
Chapter II.5
Electrochemical Impedance Spectroscopy

Utz Retter and Heinz Lohse

II.5.1 Introduction

Non-steady-state measuring techniques are known to be extremely suitable for the
investigation of the electrode kinetics of more complex electrochemical systems.
Perturbation of the electrochemical system leads to a shift of the steady state. The
rate at which it proceeds to a new steady state depends on characteristic parameters
(reaction rate constants, diffusion coefficients, charge transfer resistance, double-
layer capacity). Due to non-linearities caused by the electron transfer, low-amplitude
perturbation signals are necessary. The small perturbation of the electrode state
has the advantage that the solutions of relevant mathematical equations used are
transformed in limiting forms that are normally linear. Impedance spectroscopy
represents a powerful method for investigation of electrical properties of materials
and interfaces of conducting electrodes. Relevant fields of application are the kinet-
ics of charges in bulk or interfacial regions, the charge transfer of ionic or mixed
ionic–ionic conductors, semiconducting electrodes, the corrosion inhibition of elec-
trode processes, investigation of coatings on metals, characterisation of materials
and solid electrolyte as well as solid-state devices.

II.5.2 Definitions, Basic Relations, the Kramers–Kronig
Transforms

If a monochromatic alternating voltage U (t) = Um sin (ωt) is applied to an elec-
trode then the resulting current is I (t) = Im sin (ωt − ϑ) where ϑ is the phase
difference between the voltage and the current and Um and Im are the ampli-
tudes of the sinusoidal voltage and current, respectively. Then the impedance is
defined as

Z = U (t) /I (t) = |Z| e jϑ = Z′ + jZ′′ (II.5.1)
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with

j = (−1)1/2 (II.5.2)

where Z′ and Z′′ are the real and imaginary part of Z, respectively.
Impedance Z and admittance Y are related as follows:

Y = 1/Z = Y ′ + jY ′′ (II.5.3)

Now let us sum up the following definitions: resistance: Z′ (also R), reactance:
Z′′ (also X), magnitude of impedance: |Z|, conductance: Y′ (also G), susceptance:
Y′′ (also B), quality factor: Q = ∣∣Z′′/Z′

∣∣ = ∣∣Y ′′/Y ′
∣∣, dissipation factor: D = 1/Q =

|tan δ|, loss angle: δ.

|Z|2 = (
Z′
)2 + (

Z′′
)2 (II.5.4)

δ = arctan
(
Z′/Z′′

)
(II.5.5)

Frequently used procedures in modelling include the conversion of a parallel
circuit to a series one and the conversion of a series circuit to a parallel one.

The series circuit and the parallel circuit must be electrically equivalent. This
means the dissipation factors |tan δ| must be the same and the absolute values |Z| =
1/ |Y|.

The following equations enable these procedures to be performed [1]:

tan δ = cotϑ = Z′/Z′′ = −Y ′/Y ′′ and

|Z|2 = 1/ |Y|2 = (
Z′
)2 + (

Z′′
)2 = 1/

((
Y ′
)2 + (

Y ′′
)2
) (II.5.6)

For an RC circuit with components Rs, Cs (series) and Rpar, Cpar (parallel), the
following relations are valid:

Z′ = Rs,

Z′′ = −1/ (ωCs) ,

Y ′ = 1/Rpar,

Y ′′ = ωCpar

(II.5.7)

Rpar = Rs

(
1+ 1/ tan2 δ

)
(II.5.8)

Cpar = Cs/
(

1+ tan2 δ
)

(II.5.9)

The Kramers–Kronig frequency domain transformations enable the calculation
of one component of the impedance from another or the determination of the phase
angle from the magnitude of the impedance or the polarization resistance Rp from
the imaginary part of the impedance. Furthermore, the Kramers–Kronig (KK) trans-
forms allow the validity of an impedance data set to be checked. Precondition for the
application of KK transforms is, however, that the impedance must be finite-valued
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for the limits ω → 0 and ω → ∞, and must be a continuous and finite-valued
function at all intermediate values.

Let us now sum up the KK transforms:

Z′(ω)− Z′(∞) = (2/π)

∞∫

0

[(
xZ′′(x)− ωZ′′(ω)

)
/
(

x2 − ω2
)]

dx (II.5.10)

Z′(ω)− Z′(0) = (2ω/π)

∞∫

0

[(
(ω/x)Z′′(x)− Z′′(ω)

)
/
(

x2 − ω2
)]

dx (II.5.11)

Z′′(ω) = − (2ω/π)

∞∫

0

[(
Z′(x)− Z′(ω)

)
/
(

x2 − ω2
)]

dx (II.5.12)

ϑ (ω) = (2ω/π)

∞∫

0

[
(ln |Z (x)|) /

(
x2 − ω2

)]
dx (II.5.13)

Rp = (2/π)

∞∫

0

[(
Z′′(x)

)
/x
]
dx (II.5.14)

II.5.3 Measuring Techniques

The measuring principle is simple. On an electrochemical system in equilibrium a
small signal acts (time-dependent potential or current). The response of the system
is measured then. “Small signal” means the perturbation of the system is so low that
the response is linear, i.e. harmonic generation and frequency mix products can be
neglected. The signal can be a single sinus wave or consist of a sum of such waves
with different amplitudes, frequencies and phases (e.g. single potential or current
step, pulse-shaped signals, noise). In the majority of cases, electrochemical systems
are linear at signal amplitudes of 10 mV or less. On application of a sum signal,
the effective value of the signal must keep that condition. The overall equivalent
circuit at high frequencies can be assumed as a series combination of the linear
solution resistance and the predominantly capacitive interface. Then, only a part of
the amplitude applied to the electrochemical cell is applied to the interface because
most of the potential drop occurs at the solution resistance. Therefore, the signal
amplitude can be chosen higher without violating the linearity conditions. One can
check the validity of the linearity condition by checking the independence of the
impedance on the test signal amplitude.

