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Abstract. In this paper we present simulation results that we have at this mo-
ment with a new approach for intelligent control of non-linear dynamical plants. 
First we present the proposed approach for intelligent control using a hierar-
chical modular architecture with type-2 fuzzy logic used for combining the out-
puts of the modules. Then, the approach is illustrated with two cases: aircraft 
control and shower control and in each problem we explain its behavior. Simu-
lation results of the two case show that proposed approach has potential in solv-
ing complex control problems.   
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1 Introduction 

This paper focuses on the field of fuzzy logic, granular computing and also consider-
ing the control area. These areas can work together to solve various control problems, 
the idea is that this combination of areas would enable even more complex problem 
solving and better results. We explain and illustrate the proposed approach with some 
control problems, one is the automatic design of fuzzy systems for the longitudinal 
control of an airplane using genetic algorithms. This control is carried out by control-
ling only the elevators of the airplane. To carry out such control it is necessary to use 
the stick, the rate of elevation and the angle of attack. These 3 variables are the inputs 
to the fuzzy inference system, which is of Mamdani type, and we obtain as output the 
values of the elevators. For optimizing the fuzzy logic control design we use a genetic 
algorithm. We also illustrate the approach of fuzzy control with the benchmark case 
of shower control. Simulation results show the feasibility of the proposed approach of 
using hierarchical genetic algorithms for designing type-2 fuzzy systems.  

The rest of the paper is organized as follows: In section 2 we present some basic 
concepts to understand this work, in section 3 we define the proposed method,  
section 4 describes automatic design of a fuzzy system for control of aircraft dy-
namic system genetic optimization, Section 5 presents a hierarchical genetic algo-
rithm for optimal type-2 fuzzy system design, and finally conclusions are presented 
in section 6. 
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2 Background and Basic Concepts 

We provide in this section some basic concepts needed for this work. 

2.1 Granular Computing 

Granular computing is based on fuzzy logic. There are many misconceptions about 
fuzzy logic. To begin with, fuzzy logic is not fuzzy. Basically, fuzzy logic is a  
precise logic of imprecision. Fuzzy logic is inspired by two remarkable human capa-
bilities. First, the capability to reason and make decisions in an environment of im-
precision, uncertainty, incompleteness of information, and partiality of truth.  And 
second, the capability to perform a wide variety of physical and mental tasks based 
on perceptions, without any measurements and any computations. The basic con-
cepts of graduation and granulation form the core of fuzzy logic, and are the main 
distinguishing features of fuzzy logic. More specifically, in fuzzy logic everything is 
or is allowed to be graduated, i.e., be a matter of degree or, equivalently, fuzzy. Fur-
thermore, in fuzzy logic everything is or is allowed to be granulated, with a granule 
being a clump of attribute values drawn together by in-distinguishability, similarity, 
proximity, or functionality. The concept of a generalized constraint serves to treat a 
granule as an object of computation. Graduated granulation, or equivalently fuzzy 
granulation, is a unique feature of fuzzy logic. Graduated granulation is inspired by 
the way in which humans deal with complexity and imprecision. The concepts of 
graduation, granulation, and graduated granulation play key roles in granular compu-
ting. Graduated granulation underlies the concept of a linguistic variable, i.e., a vari-
able whose values are words rather than numbers. In retrospect, this concept, in 
combination with the associated concept of a fuzzy if–then rule, may be viewed as a 
first step toward granular computing[2][6][30][39][40].Granular Computing (GrC) is 
a general computation theory for effectively using granules such as subsets, neigh-
borhoods, ordered subsets, relations (subsets of products), fuzzy sets(membership 
functions), variables (measurable functions), Turing machines (algorithms), and 
intervals to build an efficient computational model for complex with huge amounts 
of data, information and knowledge[3][4][6].  

2.2 Type-2 Fuzzy Logic 

A fuzzy system is a system that uses a collection of membership functions and rules, 
instead of Boolean logic, to reason about data. The rules in a fuzzy system are usually 
of a form similar to the following:  if x is low and y is high then z = medium, where x 
and y are input variables (names for known data values), z is an output variable (a 
name for a data value to be computed), low is a membership function (fuzzy subset) 
defined on x, high is a membership function defined on y, and medium is a member-
ship function defined on z. The antecedent (the rule's premise) describes to what  
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degree the rule applies, while the conclusion (the rule's consequent) assigns a mem-
bership function to each of one or more output variables. A type-2 fuzzy system is 
similar to its type-1 counterpart, the major difference being that at least one of the 
fuzzy sets in the rule base is a Type-2 Fuzzy Set. Hence, the outputs of the inference 
engine are Type-2 Fuzzy Sets, and a type-reducer is needed to convert them into a 
Type-1 Fuzzy Set before defuzzification can be carried out. An example of a Type-2 

Fuzzy Set   is shown in Fig. 1.  

