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Abstract Prediction of cracking by autogenous, drying shrinkage and thermal
strain requires the knowledge of the development of mechanical properties. The
main objective of this chapter is to describe the evolution of the mechanical
properties, i.e., elastic properties, strengths, shrinkage, and creep, in cement-based
materials. Mechanisms and experimental evidences are given thereafter. The
influence of mix design, aging, stress level, cracking, etc., is reported. However,
evolution of properties regarding interfaces in the case of prestress concrete, for
instance, is not discussed (bond behavior). This chapter has strong interactions with
the other chapters regarding the modeling (Chap. 2: hydration, Chap. 3: thermal
strain, and Chap. 7: shrinkage, creep and cracking).
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4.1 Introduction

This chapter gives a description of the main mechanical properties that will govern
cracking due to the restraint of strains (mainly shrinkages) in massive concrete
structures. Delayed strains (free deformations and creeps) and quasi-static proper-
ties are summarized. Models are presented in Chap. 2 (hydration), Chap. 3 (thermal
strain), and Chap. 7 (shrinkage, creep and cracking).

The total strain reads (see also Fig. 4.1):

e ¼ ee þ esh þ eth þ ecr þ ein ð4:1Þ

where e, ee, esh, eth, ecr, and ein are the total, elastic, shrinkages (autogenous and
drying strains), thermal, creeps, and other inelastic (i.e., “cracking”) strain tensors,
respectively. Shrinkages and thermal strains are free strains. This strain model takes
in account that the strain effects can be superimposed. In fact, these strains are
linked: drying and hydration as well as cracking and (non linear) creep are coupled,
for instance. Specific care should be taken in the case of complex analysis.

In order to predict the cracking risk if cracking is not taken into account, stresses
(or elastic strains) have to be calculated and compared to the strength (or the strain)
criteria. For unidimensional problem, stress reads (assuming that inelastic strains
are equal to zero):

_r ¼ Ec _e� _esh � _ecr � _ethð Þ ð4:2Þ

where Ec is the Young modulus.
The shrinkage acts as the motor of cracking, but it is important to take into

account the creep strains that may act positively here; i.e., they will lead to a global
reduction of the amplitude of stresses during early age (Fig. 4.2 and Eq. 4.3). Note
that creep strains have negative impacts; in general, they contribute to reduce the
service life of the structures in cases like loss of prestress, generation of differential
settlement in structures, excessive deflections.
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Fig. 4.1 Conventional decomposition of the strains: elastic, shrinkages, and creeps (without
cracking)
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Using the age-adjusted effective modulus method, without taking into account
aging, a crack index, Icr, can be roughly estimated (more details are given in
Chap. 8):

Icr ¼ EcR esh þ ethð Þ
fct 1þ vuð Þ ð4:3Þ

where fct is the tensile strength, v is an aging coefficient, u is creep coefficient, and
R is the restraint coefficient (see Chap. 8). Note that if R is equal to zero, there is no
restraint (free shrinkage/thermal strain occur) and if R is equal to one the restraint is
full (the total strain is equal to zero).

Note that the cracking index may have a different expression; in this case, more
this coefficient is important more the cracking risk is high.
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Fig. 4.2 Simplified evolutions in the case of an external restraint: free strain (a) and stresses
(b) for a massive concrete structures (Delsaute et al. 2016a) with expansion (swelling, thermal
strain) followed by contraction (autogenous shrinkage, thermal strain); stresses if only free
contraction occurs (c)
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Then using numerical or code models, cracking opening and spacing can be
estimated (see Chaps. 7 and 8).

4.2 Static Behavior of Concrete

Development of mechanical properties of concrete is related to the hydration pro-
cess of cement. To express this dependency, development of mechanical properties
can be defined as a function of maturity (with the effect of temperature expressed
with the equivalent age) or degree of hydration (or degree of reaction, or degree of
heat development). These two approaches are developed hereafter.

Time development of material properties is defined by the function bc that
expresses gain in time with respect to the reference value of a given property:

X tð Þ ¼ bc tð Þ½ �n �X28 ð4:4Þ

where n is a material parameter (depending on the type of cement in particular), X is
the material property at time t, and X28 is the material property at 28 days.

One of the formulations of the time-development functions is with the
exponential function which was introduced by Reinhardt et al. (1982). The expo-
nential time development is suggested by the European standards. Brazilian
Standard NBR 6118, Model Code (1990, 2010), and Eurocode 2, for instance,
propose the following function to describe the time development of mechanical
properties:

bc ¼ exp s 1�
ffiffiffiffiffi
28
t

r !" #
ð4:5Þ

where t is time (in days) and s is a coefficient dependent on the type of cement.
Alternatively, a hyperbolic function was introduced by Kee (1971). The ACI