The input signal can be a single frequency, a discrete number of frequencies
(e.g. computer generated) or a theoretical unlimited spectrum of frequencies (white
noise). Primarily, it seems of advantage to apply a large number of frequencies and
measure the response simultaneously. However, the electrochemical system gener-
ates noise and, because of the linearity condition, the signal amplitudes are very
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small. Therefore, a signal averaging must be used for the response signal. This is
very time consuming, mainly for low frequencies and high impedances.

In time-domain measurements the test signal has a time-dependent shape (ramp
function, triangle or square pulse) and the time dependence of the system response
is measured. From the time dependence of the signal response, information can
be obtained about the system parameters but their extraction is very complicated
or impossible for non-trivial systems. Data transition from the time domain into
the frequency domain and back can be made with transform methods. Commercial
measuring systems use fast Fourier transformation (FFT). The use of FFT is rec-
ommended in the low frequency region (10−3 – 102 Hz) because the cycle duration
of the highest signal frequency is large in comparison to the conversion time of the
precision analog-to-digital converters (ADC) and FFT speed. Digital signal filtering
is here superior to analog filters. The measuring methods for system response are
physically equivalent (same limitations in noise-bandwidth) but different methods
can be suited more or less in dependence of the system under investigation and the
hard- and software used in the measuring system.

Frequency analysis (measuring in frequency domain) can be used over a very
large frequency range (10−3 – 107 Hz). Normally, a single frequency signal is used
and the amplitude and phase shift, or real and imaginary parts of response signal,
is measured [2]. Figure II.5.1 shows a block diagram of a potentiostatic frequency
response analyser.

In commercial impedance analysers, commonly the polarization and the test
signals are generated separately. The polarization is a large-scale signal and the
requirements on electrical circuits as amplifiers and digital-to-analog converters
(DAC) are: high constant system parameters in time and temperature and precise
amplitude and low noise characteristic over the whole potential region (e.g. ± 5 V
in 1 mV steps). The system for generating the test signal (small signal) must be

Fig. II.5.1 Block diagram of a potentiostatic frequency response analyser
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linear over the entire frequency and amplitude scale and the noise amplitude must
be low too. The sum of signals at the output of the operations amplifier A1 is the
polarization signal of the electrochemical cell. The amplifiers A2 and A3 together
with the cell compose a potentiostat. The potential of the reference electrode (RE)
is compared with the polarization signal and the control loop with A2 changes the
potential at the counter electrode (CE) until the potential at RE is equal the sum
from the test signal and the DC polarization signal. An important problem for mea-
suring the impedance behaviour at high frequencies is the influence of parasitic
elements and the phase shift connected with the potentiostatic control of the system.
In the worst case the system can oscillate. However, before oscillations occur, the
phase shifts and variations of the amplitude of the response signals give incorrect
impedance values. Then, a precise dummy cell with well-known parameters similar
to the cell impedance should be measured to examine it. For cases without or very
small direct current, a two-electrode configuration can be used to avoid problems
with phase shifts. Then the RE is connected to the CE and the amplifier A3 can be
replaced with a resistor.

The decoupling of ac and dc signals is another way to avoid phase shifts and
amplitude deformations at high frequencies. The cut-off frequency of the potentio-
stat is then far lower than the cycle duration of the ac signal [3]. In Fig. II.5.1 the
output potential of the amplifier A4 is proportional to the cell current (I-U con-
verter). Here, the input potential of A4 is controlled to be zero (virtual earth) and
there are no additional parasitic impedance elements in the measuring circuit. In the
case of high cell currents and for very high frequencies, the I-U converter can show
non-ideal behaviour. Then, the current can be measured by determining the potential
drop on a small resistance between the working electrode and the earth. The output
signal of A4 is applied to a phase sensitive detector. Here, it is compared with ref-
erence signals 1 and 2 in phase or 90◦ shifted to the test signal, respectively. As a
result, the output signals I′ and I′′ are proportional to the in-phase and quadrature
components of the cell current. Some analysers determine the amplitude and phase
of the response signal. The results are equivalent and the inherent problems are the
same. At high frequencies and/or if I′ and I′′ are very different (phase angle ≈ 0◦
or ≈ – 90◦), the phase discriminators show a “cross talk” effect, e.g. the component
with the high amplitude influences the other. Generally, the precision of the phase
angle is lower at higher frequencies.

An impedance spectrum is the result of a sweep about the selected frequency
band. Narrow band measuring (filters or lock-in amplifiers) is able to improve the
accuracy and sensitivity but it is time consuming at low frequencies. For precise
measurements (suppressing of transients), a signal averaging at least five periods is
recommended.