 

Fig. 1. Type-2 fuzzy set 

Its upper membership function (UMF) is denoted   and its lower membership 
function (LMF) is denoted . A Type-2 fuzzy logic system has M inputs {  xm}  
m=1,2,...,M  and one output y. Assume the mth input has Nm  MFs in its universe of 
discourse        . Denote the nth MF in the mth  input  domain as . A complete 
rulebase with all possible combinations of the input fuzzy system consists of   

        rules in the form of: 

                      

(1)

 

where  is a constant interval, and generally, it is different for different rules. 

 represents the centroid of the consequent Type-2 Fuzzy Set of the kth rule. 
When ,  this rulebase represents the simplest TSK model, where each rule con-
sequent is represented by a crisp number. Again, this rulebase represents the most 
commonly used Type-2 Fuzzy Logic System in practice. When KM type-reduction 
and center-of-sets defuzzification are used, the output of a Type-2 Fuzzy Logic Sys-
tem with the aforementioned structure for an input  x = (x1, x2, . . . , xM ) is com-
puted as: 

                                               
(2)
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Where 

 
in which is the firing interval of the kth rule, i.e. 

 
Observe that both  k and  are continuous functions when all Type-2 Member-
ship Functions are continuous. A Type-2 Fuzzy System is continuous if and only if 
both its UMF and its LMF are continuous Type-1 Fuzzy Systems [38]. 

2.3 GAs  

Genetic algorithms (GAs) are numerical optimization algorithms inspired by both 
natural selection and genetics. We can also say that the genetic algorithm is an opti-
mization and search technique based on the principles of genetics and natural selec-
tion. A GA allows a population composed of many individuals to evolve under  
specified selection rules to a state that maximizes the “fitness”[15]. The method is a 
general one, capable of being applied to an extremely wide range of problems. The 
algorithms are simple to understand and the required computer code easy to write. 
GAs were in essence proposed by John Holland in the 1960's. His reasons for devel-
oping such algorithms went far beyond the type of problem solving with which this 
work is concerned. His 1975 book, Adaptation in Natural and Artificial Systems is 
particularly worth reading for its visionary approach. More recently others, for exam-
ple De Jong, in a paper  entitled Genetic Algorithms are NOT Function Optimizers , 
have been  keen to remind us that GAs are potentially far more than just a robust me-
thod  for estimating a series of unknown parameters within a model of a physical  
system[5]. A typical algorithm might consist of the following: 

1. Start with a randomly generated population of n l−bit chromosomes (candidate 
solutions to a problem). 

2. Calculate the fitness ƒ(x) of each chromosome x in the population. 
3. Repeat the following steps until n offspring have been created: 

• Select a pair of parent chromosomes from the current population, the proba-
bility of selection being an increasing function of fitness. Selection is done 
"with replacement," meaning that the same chromosome can be selected 
more than once to be-come a parent. 

(3) 

(4) 

(5) 
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• With probability Pc (the "crossover probability" or "crossover rate"), cross 
over the pair at a randomly chosen point (chosen with uniform probability) to 
form two offspring. If no crossover takes place, form two offspring that are 
exact copies of their respective parents. (Note that here the crossover rate is 
defined to be the probability that two parents will cross over in a single 
point. There are also "multipoint crossover" versions of the GA in which the 
crossover rate for a pair of parents is the number of points at which a cros-
sover takes place.) 

• Mutate the two offspring at each locus with probability Pm (the mutation 
probability or mutation rate), and place the resulting chromosomes in the 
new population. If n is odd, one new population member can be discarded at 
random. 

• Replace the current population with the new population. 
• Go to step 2 [27]. 

Some of the advantages of a GA include: 

• Optimizes with continuous or discrete variables, 
•  Doesn’t require derivative information, 
•  Simultaneously searches from a wide sampling of the cost surface, 
•  Deals with a large number of variables, 
•  Is well suited for parallel computers, 
•  Optimizes variables with extremely complex cost surfaces (they can jump out of a 

local minimum), 
•  Provides a list of optimal values for the variables, not just a single solution, 
•  Codification of the variables so that the optimization is done with the encoded va-

riables, and 
•  Works with numerically generated data, experimental data, or analytical functions 

[13]. 

3 Intelligent Control of Nonlinear Dynamic Plants Using a 
Hierarchical Modular Approach and Type-2 Fuzzy Logic 

The main goal of this work is to develop type-2 fuzzy systems for automatic control 
of nonlinear dynamic plants using a fuzzy granular approach and bio-inspired optimi-
zation; our work scheme is shown in Fig.2. 