Report 209 and JSCE (2010) suggest the following function:

bc ¼
t

aþ bt
ð4:6Þ

where a and b are experimental coefficients dependent on the type of cement.
Recently, a new model has been proposed by Carette and Staquet (2016) for

accurate evaluation of the very early-age development of the mechanical properties.
The model uses an exponential function as it is expressed in the following equation:

bc ¼ exp � p
t

� �r� �
ð4:7Þ
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where p and r are experimental coefficients dependent on the material and of the
mechanical property. Parameter p (in days) is relative to the time at which the main
increase of the property occurs, and is therefore affected by the type of cement. As
shown in Fig. 4.3, the p parameter of a given cement is higher for compressive
strength than for tensile strength and for the elastic modulus. On the other hand, the
r parameter is equal to 1 for the compressive and tensile strength and must only be
considered in the case of the elastic modulus, in which initial increase is fast in
comparison with the strength development. For the elastic modulus, the value of
r depends on the cement type and is generally in the range of 1 up to 1.5.

To account for the fact that concrete exhibits actual strength after it reaches a
threshold age, ts, corresponding to initiation of hardening (setting, see Chap. 2), the
time component is replaced by the t − ts (for t > ts) component (Rifai et al. 2016).
The exponential formulation is used by numerous authors in Europe (Jonasson 1994;
Larson 2003; Kanstad et al. 2003b; de Schutter and Vuylsteke 2004; Azenha et al.
2009; Craeye et al. 2009; Klemczak and Knoppik-Wróbel 2014). The hyperbolic
formulation is popular among Far Eastern authors (Yuan and Wan 2002; Xiang et al.
2005). Nevertheless, both approaches prove to give results for development of
strength and stiffness compliant with experimental data but material parameters
which are dependent on the type of cement—especially the n exponent—should be
adjusted based on the experimental data provided (fib Bulletin 70; Sofi et al. 2012;
Klemczak and Knoppik-Wróbel 2014).

To account for the influence of temperature, the most popular approach is to
apply the equivalent age te (related to maturity) instead of time t in definition of
time dependence. This approach was applied in standards, e.g., Model Code (2010)
or Eurocode 2, and is popular in the literature of the subject (Waller et al. 2004; de
Schutter and Vuylsteke 2004; Craeye et al. 2009; Klemczak and Knoppik-Wróbel
2014):

Fig. 4.3 Relative evolution of Young’s modulus (Ec), tensile strength (fct), and compressive
strength (fc) with respect to degree of hydration and equivalent age (Azenha 2009)
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te tð Þ ¼
Zs¼t

s¼0

e
�Ea

R
1
T� 1

Tref

� �
ds ð4:8Þ

where Ea [J mol−1] is the activation energy, R is the constant for perfect gas
(8.314 J mol−1 K−1), T is the temperature [K], and Tref is a temperature reference
[K]. In some standards, the activation energy is fixed at a constant value
(e.g., Ea/R = 4000 K in Eurocode 2), whereas experimental results show that it
depends significantly on the type of cement (Schindler 2004).

Some authors relate the change in mechanical properties of early-age concrete to
the degree of hydration a, degree of reaction (which corresponds to bc), or degree of
heat development aQ (de Schutter and Taerwe 1996; Gutsch and Rostásy 1994;
Faria et al. 2006; Estrada et al. 2006; Benboudjema and Torrenti 2008; Briffaut
et al. 2011; Buffo-Lacarriere et al. 2014, 2016). In that approach, development of
material properties is related to the final value when the hydration process ends
(a ¼ a1). The time development bc is expressed with the function of hydration rate
proposed by de Schutter and Taerwe (1996) after Carino (1982):

bc tð Þ ¼ a tð Þ � a0
a1 � a0

ð4:9Þ

where a0 is a threshold value (percolation threshold corresponding to the setting,
see Chap. 2) of the degree of hydration below which no strength development
occurs and a1 is the degree of hydration at infinite time (it can be replaced by the
value at a reference time, 28 days for instance, especially in the case when dealing
with the degree of heat development). This equation also can be expressed in terms
of degree of reaction.

However, recent early-age measurements tend to show that the mechanical
properties of concrete are affected by hydration even before the setting time. Carette
and Staquet (2016) observed that after the dormant period, all newly formed
reaction products induce an increase of mechanical property. For an accurate
evaluation of the very early-age development of the mechanical properties, Carette
and Staquet (2016) therefore highlight the relevance of Eq. (4.9). They propose to
use this model since the very early age up to hardened concrete.

bc tð Þ ¼ a tð Þ ð4:10Þ

As a matter of fact, this equation is equivalent to Eq. 4.9 in which a0 is equal to 0
and where a1 is equal to 1.

Regardless of the approach used for estimating the relative evolution of
mechanical properties (based on maturity/equivalent age or degree of hydration/
reaction), it is generally admitted that the Young modulus Ec evolves faster than the
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tensile strength fct, which in turn evolves faster than the compressive strength fc, as
it can be seen in Fig. 4.3.