Broadband perturbing signals used in connection with frequency transforma-
tion (mostly FFT algorithm) can allow a faster measuring in time-varying systems.
However, an increase in speed decreases the accuracy and deteriorates the signal-
to-noise ratio. To improve this ratio signal accumulation must be performed and
the gain in measuring time is lost. A special method to measure the impedance
or admittance of an electrochemical system is to compare its signal response with
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the response of a combination of calibrated impedance elements (use of audio- and
radio-frequency bridges or substitution methods). Here, the accuracy of the method
is only affected by the elements and the sensitivity and stability of the amplitude
and phase measuring. The handicap here is that the method is very time consuming.
Time domain techniques mostly use step and ramp signals.

For electrochemical impedance spectroscopy a number of excellent commercial
measuring systems exist. In some cases it is favourable to use precision impedance
analysers designed specially for accurate impedance measurements of electronic
components and materials in a broad-frequency scale.

II.5.4 Representation of the Impedance Data

The impedance data will be represented in complex plane plots as –Z′′ vs. Z′ (nor-
mally called the Nyquist diagrams), Y′′ vs. Y′ diagrams and derived quantities as the
modulus function M = jωCCZ = M′ + jM′′ (CC is the capacity of the empty cell)
and the complex dielectric constant ε = 1/M = ε′−jε′′ depictions. Frequently used
terms are as follows: the complex plane plot of the frequency normalized admittance
components Y′/ω vs. Y′′/ω specially for an investigation of non-faradaic processes
(the frequency acts as parameter) and the Bode plot for the representation of the
magnitude of impedance |Z| and the phase angle ϑ vs. log ν, (ν being the measur-
ing frequency). It should be noted that the representation form and any mathematical
transformation can never improve the quality of the data fitting, i.e. the fitting should
always start with the experimental data.

II.5.5 Equivalent Circuits

Any electrochemical cell can be represented in terms of an equivalent electrical
circuit that comprises a combination of resistances, capacitances or inductances as
well as mathematical components. At least the circuit should contain the double-
layer capacity, the impedance of the faradaic or non-faradaic process and the high-
frequency resistance. The equivalent circuit has the character of a model, which
more or less precisely reflects the reality. The equivalent circuit should not involve
too many elements because then the standard errors of the corresponding parameters
become too large (see Sect. II.5.7), and the model considered has to be assessed as
not determined, i.e. it is not valid.

II.5.6 The Constant Phase Element

For an ideally polarized electrode, the impedance consists of the double-layer capac-
ity Cd and the solution resistance R� in series. In the impedance plane plot, a straight
vertical line results intersecting the Z′-axis at Z′ = R�. At solid electrodes, especially
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due to contamination and roughness, a straight line can be observed intersecting
the Z′-axis at R� at an angle smaller than 90◦ to the real axis. The corresponding
phase angle ϑC = − (1− β) π/2 is assumed to be independent of frequency, i.e. a
“constant phase angle” occurs [4, 5] and, consequently, the impedance follows as

Z = R� + ZC = R�

[
1+ (jωτ)−(1−β)

]
(II.5.15)

where τ = R�Cd. The dimensionless parameter β ranges between 0 and 1. For
β = 0, the well-known case of a series connection of R� and Cd follows. If the
electrode consists of R� in series with an impedance ZC with a constant-phase
angle (the “constant-phase element”, CPE), Cd will be replaced by the CPE. As
a consequence, the corresponding admittance changes from a semicircular arc to a
depressed semicircular arc.

Y = 1/Z = (1/R�)
[
1− 1/

(
1+ (jωτ)(1−β)

)]
(II.5.16)

When a charge transfer proceeds at the electrode, the equivalent circuit consists
of Cd and the charge-transfer resistance Rct in parallel. Therefore, the correspond-
ing Nyquist impedance plot represents a semicircular arc. Analogous to the case
just considered above, a replacement of Cd by the CPE leads to a change from a
semicircular arc to a depressed semicircular arc.

A full discussion of the distribution of relaxation times as the origin of constant-
phase elements is available in the literature [5].

In another report [4], an error in the interpretation of the CPE is pointed out. On
the one hand, the double-layer capacity is replaced by the CPE, i.e. the CPE is a
property of the double layer itself. On the other, the CPE is discussed as originating
from surface inhomogeneities.

II.5.7 Complex Non-Linear Regression Least-Squares (CNRLS)
for the Analysis of Impedance Data

Let us consider a set of data Zi
′ and Zi

′′. The measurements were performed
at the angular frequencies ωi (i = 1 . . .K). The theoretical values are denoted by
Zit (ωi,P1,P2 . . .Pm), where P1, P2. . .Pm are parameters to be determined and m is
the number of parameters. Such parameters can be rate constants, the charge trans-
fer resistance, the double-layer capacity or the high-frequency resistance. The aim
of the complex least-squares analysis consists of minimising the sum S:

S =
K∑

i=1

{[
Zi
′ − Zit

′ (ωi,P1,P2, . . .Pm)
]2 + [

Zi
′′ − Zit

′′ (ωi,P1,P2, . . .Pm)
]2
}

(II.5.17)

For the minimizing procedure one uses normally the Marquardt algorithm [6, 7].
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Good starting values of the parameter play an important role here. Otherwise the
least-squares sum may converge to local minima instead of the absolute minimum
or the sum may even diverge. One should not blindly accept a model and tentatively
assume that it is correct. There are the following criteria to assess the validity of a
model, which must be fulfilled simultaneously:

(a) Small relative standard deviations of the parameters, smaller than 30% [5].
Otherwise the corresponding parameters have to be removed from the model.
One should not believe “The more parameters the better.” Often a simplification
of the model leads to success, or other models should be tested.