 

Fig. 2. Proposed modular approach for control 
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The use of Type-2 granular models is a contribution of this paper to improve the 
solution of the control problem that is going to be considered, since it divides the 
problem in modules for the different types of control and this model will receive the 
signal for further processing and perform adequate control. We can use this architec-
ture in many cases to develop each controller separately. We can see in Fig.3 an ex-
ample that how we can use this architecture in the area of control. In this example the 
fuzzy logic control has inputs 1 to n and outputs are also 1 to n. When we have more 
than one thing to control we can use type-1 fuzzy logic in each controller and then 
when we will have the outputs, we can then use the outputs and implement a type-2 
fuzzy system to combine these outputs, and finally optimize the fuzzy system with the 
genetic algorithm.   

 

Fig. 3. Proposed granular fuzzy system 

4 Automatic Design of Fuzzy Systems for Control of Aircraft 
Dynamic Systems with Genetic Optimization   

We consider the problem of aircraft control as one case to illustrate the proposed ap-
proach. Over time the airplanes have evolved and at the same time there has been 
work on improving their techniques for controlling their flight and avoid accidents as 
much as possible. For this reason, we are considering in this paper the implementation 
of a system that controls the horizontal position of the aircraft. We created the fuzzy 
system to perform longitudinal control of the aircraft and then we used a simulation 
tool to test the fuzzy controller under noisy conditions. We designed the fuzzy con-
troller with the purpose of maintaining the stability in horizontal flight of the aircraft 
by controlling only the movement of the elevators. We also use a genetic algorithm to 
optimize the fuzzy logic control design. 

4.1 Problem Description  

The purpose of this work was to develop an optimal fuzzy system for automatic con-
trol to maintain the aircraft in horizontal flight. The goal was to create the fuzzy sys-
tem to perform longitudinal control of the aircraft and also to use a simulation tool to 
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test the fuzzy controller with noise. The main goal was to achieve the stability in hori-
zontal flight of the aircraft by controlling only the movement of the elevators. 

4.2 PID and Fuzzy System for Longitudinal Control 

If we want to use the longitudinal control we need to use 3 elements, which are: Stick: 
The lever of the pilot. Moving the control stick back-wards (toward the pilot) will rise 
the nose of the plane, and if push forward there is a lowering of the nose of the plane. 
Angle of attack (α).Rate of elevation (q): The speed at which an aircraft climbs. We 
need the above mentioned elements to perform elevator control. The comparison of 
the control system was carried out by first using the PID controller for longitudinal 
control and then we compared the results obtained with the same plant but using a 
fuzzy controller that was created and eventually carried out the simulation of the 2 
controllers and the comparison of the results of fuzzy control with respect to PID 
control. The fuzzy system has 3 inputs (stick, angle of attack and rate of elevation) 
and 1 output (elevators). The fuzzy system that we used as a controller has 3 member-
ship functions for each of the inputs and 3 membership functions of the output. We 
worked with different types of membership functions, such as the Gaussian, Bell, 
Trapezoidal and Triangular. 

4.3 Simulation Results 

In this section we present the results obtained when performing the tests using the 
simulation plant with the PID and Fuzzy controllers. It also presents the results ob-
tained by optimizing the fuzzy system with a genetic algorithm. The first simulation 
was performed with the PID controller and we obtained the elevators behavior. We 
obtained an average elevator angle of 0.2967. Once the simulation results with the 
PID Controller were obtained, we proceeded with our Fuzzy Controller using the 
fuzzy system that was created previously. The simulations were carried out with dif-
ferent types of membership functions and the results that were obtained are shown in 
Table 1. 

Table 1. Results for simulation plant with a type-1 fuzzy controller 

Membership 
functions 

 

Trapezoi-
dal 

 
Triangular 

 
Gauss 

 
Bell 

 
Errors 

comparing 
with PID 

0 .1094 
 

0.1131 
 

0.1425 
 

0.1222 
 

Comments 
 
 
 
 

Fast 
Simulation 

 
 
 

Less  Fast 
Simulation 

 
 

 

 
Slow     

simulation 
in compari-

son with 
previous 

 

Slow simu-
lation in 

comparison 
with pre-

vious 
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Having obtained the above results, we used a genetic algorithm to optimize the 
membership functions of the fuzzy system and after implementing the genetic algo-
rithm we obtained the optimized results shown in Table 2. 