4.2.1 Compressive Strength

Development of the compressive strength of concrete can be expressed with a
time-development function with respect to its reference (usually 28 days) value
(n = 1 in Eq. 4.4):

fc tð Þ ¼ bc � fc;28 ð4:11Þ

A comparison of different models was made by Klemczak and Batog (2014).
Table 4.1 collectively presents the compared functions, and Tables 4.2 and 4.3
show the values of the parameters used. Figures 4.4 and 4.5 show the results of
comparison of these models.

Table 4.1 Functions of time development of concrete strength

Code Function of time and cement
type

Function of strength
development

CEB/FIP Model Code 1978
bc tð Þ ¼ t

tþ 47

� �1=2:45
fc tð Þ ¼ bc tð Þ fc28

0:669

fct tð Þ ¼ bc tð Þ fct28
0:669

CEB/FIP Model Code 1990/
2010
Eurocode 2

bc tð Þ ¼ exp s 1� 28
t

� �1=2h in o
fc tð Þ ¼ bc tð Þfc28
fct tð Þ ¼ bc tð Þfct28

ACI Committee 209 bc tð Þ ¼ t
aþ b� t fc tð Þ ¼ bc tð Þfc28

fct tð Þ ¼ 0:0069 w � fc tð Þ½ �0:5
JSCE bc tð Þ ¼ t

aþ b� t fc tð Þ ¼ dbc tð Þfc28
fct tð Þ ¼ c

ffiffiffiffiffiffiffiffiffiffiffiffiffi
10fc tð Þ

p
w is the unit weight of concrete, kg m−3

Table 4.2 Functions of degree of hydration development of concrete strength

Model Function of degree of
hydration

Function of strength
development

Coefficient

de Schutter,
Taerwe
Rostasy

bc ¼ a�a0
1�a0

� �
fc að Þ ¼ bc½ �afc a ¼ 1ð Þ

fct DoHð Þ ¼ bc½ �bfct a ¼ 1ð Þ
a0 ¼ 0:17� 0:4

a ¼ 1:4� 1:5

b ¼ 0:88� 1:0

Correction bc ¼ a�a0
a28�a0

� �
fc að Þ ¼ bc½ �afc28
fct að Þ ¼ bc½ �bfct28

As above
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Using Eq. 4.9, development of the compressive strength of concrete can be
expressed as:

fc að Þ ¼ bc½ �n� fc1 ð4:12Þ

Depending on the concrete composition (especially the cement type), the value
of n exponent ranges between 0.84 and 1.4 according to de Schutter and Taerwe
(1996) and between 1.2 and 2.4 according to Carette and Staquet (2016).

4.2.2 Tensile Strength

Development of tensile strength can be also expressed with the same
time-development function, bc, adding a power term n:

Table 4.3 Coefficients for function of concrete strength time development

Code Coefficient Strength class of
cementa/Type of
cement

Comment

CEB/FIP
Model Code
1990/2010
Eurocode 2

s = 0.20 Class R (CEM
42.5R, CEM 52.5N,
CEM 52.5R)

Class N may be assumed if ground
granulated blast-furnace slag (GGBS)
exceeds 35% of the cement
combination of where fly ash
(FA) exceeds 20%; Class S may be
assumed if GGBS exceeds 65% or FA
exceeds 35%

s = 0.25 Class N (CEM
32.5R, CEM
42.5N)

s = 0.38 Class S (CEM
32.5N)

ACI
Committee
209

a = 4.0
b = 0.85
a = 2.3
b = 0.92

Cement Type I
Cement Type III

Suggested coefficients range:
a ¼ 0:05� 9:25

b ¼ 0:67� 0:98

JSCE a = 2.9
b = 0.97
c = 0.44
d = 1.07

Class R –

a = 4.5
b = 0.95
c = 0.44
d = 1.11

Class N –

a = 6.2
b = 0.93
c = 0.44
d = 1.15

Class S Class S can be assumed for ground
granulated blast-furnace slag (GGBS)

aClass R = high early strength; Class N = normal early strength; Class S = slow early strength
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fct tð Þ ¼ bc½ �n� ft;28 ð4:13Þ

For early-age concrete, Eurocode 2 suggests that the rate of tensile strength
development is the same as the rate of compressive strength development (n = 1),
although most of the authors suggest that tensile strength develops faster than
compressive strength (n < 1). Depending on the concrete composition (especially

Fig. 4.4 Development of strength according to different time-based functions: comparison
(Klemczak et al. 2016)
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the cement type), the value of n exponent ranges between 0.50 and 0.67 according
to Kanstad et al. (2003a, b).

Using Eq. 4.9, development of the tensile strength of concrete can be expressed as:

Fig. 4.4 (continued)

78 F. Benboudjema et al.



fct DoHð Þ ¼ bc½ �n� ft1 ð4:14Þ

Depending on the concrete composition (especially the cement type), the value
of n exponent ranges between 0.46 and 0.88 according to De Schutter and Taerwe
(1996) and between 1 and 2 according to Carette and Staquet (2016).