(b) Small relative residuals for the data points are demanded [8]. The overall stan-
dard deviation of the fit, (S/2K)1/2, divided by the mean value of the measuring
values, should not exceed 10% for a model. In some cases, there are several
models with comparable standard error of the fit and of the parameters. In this
case, additional dependencies have to be investigated. For instance, if the poten-
tial dependence of a parameter alone does not allow a decision as to which
model is valid, then the concentration dependence should also be investigated.
To sum up this section: non-linear regression is a necessary mathematical qual-
ity control of models. Abuse of non-linear regression can only lead to a modern
sort of (electro)alchemy, absurdly based on high-tech measurements.

II.5.8 Commercial Computer Programs for Modelling
of Impedance Data

Several commercial computer programs for the modelling of impedance data cur-
rently exist. In the first operation, an adequate equivalent circuit can be created.
The standard impedance elements used here are: resistance, capacity, induc-
tance, constant-phase element, Warburg impedance (semi-infinite linear diffusion),
Warburg impedance (semi-infinite hemispherical diffusion), finite-length diffusion
for transmissive and reflective boundary conditions, impedance of porous elec-
trodes, impedance for the case of rate control by a homogeneous chemical reaction.
In the second operation, the validity of the impedance data is checked by the KK
rule check (see Sect. II.5.2). As the third operation, the model parameters will be
adapted to the measured data using the complex non-linear regression least-squares
(CNRLS) fit. The last operation involves the representation of the experimental data
and the optimized calculated data using plot diagrams. Here, most often the Bode
plot and the Nyquist impedance plot are taken.

II.5.9 Charge Transfer at the Electrode – the Randles Model

A quasi-reversible charge transfer is considered with Rct the charge-transfer resis-
tance and j0 the exchange current density:
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Fig. II.5.2 Randles equivalent circuit

Ox+ ne→ Red (II.5.18)

Let the species Ox and Red with concentrations cO and cR diffuse in the solution
in the direction perpendicular to the electrode. DO and DR are the diffusion coeffi-
cients. The initial conditions demand that the solution is homogeneous and that the
concentrations are equal to c∗O and c∗R for t = 0. Outside the Nernst layer the con-
centrations are equal to c, the concentrations in the bulk. At the electrode surface,
the fluxes of Ox and Red are identical and equal to the normalized faradaic current
IF/nFA (A: electrode area). The charge-transfer resistance Rct is defined as:

1/Rct = (δIF/δE)c (II.5.19)

kf = k0
f exp

[−α (nFE/RT)
]

(II.5.20)

kb = k0
b exp

[
(1− α) (nF/RT)E

]
(II.5.21)

1/Rct =
(

An2F2/RT
) [

akfc
∗
O + (1− α) kbc∗R

]
(II.5.22)

Rct = RT/ (nFj0) (II.5.23)

where α is the apparent cathodic transfer coefficient and j0 the exchange current
density.

A quasi-reversible charge transfer is considered with the equivalent circuit shown
in Fig. II.5.2.

Let us first consider the Randles model for higher frequencies. R� is the
high-frequency series resistance or electrolyte resistance and Cd the double-layer
capacity.

Z′ = R� + Rct/
(

1+ ω2C2
dR2

ct

)
;

Z′′ = −ωCdR2
ct/

(
1+ ω2C2

dR2
ct

) (II.5.24)

Rearranging, the equation gives

(
Z′ − R� − Rct/2

)2 + (
Z′′

)2 = R2
ct/4 (II.5.25)

Z′′ = − (
Z′ − R�

)
(ωRctCd) (II.5.26)
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This is the equation of a circle with its centre on the Z′-axis at Z′ = R� + 0.5 Rct
and radius 0.5 Rct. From the intersection point of the semicircle with the Rs-axis,
one obtains the value R� + Rct and the high-frequency ohmic component is equal
to R�. Let ωmax be the frequency at which -Z′′ exhibits a maximum vs Z′. For the
maximum of – Z′′ it follows that:

ωmaxRctCd = 1 (II.5.27)

From the frequency at which – Z′′ exhibits a maximum, Cd can be estimated.

Cd = 1/ (Rctωmax) (II.5.28)

The following problem arises in the interpretation of such semicircles in the
complex plane impedance plots: every parallel combination of a constant resis-
tance and constant capacity leads to a semicircle in the Nyquist plot of the
impedance. To verify a charge transfer, for instance, the potential dependence of the
charge-transfer resistance should be investigated to demonstrate the Butler–Volmer
potential dependence of the exchange current.