Table 2.  Results for the simulation plant with the fuzzy controller optimized by a Genetic 
Algorithm 

Genetic Algorithm 
 

Error with 
respect to PID 

 

Using  Trapezoidal 
membership functions  

 
0.0531 

 

Using  Gauss member-
ship functions  

 
0.084236395 

 
Using  Bell member-

ship 
 functions  

 
0.0554 

 

Using  Triangular 
 membership functions 

 
0.0261 

 

Given the above results we can see that better results were obtained using genetic 
algorithms and in particular the best result was using Membership functions of trian-
gular type. When we used the genetic algorithm the best result that we obtained was 
when we worked using triangular membership functions because we obtained an error 
of 0.0261.When we apply the Genetic Algorithm using a sine wave as a reference in 
our simulation plant (see Table 3) we could observe differences between the simula-
tions. As we mentioned before we used 4 types of membership functions, such as bell, 
Gauss, trapezoidal and triangular. At the time of carrying out the simulation, the error 
was 0.004 using bell membership functions, as we can appreciate this is the better 
result. The decrease of error is because when we work with sine wave at the time of 
carrying out the simulation, our plant does not have many problems for this type of 
waveform and that is because the sine wave is easier to follow (higher degree of con-
tinuity).When we work using square wave we have more complex behavior because 
this kind of wave is more difficult. To consider a more challenging problem we de-
cided to continue working with square wave and in this form improve our controller. 
We were also interested in improving the controller by adding noise to the plant. We 
decided to use Gaussian noise to simulate uncertainty in the control process. The 
Gaussian Noise Generator block generates discrete-time white Gaussian noise. Re-
sults with more noise are shown in Table 4. 
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Table 3. Results for simulation plant with fuzzy controller and Genetic Algorithm   

Genetic Algorithm 
 

 
Error with 
respect to PID 

 
Using  Trapezoidal member-

ship functions  
 

0.0491 
 

Using  Gauss membership  
functions  

 
0.0237 

 
Using  Triangular membership

 functions  
 

0.0426 
 

Using  Bell membership  
functions  

 
0.004 

 

Table 4. Results for the simulation plant with a fuzzy controller and Gaussian noise   (Type-2 
and Type-1) 

 
Membership 

functions 

 

      Noise Level 

 

 84 123 580 1200 2500 5000 

Triangular 0.1218 0.1191 0.1228 0.1201 0.1261 0.1511

Trapezoidal 0.1182 0.1171 0.1156 0.1196 0.1268 0.1415

Gauss 0.1374 0.1332 0.1356 0.1373 0.1365 0.1563

Bell 0.119 0.1172 0.1171 0.1203 0.1195 0.1498

  Type-2 

Triangular 0.1623 0.1614 0.1716 0.163 0.1561 0.1115

In this case a type-2 fuzzy system (last row) produces a better result when the noise 
level is high. In Table 4 we can observe that in many cases the type-1 provided better 
results than type-2. But when we raise the noise level the type-2 fuzzy system ob-
tained better results as it supports higher levels of noise. 

5 Hierarchical Genetic Algorithm for Optimal Type-2 Fuzzy 
System Design in the Shower Control 

In this case we propose an algorithm to optimize a fuzzy system to control the Tem-
perature in the Shower benchmark problem, in this application the fuzzy controller 
has two inputs: the water temperature and the flow rate. The controller uses these 
inputs to set the position of the hot and cold valves. In this part the genetic algorithm 
optimized the fuzzy system for control. 
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5.1 Problem Description 

The problem was of developing a genetic algorithm to optimize the parameters of a 
fuzzy system that can be applied in the fuzzy logic areas. The main goal was to 
achieve the best result in each application, in our case fuzzy control of the shower. 
We started to work with different membership functions in these cases and after per-
forming the tests finally we took the best result. The genetic algorithm can change the 
number of inputs and outputs depending on that we need it. The Chromosome for this 
case is shown in fig.4. 

 

Fig. 4. Chromosome of the Genetic Algorithm 

5.2 Fuzzy Control 

In this case we realized the simulation with the Simulink plant in the Matlab  
programming language. The problem was to improve temperature control in a 
shower example the original fuzzy system has two inputs to the fuzzy controller: the 
water temperature and the flow rate. The controller uses these inputs to set the posi-
tion of the hot and cold valves. When we simulated the type-2 fuzzy system the best 
result that we obtained was 0.000096, and in the same problem but using type-1 we 
obtained 0.05055. This shows that type-2 fuzzy control can outperform type-1 for 
this problem. The best fuzzy system that we obtained in fuzzy control is shown in 
Figure 5. 

 

Fig. 5. Type-2 Fuzzy system for control 
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6 Conclusions 

We use two benchmark problems and based on the obtained results we can say that to 
achieve control of the present problems, type-2 fuzzy logic is a good alternative to 
achieve good control. When we worked with a type-1 fuzzy system we obtained good 
results, but if we want to work with noise the previous good results will not be so 
good, in this case we need to work with type-2 and with this we obtained better results 
and also using a genetic algorithm to optimize the fuzzy system. When we have a 
problem for example to control the flight of an airplane we need to control 3 different 
controllers. In this case the fuzzy granular method is of great importance, because we 
want to control the flight of an airplane completely. We want to use a type-1 fuzzy 
system in each controller and then use a type-2 fuzzy system to combine the outputs 
of the type-1 fuzzy systems and implement the concept of granularity and with this 
method we hope to obtain a better result in this problem.  
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