The tensile strength can be obtained from direct uniaxial test, splitting test, or
bending test. The Eurocode 2 proposes that the uniaxial tensile strength is equal to
90% of the splitting test, whereas the Code Model 2010 assumes due to the vari-
ability of experimental results to take the same value. The bending strength is
higher than the uniaxial tensile strength, which can be explained by the size effect
(see thereafter). The tensile strength can be calculated in model code from the
compressive strength, but the literature shows a significant scatter.

Several authors observe a significant size (scale) effect. According to Rossi et al.
(1994), this effect on concrete in tension is a very important problem when the
cracking process of a concrete structure is concerned. This scale effect results in the
increasing concrete tensile strength with the decreasing volume of material stressed.
This phenomenon is the consequence of the existence of two characteristics of the
material: its strong heterogeneity and its important brittleness in tension (Weibull
theory, based on the weakest link concept). Its heterogeneity is mainly due to the
difference of Young’s modulus between the cement paste and the largest aggregate
of the concrete.

An experimental study, performed at Institut Français des Sciences et
Technologies des Transports, de l’Aménagement et des Réseaux (IFSTTAR)
twenty-five years ago (Rossi et al. 1994), concerned uniaxial tensile tests carried out
on various concretes (different mix design and compressive strength) and on dif-
ferent specimens size. A strong scale effect was found. Similar results have been

Fig. 4.5 Development of strength according to different degree of hydration-based functions:
comparison (Klemczak et al. 2016)
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obtained by van Vliet and van Mier (2000). In the framework of their study, Rossi
et al. (1994) proposed relations to quantify this scale effect. These relations are the
following:

m fctð Þ ¼ a VS=VAð Þ�b ð4:15Þ

r fctð Þ
m fctð Þ ¼ A VS=VAð Þ�B ð4:16Þ

where m(fct) is the mean value of the uniaxial tensile strength, a(fct)/m(ft) is the
coefficient of variation related to the uniaxial tensile strength, VS is the specimen
volume, VA is the largest aggregate volume, a = 6.5, b = 0.25 − 3.6 � 10−3 fc +
1.3 � 10−5 fc

2, A = 0.35, B = 4.5 � 10−2 + 4.5 � 10−3 fc − 1.8 � 10−5 fc
2, fc is the

concrete compressive strength obtained from the French standardized specimen
(cylinder with a height of 320 mm and a diameter of 160 mm).

These relations have been validated for 35 MPa � fc � 130 MPa (they have
not still been validated for early-age concretes).

In the framework of the same study, it was found that the mean value of the
Young modulus of concrete in tension is independent of the volume of material
stressed but its coefficient of variation increases with the decreasing volume
stressed. This decreasing is quantified by the following relation:

r Ecð Þ
m Ecð Þ ¼ C VS=VAð Þ�D ð4:17Þ

with C = 0.15 and D = 0.16 + 2.7 � 10−3 fc − 3.4 � 10−6 fc
2.

4.2.3 Young’s Modulus

Time-development function can be also used for description of development of the
Young modulus. Thus, this development is usually related to development of
compressive strength of concrete (as in the case of tensile strength, the literature
shows a significant scatter). Most often the square root function suggested, e.g.,
implicitly in Model Code (2010) as a square root of time-development function:

Ec tð Þ ¼ bc½ �0:5�Ec;28 andEc;28 ¼ Ec;28 fc;28
� � ð4:18Þ

or explicitly in JSCE (2010) and ACI Report 209, respectively:
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Ec tð Þ ¼ 4:7 � 103 �
ffiffiffiffiffiffiffiffiffi
fc tð Þ

p
ð4:19Þ

Ec tð Þ ¼ 0:043 �
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
q � fc tð Þ

p
ð4:20Þ

or explicitly in JSCE (2010) and ACI Report 209, respectively:

Ec tð Þ ¼ bc½ �0:3�Ec;28 ð4:21Þ

which complies with observations with other authors who show that the value of
exponent of the time-development function, depending on the concrete mix com-
position, ranges between 0.30 and 0.43 (Kanstad et al. 2003a, b).

Some authors emphasize that the Young modulus differs in compression and
tension. It is generally stated that the tensile Young’s modulus is higher than the
compressive Young’s modulus (Brooks and Neville 1977; Atrushi 2003).

Using Eq. 4.9, development of the Young modulus of concrete can be expressed
as:

Ec að Þ ¼ bc½ �n�Ec1 ð4:22Þ

Depending on the concrete composition (especially the cement type), the value
of n exponent ranges between 0.26 and 0.62 according to de Schutter and Taerwe
(1996). However, these values are determined considering a a0 between 0.1 and
0.3. More recent measurements at very early ages of the elastic modulus indicate
that Ec can reach significant values even for a degree of hydration lower than 0.05
(Krauss and Hariri 2006; Carette and Staquet 2016). Therefore, Carette and Staquet
(2016) suggest lower values for a0 (between 0.05 and 0.1) as well as higher values
for the n exponent (between 0.4 and 0.8) (Carette and Staquet 2016).