Let us now consider a semi-infinite linear diffusion of charged particles from
and to the electrode. The Faraday impedance is defined as the sum of the charge-
transfer resistance Rct and the Warburg impedance W corresponding to the semi-
infinite diffusion of the charged particles

ZF = Rct +W (II.5.29)

W =
[
RctKW/ (2ω)1/2

]
(1− j) (II.5.30)

KW =
(

kox/ (DO)1/2
)
+
(

kred/ (DR)
1/2

)
(II.5.31)

Here, kox, kred are the rate constants for oxidation and reduction, respectively,
and DO and DR are the diffusion coefficients of the oxidized and reduced reactants:

σ = KWRct/ (2)
1/2 (II.5.32)

where σ is the Warburg coefficient. The Nyquist plot of ZW is a straight line at an
angle of 45◦ to the real axis.

The complete Randles model includes mixed control by diffusion and charge
transfer control.

The corresponding equations for Z′ and Z′′ are [9, 10]

Z′ = R� +
(

Rct + σω−1/2
)
/QR (II.5.33)

Z′′ = −
(
ωCd

(
Rct + σω−1/2

)2 + σ 2Cd + σω−1/2
)
/QR (II.5.34)

QR =
(
σω1/2Cd + 1

)2 + ω2C2
d

(
Rct + σω−1/2

)2
(II.5.35)
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Fig. II.5.3 Scheme of the impedance of the Randles equivalent circuit in the complex impedance
plane (Nyquist plot)

Figure II.5.3 represents the Nyquist plot of the Randles impedance with the semi-
circle at higher frequencies and the straight line at an angle of 45◦ to the real axis at
lower frequencies.

In the case of complex expressions for the impedance for more complicated elec-
trochemical reactions, the calculations of the real and imaginary component can be
very complicated. Then, it is much easier to split the whole calculation into elemen-
tary steps. We denote this method as cumulative calculation of the cell impedance.
As an example, let us take again the Randles model.

The Warburg impedance is (see Eqs. II.5.30, II.5.31, and II.5.33)

W ′ = σω−1/2;

W ′′ = −σω−1/2
(II.5.36)

In the first step, the charge-transfer resistance will be added

Z1
′ = W ′ + Rct;

Z1
′′ = W ′′

(II.5.37)

The second step involves a conversion from a series to a parallel circuit:

Series in parallel:
(
Z1
′, Z1
′′)→ (

1/Rpar2,Cpar2
)

(II.5.38)

In the third step, the double-layer capacity Cd is added:

Cpar2 + Cd = Cpar3;

Rpar2 = Rpar3
(II.5.39)

The fourth step includes a conversion from a parallel to a series circuit:

Parallel in series:
(
Rpar3, Cpar3

)→ (Rs4, 1/ωCs4) (II.5.40)
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Fig. II.5.4 Resistive-capacitive semi-infinite transmission line – the equivalent circuit for semi-
infinite diffusion. R and C are normalized to unit length

In the fifth step, the high-frequency series resistance will be added:

Rs4 + R� = Rs5;

1/ωCs4 = 1/ωCs5
(II.5.41)

Now a direct modelling of the experimentally measured impedance data is
possible due to comparison of Rs5 with Rs,exp and Cs5 with Cs,exp.

The use of subroutines
(
Z̄′; Z̄′′

)→ (
Ȳ ′/ω; Ȳ ′′/ω

)
and

(
Ȳ ′/ω; Ȳ ′′/ω

)→ (
Z̄′; Z̄′′

)

makes the calculations much easier because now the calculations are reduced to
repeating conversions of series components in parallel ones, and vice versa, and
additions of the relevant parameters.

Equation (II.5.36) shows that the Warburg impedance cannot be represented as
a series combination of frequency-independent elements in an equivalent circuit.
This is possible, however, by a semi-infinite resistive-capacitive transmission line
with a series resistance R per unit length and a shunt capacity C per unit length
(Fig. II.5.4).

II.5.10 Semi-infinite Hemispherical Diffusion for Faradaic
Processes

The Warburg impedance for hemispherical diffusion corresponds to that of pla-
nar diffusion; however, with a resistance R̄paŕ in parallel [10]. 1/R̄paŕ is inversely
proportional to the mean size of the active centres. 1/R̄paŕ can be determined by rep-
resenting 1/Rpar vs. (ω)1/2. This gives a straight line with the intersection point for
ω→ 0 equal to 1/R̄paŕ . According to Vetter [11], hemispherical diffusion occurs if
the electrode surface is energetically inhomogeneous and the diffusion wavelength
ld = (2D/ω)1/2 is larger than ra, the mean size of the active centres, but smaller
than ri, the mean size of the inactive centres. So an inhibiting film at the electrodes
with proper sizes of pores leads to a hemispherical diffusion of the reacting ion.
Indeed, such an effect was verified for the Tl+/Tl(Hg) electrode reaction in the pres-
ence of adsorbed tribenzylamine (TBA) condensed film [12]. The evaluation of the
impedance data resulted in the sizes of active and inactive centres of the electrode,
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which are, for 0.5 × 10−4 M TBA, for instance, equal to 0.7 μm and 3.4 μm,
respectively.

