, 0.6, 0.08, 0.16), (x2x4, 0.52,0.12, 0.16), (x2x5,0.7,0.12,0.2), }.

The score function y(x;) defines for each generic version medicine x; € X,

v = Y To(x)) + Ia(x)) — Fa(x)) 8.2)

3 — (Tg(xix;) + Ig(xix;) — Fg(xix;))

xix;€E

and x; with the larger score value x; = max y(x;) is the most suitable generic version
1

medicine. By calculations, we have

v(x1) = 0.88, v(x2) = 0.69, v(x3) = 0.26 v(x4) = 0.57, and ~y(xs5) = 0.33.
(8.3)

Here, x; is the optimal decision, and the most suitable generic version of “Loratadine”
is “Triamcinolone”. We have used software MATLAB for calculating the required
results in the application. The algorithm is given in Algorithm 8.3.1.

Algorithm 8.3.1 Algorithm for selection of most suitable objects

1. Input the number of elements in vertex set X = {xy, X2, ..., X, }.
2. Input the number of elements in parameter set M = {ey, ea, ..., €y }.

3. Input a neutrosophic soft relation R from X to M.
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4.

10.
11.

12.

13.

14.
15.

Input a neutrosophic set A on M.

Compute neutrosophic soft rough vertex set RA = (R(A), R(A)).

Input the number of elements in edge set E = {x;x, x| X2, ..., XgX1}.
Input the number of elements in parameter set M = {eieq, eren, ..., ee1}.
Input a neutrosophic soft relation S from X to M.

Input a neutrosophic set B on M.

Compute neutrosophic soft rough edge set SB = (S(B), S(B)).
Compute neutrosophic set o = (T, (x;), 1,(x;), Fo(x;)), where

To(xi) = TRa) (xi) + Tray (i) — Tga) (i) X Treay(x:),
I,(x;) = Tay(xi) X Treay(xi),
Fo(xi) = FRoa)(xi) X Frea) (x:);

Compute neutrosophic set 8 = (T3(x;x;), I3(x;ix;), Fg(x;x;)), where

Ts(xixj) = Ty (xixj) + Tspy (xix;) — Tgpy (xix;) X Tsem(xix;),
Ig(xix;) = T5 gy (xixj) x Tgp)(xix;),
Fs(xix;) = F5p)(xix;) X Fg(p)(xix;);

Calculate the score values of each object x;, and score function is defined as
follows:

N To(xj) + 1o (x)) — Fo(x)) .
Vi) = Z 3 — (Tp(xix;) + Is(xix;) — Fa(xix;))’

xix;€E

The decision is x; if 7; = max ;.
i=1

If i has more than one value, then any one of x; may be chosen.
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