Upscaling methods based on micromechanics have been used to estimate the
Young modulus for different concrete compositions (Bernard et al. 2003;
Constantinides and Ulm 2004; Sanahuja et al. 2007; Stefan et al. 2010). Such
estimations are dependent on the precise knowledge of the cement composition and
hydration kinetics as well as the elastic properties of the hydrates, cement, and
aggregates.

4.2.4 Poisson’s Ratio

Poisson’s ratio is found to be very few dependent of the concrete mix and (Neville
2000) suggests using the value of 0.2 regardless the concrete mix (this value is also
assumed in Eurocode 2). Regarding the elastic Poisson’s ratio, according to Boumiz
et al. (1996) and (Byfors 1980), the Poisson ratio decreases from 0.48 to about 0.15
with respect to the a. De Schutter and Taerwe (1996) report a sharp decrease from
0.5 (as in incompressible liquid) to 0.11 of the Poisson ratio, followed by an
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increase up to 0.18. This sharp decrease has also been reported by Habib et al.
(2002). According to Bernard et al. (2003), the decrease of Poisson’s ratio occurs as
long as the water phase is continuous and is due to the consumption of water during
the hydration process. When the cement begins to set, the water phase becomes
discontinuous and the evolution of Poisson’s ratio is then governed by the solid
stiffness evolution which will increase Poisson’s ratio. It can be modeled using the
degree of hydration (de Schutter and Taerwe 1996) or the equivalent time (Delsaute
et al. 2016a):

m að Þ ¼ 0:18 sin
pa
2

þ 0:5e�10a ð4:23Þ

m teq
� � ¼ 0:17 � exp � 10:7h

teq

� �2:7
 !

þ 1h
teq � 13:8h

� �2:6

ð4:24Þ

where teq is expressed in hour.
Similar to the Young modulus, homogenization methods have been applied to

estimate the elastic Poisson’s ratio (Bernard et al. 2003; Sanahuja et al. 2007; Stefan
et al. 2010).

It should be emphasized that some numerical simulations (Azenha 2009; Briffaut
et al. 2012) showed that the impact of the variation of Poisson’s ratio is not
significant and can be disregarded for the prediction of cracking at early age.

4.2.5 Strain Capacity

Strain capacity (named also the peak strain in tension) in tension defines the
allowable magnitude of tensile strain of concrete before cracking. At any time t or
degree of hydration a(t), it can be determined as a ratio between the tensile strength
and the Young modulus of concrete (1D):

ectu tð Þ ¼ fct tð Þ
Ec tð Þ ð4:25Þ

where ectu is the strain capacity. Note that, it can be extended to 3D and this
approach is similar to the one used with a stress approach in the case of non-aging
elasticity.

The strain capacity depends in a significant way on the aggregate’s properties
(see de Schutter and Taerwe (1996) and Roziere et al. (2015), for a review, for
instance). Its evolution showed a minimum corresponding to the period that
includes the setting time and early hardening, due to a very rapid increase of
strength from the end of setting. Therefore, this is a critical stage for plastic
shrinkage cracking (Roziere et al. 2015). However, Roziere et al. (2015) found that
the strain capacity values are closely linked to the experimental procedure
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(i.e., loading rate). From these results, they suggest that an approach based on
strength and stresses would be more reliable if early-age cracking is concerned.
Hammer et al. (2007) proposed the same conclusion.

4.2.6 Fracture Energy

Energy needed to create a localized macro-crack in concrete (fracture energy) is
also modified by the hydration process at early ages. Very few results exist in the
literature concerning the evolution of this property.

De Schutter and Taerwe (1996) presented some results on concrete with a degree
of reaction quite high (0.8–1) and extrapolated a variation law similar to the one
proposed for elastic and strength properties (see previously) to lower degree of
reaction:

Gf að Þ ¼ Gfmax
a� a

amax � a0

	 
n
ð4:26Þ

where Gfmax is the maximal value of fracture energy that can be reached for the
given formulation (in the same environmental conditions that the ones used for the
test). This relationship is commonly used with cracking model (e.g., Benboudjema
and Torrenti 2008; Buffo-Lacarriere et al. 2014, 2016). Some experimental results
are given in Fig. 4.6.
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Fig. 4.6 Variation of fracture energy with degree of reaction for a CEM I 52.5 concrete (de
Schutter and Taerwe 1996 and Kolani et al. 2011)
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Another approach based on the maturity concept was proposed by Bassam et al.
(2007). The variation of fracture energy according to time is evaluated as follows
using a thermal activation of mechanical development properties:

Gf ¼ Gfu
be�

E
RTk t � tsð Þ

1þ be�
E

RTk t � tsð Þ
ð4:27Þ

where Gfu is the fracture energy reached at high ages for the given formulation of
concrete and in environmental conditions similar to the test ones E/R is the relative
activation energy, Tk is the temperature, and b is a fitting parameter.

This approach was validated on fracture energy measurements obtained at dif-
ferent curing temperatures (14, 23, and 35 °C) and at testing ages from 1 to 28 days
(see Fig. 4.7).