II.5.11 Diffusion of Particles in Finite-Length
Regions – the Finite Warburg Impedance

The infinite-length Warburg impedance obtained from solution of Fick’s second law
for one-dimensional diffusion considers the diffusion of a particle in semi-infinite
space. Diffusion in the finite-length region is much more real. The thickness of the
electrode or of a diffusion layer plays an important role then. In the case of a sup-
ported electrolyte, the thickness of the Nernst diffusion layer determines the finite
length. In the case of an unsupported electrolyte, the finite length of solid elec-
trolytes is decisive. Let the diffusion length be much less than the region available
for diffusion then the case of infinite-length Warburg impedance is realized. When
the diffusion length approaches the thickness of the diffusion region for decreasing
frequencies, the shape of the complex plane impedance changes from 45◦ straight-
line behaviour. Unhindered disappearance of diffusion at the far end due to contact
with a conductor leads to a parallel combination of capacity Cl and diffusion resis-
tance Rd at low frequencies, i.e. to a semicircle in the complex plane impedance plot
(Fig. II.5.5).

From Cl, Rd and the diffusion coefficient D, the thickness ld of the diffusion
region can be obtained according to

C1Rd = l2d/3D (II.5.42)

This is denoted as diffusion for the transmissive boundary condition. The
corresponding complete impedance is [5]

ZWtr = Rd

[
tanh

(
(js)1/2

)
/ (js)1/2

]
(II.5.43)

Fig. II.5.5 Nyquist impedance plot due to finite length diffusion with a transmissive boundary
condition
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Fig. II.5.6 Nyquist
impedance plot due to
finite-length diffusion with a
reflective boundary condition

with

s = l2dω/D (II.5.44)

An experimental example can be found in [13]. The diffusion coefficients of elec-
trons and potassium ions in copper(II) hexacyanoferrate(II) composite electrodes
were determined using impedance spectroscopy. Composite electrodes are mixtures
of graphite and copper hexacyanoferrate (Cu hcf) powder embedded in paraffin. The
diameter of the Cu hcf particles amounted to about 30 μm. The diffusion region of
electrons is limited by the size of these particles. For the first time, a diffusion of
electrons in hexacyanoferrates could be detected. The diffusion coefficient obtained
was 0.1 cm2 s−1.

Let us now assume an open-circuit condition at the far end of the transmission
line, i.e. no direct current can flow in the actual system. This is defined as diffusion
in the case of the reflective boundary condition. At the far end complete blocking
of diffusion occurs. This results in a vertical line at low frequencies in the Nyquist
plot corresponding to a capacity only (Fig. II.5.6). Here, at very low frequencies,
resistance Rd and capacity Cl are in series.

The complete expression for the Warburg impedance corresponding to finite
diffusion with reflective boundary condition is [5]

ZWr = (s/ (ωC1))
[
ctnh

(
(js)1/2

)
/ (js)1/2

]
(II.5.45)
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II.5.12 Homogeneous or Heterogeneous Chemical Reaction
as Rate-Determining Step

According to Vetter [11, § 72], an electrochemical process can also be controlled
by a chemical reaction in the bulk (homogeneous reaction) or at the interface
(heterogeneous reaction). The corresponding expressions for the real and imagi-
nary components of the impedance are presented for both cases in the paper by
Vetter [11].

II.5.13 Porous Electrodes

For porous electrodes, an additional frequency dispersion appears. First, it can be
induced by a non-local effect when a dimension of a system (for example, pore
length) is shorter than a characteristic length (for example, diffusion length), i.e. for
diffusion in finite space. Second, the distribution characteristic may refer to vari-
ous heterogeneities such as roughness, distribution of pores, surface disorder and
anisotropic surface structures. De Levie used a transmission-line-equivalent circuit
to simulate the frequency response in a pore where cylindrical pore shape, equal
radius and length for all pores were assumed [14].

The impedance for pores is similar to that for diffusion in finite space [15].
Penetration into pores increases with decreasing frequency. The pore length deter-
mines the maximal possible penetration depth. The pore length plays the role of
thickness in the case of finite space diffusion with reflective boundary condition.
The diffusion is blocked at the end of the pore. At high frequencies, a straight line
in the Nyquist plot follows with an angle of 45◦ to the real axis. For double-layer
charging only, a vertical line in the Nyquist plot is predicted at low frequencies.
For a charge transfer in the pores in addition to the double-layer charging, the low
frequency part of the impedance corresponds to a semicircle.

Double-layer charging of the pores only (non-faradaic process) and inclusion of
a pore-size distribution leads to complex plane impedance plots, as in Fig. II.5.7,
i.e. at high frequencies, a straight line results in an angle of 45◦ to the real axis and,
at lower frequencies, the slope suddenly increases but does not change to a vertical
line [16].

II.5.14 Semiconductor Electrodes

The general scheme for a semiconductor electrode takes into account a two-step
charge-transfer process [17]. One step corresponds to the transfer of electrons and
ions through the Helmholtz layer. Let ZH be the corresponding impedance that is in
parallel to CH, the capacity of the Helmholtz layer and let Z1 be the impedance of
this parallel combination. The other step exists due to the localization of charges
in surface states or intermediates. Here the corresponding impedance, Zsc, is in
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Fig. II.5.7 Nyquist
impedance plot due to a
porous electrode with
log-normal distribution of the
pore sizes and with
double-layer charging only

parallel to Csc, the capacity of the depletion layer. Let Z2 be the impedance of
this parallel combination. The total impedance of the semiconductor electrode, Ztot,
results as Ztot = Z1 + Z2. The quantity (Csc)-2 plotting vs. the potential V gives
the Mott–Schottky plot. From this one can determine the flat-band potential of a
semiconducting electrode [17].