The quick variation of fracture energy at very early age (in regard with the elastic
properties or strength, for instance) that can be observed on Bassam’s results is
confirmed in Kim et al. (2004), especially for normal and high performance con-
crete (NS and HS, Fig. 4.8) and in Kolani et al. (2011), which compared for a same
concrete, the development of fracture energy with the one of tensile strength
(Fig. 4.9).

4.2.7 Multiaxial Stress State

Failure of concrete element should be analyzed in a complex, three-axial stress state
allowing to determine the character of the occurring crack (fib Bulletin 70). The
failure is referred to the failure surface, which is a spatial representation of possible

Fig. 4.7 Fracture energy according to time for different curing temperatures (Bassam et al. 2007)
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states of stresses for a material. The strengths of the material in certain specific
stress states, such as uniaxial compression or tension, or biaxial compression or
tension, are the points on the surface.

The biaxial compressive strength can be calculated as follows (fib Bulletin 70):
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Regarding the biaxial tensile strength, it is similar to the one in uniaxial tension,
suggesting that the orthogonal cracks do not interact significantly.

4.2.8 Experimental Test Methods

The test procedure to measure the Young modulus is not universal and differs
according to the country. The different standards have in common to apply several
consecutive loads on a sample. According to the European standard EN 12390-13,
three preliminary loading cycles have to be applied in order to control the stability
and the centering of the sample inside the press with a loading rate corresponding to
(0.6 ± 0.2) MPa/s up to a load of 10–15% of the compressive strength. Then, three
loading cycles are performed in order to define the secant Young’s modulus. During
these cycles, the stress varies between the maximal load applied during the pre-
liminary loadings and the third of the compressive strength. For each loading, the
load is kept constant during maximum 20 s. According to the ASTM Standard
C469, at least two loading cycles have to be performed to define the chord Young’s
modulus. The load is applied at a constant loading rate within the range of
(241 ± 34) kPa/s (hydraulically operated machine) or at constant displacement rate
of about 1.25 mm/min (testing machines of the screw type). No preliminary loading
is applied, and the load varies between 0 and 40% of the compressive strength. The
longitudinal displacement is generally measured by means of strain gauges or an
extensometer.

For the computation of Poisson’s ratio, the transversal displacement is also
necessary and is defined either by measuring the radial displacement (e.g., exten-
someter with elastic anchorage) or the circumferential displacement of the specimen
(e.g., strain gauges and extensometer).

Currently, no recommendation or standard test method exists for the determi-
nation of the Young modulus for concrete at very early age. The experimental
challenge lies in the fact that the monitoring must be fully automatic since the
earliest age because the hardening process of the concrete takes place continuously
over a period counted in hours and even in days after the casting time. Recently,
new test procedures and devices were developed for the monitoring of the Young
modulus since the casting or the final setting till several days by means of repeated
loadings (Staquet et al. 2012; Boulay et al. 2012; Delsaute et al. 2016c; Boulay
et al. 2014; Karte et al. 2015 and Irfan-ul-Hassan et al. 2016). Two different sorts of
test protocol were developed. The first kind of protocol imposes a constant dis-
placement (Boulay et al. 2014) or force (Karte et al. 2015) threshold for each
loading during the whole test. The second protocol considers the evolution of the
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compressive strength, and the load applied corresponds to 15 (Irfan-ul-Hassan
et al. 2016) or 20% (Delsaute et al. 2016c) of the compressive strength.

To perform mechanical test since casting or setting, it is needed to test the
sample directly in the mold. Such test was performed in Delsaute et al. (2016c) with
a Temperature Stress Testing Machine (Staquet et al. 2012) for which the sample is
loaded horizontally or with another vertical device BTJASPE (Boulay et al. 2012)
for which the sample is loaded vertically. For each case, a thermal regulation
surrounds the sample before and during the test in order to control the temperature
inside the sample.

4.3 Shrinkage

Early-age cracking is generally due to volumetric changes, caused by autogenous
and drying shrinkages, resulting from water movement and thermal gradients. If the
cementitious material is free to move, concrete shrinkage and expansion produce
few consequences. Nevertheless, deformation may occur if there are external or
internal concrete restrictions. In these cases, the tensile stresses may induce the
occurrence of micro-cracks, which can connect to each other to form cracking,
seriously impairing the service life and aesthetics of the structure (Lopes et al.
2013). The origins of the deformation occurring in concrete are shown in Fig. 4.10.
It should be noticed that the term “shrinkage” is generally used when referring to

Fig. 4.10 Schematic view of the strain mechanisms contributing to the concrete shrinkages
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the combination of the hydration- and drying-induced deformations due to the fact
that they generally result in overall shrinkage. The terms “autogenous deformation”
and “drying deformation” could be more appropriate.

The process of concrete hardening is accompanied with moisture migration
which can lead to reduction of concrete volume and consequent shrinkage of a
concrete element. The water is transported within and out of concrete element due
to various phenomena. The loss of water through desiccation and evaporation at the
surface of the element is called drying shrinkage. Desiccation of water is driven by
concentration gradients within the elements caused by humidity difference between
the element and the ambient surrounding with a RH lower than that found in the
capillary pores. Water is transferred by vapor transfer and capillary transfer. On the
other hand, in autogenous shrinkage, there is a decrease in internal RH by
self-desiccation in the cement paste due to the consumption of evaporable water
during hydration reactions. The autogenous deformation is governed by a combi-
nation of chemical shrinkage, self-desiccation, and swelling, with the influence of
the former one more pronounced in the very early ages (before setting). Chemical
shrinkage results from the reduction in material volume as water is consumed by
hydration: When water and cement react, the volume of the products of this reaction
is 7–10% less than that of cement (clinker) and water. After the setting time, this
mechanism induces a decrease of the internal RH by self-desiccation. In parallel,
some hydration products are known to generate expansion of the cement matrix at
early age, thus resulting in overall swelling. The self-desiccation deformation is
often considered proportional to the degree of hydration (Ulm and Coussy 1998;
Mounanga et al. 2006; Benboudjema and Torrenti 2008; Briffaut et al. 2016;
Honorio et al. 2016).

Thermal strains are analyzed in Chap. 3.

4.3.1 Autogenous Shrinkage

4.3.1.1 Mechanisms

Jensen and Hansen (2001) were among the first to propose a unified nomenclature
regarding autogenous shrinkage and description of its mechanisms. A revision of
the mechanisms supported with experimental and modeling studies was presented
also by Lura et al. (2003).

During hydration of cement, reduction of volume of reaction products (hydrated
cement) is observed with regard to the volume of the constituents (unhydrated
cement and water). This phenomenon is referred to as chemical shrinkage and
reaches approximately 6–7 ml per 100 g of cement (clinker) reacted (“le Châtelier”
contraction, Taylor 1990). Before setting, when the material is still in plastic stage,
chemical shrinkage manifests in overall volume reduction, and in this stage the
cracking may be caused by the lack of deformability not by stress (phase 1 in
Fig. 4.11).
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After setting takes place, the decrease in the absolute volume becomes incom-
patible with deformations mechanically permissible by the emerging mineral
skeleton and thus chemical shrinkage manifests in creation of large empty pores
(phase 2 in Fig. 4.11). A progressive desaturation of capillary pores due to
hydration of the cement and a decrease in the internal relative humidity occur
(called self-drying or self-desiccation; the Fig. 4.12 summarizes some experimental
results of drop of relative humidity in autogenous conditions). This phenomenon
stops usually at relative humidities below 75% (Hua et al. 1995). There are three
physical mechanisms explaining this phenomenon (Hua et al. 1995):

1. With consumption of water from smaller and smaller pores in the course of
hydration and formation of gas-filled pores, menisci form on the water–gas
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Fig. 4.11 Phases of autogenous shrinkage development
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interfaces due to the action of surface tension (Lura et al. 2003; Jensen and
Hansen 2001). This leads to an increase of capillary tension in pore fluids in
accordance with Young–Laplace law and corresponding decrease of RH in
accordance with Kelvin law. Capillary tension in pore fluid is balanced by
compressive stress in the solids ((1) in Fig. 4.13).

2. Reduction of thickness of water adsorbed on solid surfaces ((2) in Fig. 4.13),
leading to increase of surface tension of the solids (mechanism leading to
shrinkage) and

3. Decrease of the disjoining pressure ((3) in Fig. 4.13) in hindered adsorption
areas (mechanism leading to shrinkage).

Although the mechanisms leading to autogenous shrinkage are still not fully
understood, the three aforementioned mechanisms have been debated in an attempt
to understand the driving forces behind autogenous shrinkage. However, there is
agreement about relationship between autogenous shrinkage and changes in RH in
the pores of hardened cement paste (Lopes et al. 2013). The dominating role of
capillary tension has been shown in several studies (e.g., Lura et al. 2003; Hua et al.
1995; Gawin et al. 2008).

The thermodynamic approach to explain capillary pressure mechanism involves
two aforementioned macroscopic laws: Kelvin law (Eq. 4.29) and Laplace law
(Eq. 4.30). They describe directly the water liquid–vapor equilibrium and
mechanical equilibrium of a meniscus set at both sides at different pressures,
respectively. The Kelvin law reads:
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Fig. 4.13 Schematic representation of the capillary depression
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Pc ¼ Pl � Pg ¼ qRT
M

lnRH ð4:29Þ

where Pc is the capillary pressure, Pl and Pg are pressures of liquid water and gas,
respectively, R is a universal gas constant (8.314 J/(mol K)), M is the mass of a
water molecule (18 � 10−3 kg/mol), T is the temperature (K), q is the specific
volume of water (kg/m−3), and RH is the relative humidity in the capillary pore. At
a relative humidity of 90% and a temperature of 20 °C, the capillary pressure is
equal to about −14 MPa.