II.5.15 Kinetics of Non-Faradaic Electrode Processes

Let us now consider non-faradaic processes, i.e. kinetics of adsorption/desorption
at electrodes without a charge transfer [1]. Here, the charge density qM is a func-
tion of both the electrode potential and the degree of coverage of the adsorbed
substance. Sufficiently low frequencies result in the “thermodynamic” or “low-
frequency capacity” CLF, which is the sum of the “high-frequency capacity” CHF =
(dqM/dE)Γ ,c and a capacity, which is mainly determined by the potential depen-
dence of the degree of coverage Θ . This capacity leads to the occurrence of
maxima in the capacity-potential dependence, i.e. at the potential of the adsorp-
tion/desorption maxima is the potential dependence of the degree of coverage
maximal. If the adsorption process is too slow to follow the potential changes (for
higher frequencies), non-capacitive behaviour can be observed, i.e. an adsorption
admittance occurs. There are three main mechanisms of adsorption kinetics: first
a diffusion control, second a control by the adsorption exchange rate and third a
mixed control by diffusion and adsorption exchange.
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Mixed adsorption–diffusion control was considered by Lorenz and Möckel [18],
and they derived the following equations for the frequency-normalized admittance:

1/ωRpar = (CLF − CHF)
(
(ωτD/2)1/2 + ωτA

)/

[(
(ωτD/2)1/2 + ωτA

)2 +
(
(ωτD/2)1/2 + 1

)2
] (II.5.46)

Cpar = CHF + (CLF − CHF)
(
(ωτD/2)1/2 + 1

)/

[(
(ωτD/2)1/2 + ωτA

)2 +
(
(ωτD/2)1/2 + 1

)2
] (II.5.47)

τD = (dΓ/dc)2
E /D (II.5.48)

τA = (dΓ/dv)E,c (II.5.49)

If the validity of the Frumkin adsorption isotherm is assumed, it follows that [19]

τD = Γ 2
mΘ2 (1−Θ)2 /

[
c2D (1− 2aΘ (1−Θ))2

]
(II.5.50)

τA = ΓmΘ (1−Θ) / [v0 (1− 2aΘ (1−Θ))] (II.5.51)

where Γ m is the possible maximal surface concentration, Θ the degree of cov-
erage, c the bulk concentration of the surfactant, D the diffusion coefficient of
the surfactant, a the Frumkin interaction coefficient, ν the adsorption rate and
ν0 the adsorption exchange rate. This follows the general trend that τD and τA
increase with increasing values of a. For Θ = 0.5, the degree of coverage at
adsorption/desorption potential and a → 2 (two-dimensional condensation of the
adsorption layer), it results that τD →∞ and τA →∞ . From this it follows that
condensation of the adsorbed molecules leads to a complete loss of reversibility.

Equations (II.5.46) and (II.5.47) correspond to an equivalent circuit in which
the capacity CHF is in parallel with the adsorption impedance ZA. This impedance
represents a series of an adsorption resistance (determined by the rate of adsorp-
tion) and a Warburg-like complex impedance (corresponding to diffusion of the
surfactants) and a pure capacity CLF – CHF. The electrolyte resistance is already
eliminated here. For very high frequencies, it follows that Cpar = CHF and
Y′/ω = 0 and, for very low frequencies, results in Cpar = CLF and Y′/ω = 0.
Figure II.5.8 shows the complex plane plots of the frequency-normalized admit-
tance for adsorption control by exchange rate only (curve 1), adsorption control
by diffusion only (curve 2), and adsorption control by exchange rate and diffusion
(curve 3). Investigations of adsorption kinetics of sodium decyl sulphate were per-
formed at the mercury/electrolyte interface using the frequency dependence of the
electrode admittance at the potential of the more negative ad/desorption peak [20,
21]. It was concluded that diffusion control is the rate-determining step below and
above the critical micelle concentration.
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Fig. II.5.8 Complex plane plot of the frequency normalized admittance. Curve 1 control by the
adsorption exchange rate only; curve 2 control by diffusion only; curve 3 mixed control by the
adsorption exchange rate and diffusion

Lorenz [22] considered the case that a two-dimensional association occurs
in the adsorption layer. Here the surfactant monomers are in equilibrium with
surfactant clusters of constant size. He derived the corresponding frequency depen-
dence of cot δa = ωCparRpar. For lower frequencies, a characteristic decrease in
cot δa should appear compared to cot δa given by Eqs. (II.5.46) and (II.5.47).
Such behaviour was in fact detected for higher concentrations of caproic as well
as caprylic acid.

II.5.16 References to Relevant Fields of Applications of EIS

– Corrosion, passive films [23–27]
– Polymer film electrodes [28]
– Characterization of electroactive polymer layers [29]
– Membrane systems [30]
– Solid electrolytes [31]
– Intercalation electrodes [32]
– Fuel cells research and development [33].

References

1. Sluyters-Rehbach M, Sluyters J (1970) Sine wave methods in the study of electrode processes.
In: Bard AJ (ed) Electroanalytical chemistry, vol 4. Marcel Dekker, New York, p 1

2. Gabrielli C (1990) Use and applications of electrochemical impedance techniques. Technical
Report, Schlumberger Technologies

3. Schöne G, Wiesbeck W, Stoll M, Lorenz W (1987) Ber Bunsenges Phys Chem 91: 496
4. Brug G, van der Eeden A, Sluyters-Rehbach M, Sluyters J (1984) J Electroanal Chem 176:

275
5. Macdonald R (1987) Impedance spectroscopy. Wiley Interscience, New York



II.5 Electrochemical Impedance Spectroscopy 177

6. Marquard E (1963) J Appl Math 11: 431
7. Moré J (1978) Numerical analysis. In: Watson G (ed) Lecture notes in mathematics, vol 630.

Springer, Berlin Heidelberg New York, p 105
8. Draper N, Smith H (1967) Applied regression analysis. John Wiley, New York
9. Brett CMA, Brett AM (1993) Electrochemistry – principles, methods, and applications.

Oxford University Press, Oxford, pp 224–252
10. Sluyters-Rehbach M, Sluyters J (1984) A.C. techniques. In: Bockris J, Yeager E (eds)

Comprehensive treatise of electrochemistry, vol 9. Plenum Press, New York, p 177
11. Vetter K (1952) Z Phys Chem (Leipzig) 199: 300
12. Jehring H, Retter U, Horn E (1983) J Electroanal Chem 149: 153
13. Kahlert H, Retter U, Lohse H, Siegler K, Scholz F (1998) J Phys Chem B 102: 8757
14. De Levie R (1967) Electrochemical response of porous and rough electrodes. In: Delahay

P (ed) Advances in electrochemistry and electrochemical engineering, vol 6. Wiley Inter-
science, New York, p 329

15. Raistrick I (1990) Electrochim Acta 35: 1579
16. Song H, Jung Y, Lee K, Dao L (1999) Electrochim Acta 44: 3513
17. Gomes W, Vanmaekelbergh D (1996) Electrochim Acta 41: 967
18. Lorenz W, Möckel F (1956) Z Electrochem 60: 507
19. Retter U, Jehring H (1973) J Electroanal Chem 46: 375
20. Vollhardt D, Modrow U, Retter U, Jehring H, Siegler K (1981) J Electroanal Chem 125: 149
21. Vollhardt D, Retter U, Szulzewsky K, Jehring H, Lohse H, Siegler K (1981) J Electroanal

Chem 125: 157
22. Lorenz W (1958) Z Elektrochem 62: 192
23. Armstrong R, Edmondson K (1973) Electrochim Acta 18: 937
24. Deflorian F, Fedrizzi L, Locaspi A, Bonora P (1993) Electrochim Acta 38: 1945
25. Gabrielli C (1995) Electrochemical impedance spectroscopy: principles, instrumentation, and

application. In: Rubinstein I (ed) Physical electrochemistry. Marcel Dekker, New York, p 243
26. Mansfeld F, Lorenz W (1991) Electrochemical impedance spectroscopy (EIS): application in

corrosion science and technology. In: Varma R, Selman J (eds) Techniques for characterization
of electrodes and electrochemical processes. Wiley Interscience, New York, p 581

27. Mansfeld F, Shih H, Greene H, Tsai C (1993) Analysis of EIS data for common corrosion
processes. In: Scully J, Silverman D, Kendig M (eds) Electrochemical impedance: analysis
and interpretation. ASTM, Philadelphia, p 37

28. Lang G, Inzelt G (1999) Electrochim Acta 44: 2037
29. Musiani M (1990) Electrochim Acta 35: 1665
30. Buck R (1990) Electrochim Acta 35: 1609
31. Wagner J (1991) Techniques for the study of solid ionic conductors. In: Varma R, Selman

J (eds) Techniques for characterization of electrodes and electrochemical processes. Wiley
Interscience, New York, p 3

32. Metrot A, Harrach A (1993) Electrochim Acta 38: 2005
33. Selman J, Lin Y (1993) Electrochim Acta 38: 2063


	II.5  Electrochemical Impedance Spectroscopy
	5.1 Introduction
	5.2 Definitions, Basic Relations, the KramersKronig Transforms
	5.3 Measuring Techniques
	5.4 Representation of the Impedance Data
	5.5 Equivalent Circuits
	5.6 The Constant Phase Element
	5.7 Complex Non-Linear Regression Least-Squares (CNRLS) for the Analysis of Impedance Data
	5.8 Commercial Computer Programs for Modelling of Impedance Data
	5.9 Charge Transfer at the Electrode  the Randles Model
	5.10 Semi-infinite Hemispherical Diffusion for Faradaic Processes
	5.11 Diffusion of Particles in Finite-Length Regions  the Finite Warburg Impedance
	5.12 Homogeneous or Heterogeneous Chemical Reaction as Rate-Determining Step
	5.13 Porous Electrodes
	5.14 Semiconductor Electrodes
	5.15 Kinetics of Non-Faradaic Electrode Processes
	5.16 References to Relevant Fields of Applications of EIS
	References



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (ISO Coated v2 300% \050ECI\051)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /Warning
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /Warning
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 600
  /MonoImageMinResolutionPolicy /Warning
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU <>
  >>
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [595.276 841.890]
>> setpagedevice