The Laplace law reads:

Pl � Pg ¼ 2t cos h
r

ð4:30Þ

where t is superficial tension at the gas–liquid interface (N/m), h is the contact angle
(°), and r is the radius of the capillary pore (m). At a relative humidity of 90%, a
temperature of 20 °C and a contact angle equal to zero, the radius of the pore is
equal to about 12 nm (without taking into account the thickness of adsorbed water
layer).

Based on these laws, it is possible to link the intensity of capillary pressure (Pc),
the pore radius (r) in which the meniscus is located, and the internal relative
humidity (RH). With simple calculations, it can be shown that the capillary
depressions can reach high values for pore sizes commonly found in the cement
matrix. Thus, it is possible to see the autogenous shrinkage as the mechanical
deformation of the solid skeleton under the effect of capillary pressure. During the
hydration, the intensity of the capillary depressions increases for two reasons
(Boivin 1999):

1. Self-desiccation progresses throughout the material reaching narrower and
narrower pores (decrease of the radius r of the capillary pores), causing a
decrease in the internal relative humidity (RH) (Eq. 4.29).

2. The porosity of the cementitious matrix is refined (decrease of the radius r of the
capillary pores) during the self-desiccation, leading to stronger capillary
depressions during the self-drying process (Eq. 4.30).

Self-desiccation shrinkage and autogenous shrinkage were distinguished by
Jensen and Hansen (2001), with the latter including also deformation due to initial
swelling (that cannot be explained by the thermal deformations) of other mecha-
nisms occurring in addition to self-desiccation. Swelling may be of utmost
importance since the ability of a concrete to develop low shrinkage deformation can
lead to significant durability improvement. Several mechanisms are proposed to
explain this behavior (Carette 2015):

1. Water absorption by concrete leads to a swelling behavior due to the canceling
of self-desiccation deformation (Bjøntegaard et al. 2004). In autogenous
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conditions, this excess water can either come from bleeding or from the water
contained in the aggregates.

2. In the presence of fine particles (fillers) in concrete, significant early-age
swelling peaks can be observed. For instance, Esping (2008) observed swelling
peaks up to 800 lm/m on self-compacting concrete. Similar observations were
made with the incorporation of several filler fineness and nature (Craeye et al.
2010). According to Craeye et al. (2010), this swelling is due to the adsorption
of water by the filler and the resulting disjointing pressure. He concluded that
the swelling amplitude and kinetics were not only a function of the filler fineness
but also to its nature.

3. It has been observed that slow early-age swellings can occur due to the for-
mation and growth of large size portlandite crystals (Baroghel-Bouny et al.
2006). This observation is mostly related to the size of the crystals rather than to
their amount, as observed on various water/cement mixtures. This swelling is
mainly attributed to CH crystals.

4. The formation of ettringite is accompanied with an expansion. This property has
led to the development of expansive concrete with the use of type K cements.
Two mechanisms are proposed for this early-age expansion. First, it can be
explained by the formation of ettringite around anhydrous or hydrated grains.
Due to the porous aspect of ettringite (due to its needle-like structure), its
volume occupies more space than its original constituents and therefore induces
a matrix expansion as soon as it comes in contact with another ettringite layer
(Bentur and Ish-Shalom 1974). In parallel, part of ettringite forms as colloidal
particles in through-solution. These high specific surface particles result in water
adsorption and therefore to an apparent cement expansion (Mehta 1973).

4.3.1.2 Main Influencing Parameters

The binder. Autogenous shrinkage depends strongly on the type of cement—its
chemical composition and morphology (Baroghel-Bouny 1994). Increased amounts
of C3A and C4AF visibly contribute to increased shrinkage at early age (Justnes
et al. 1998, Parak et al. 1998) due to their high water consumption during hydration
(Persson 2000; Beltzung and Wittman 2002).

The fineness of cement influences self-desiccation shrinkage due to its impact on
the porosity of the material: For the same progress of hydration reactions, finer
cement also leads to a finer porous network. The intensity of the capillary
depressions caused by self-drying is therefore higher (van Breugel 1991). The
reactivity of cement is also influenced by this parameter: Greater fineness of cement
increases its reactivity, leading to accelerated development of autogenous defor-
mation and an increase of its final value (Jensen 2000).

In addition to the chemical composition of cement, it is also necessary to con-
sider the influence of mineral additions on autogenous deformation concerning their
pozzolanic behavior and their role as filler. It should be noted, however, that in
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cementitious materials containing blast-furnace slag swelling of the cementitious
matrix may appear at very early age (<24 h) (Darquennes et al. 2011; Aly and
Sanjayan 2008; Carette et al. 2017) which may lead to a decrease in total auto-
genous shrinkage. As a matter of fact, such swelling can be observed even for usual
concrete at very early age. Carette et al. (2017) observed this for various concrete
compositions containing various amounts of blast-furnace slag and limestone filler.
The high swelling deformations observed in Fig. 4.14 are attributed to the ettringite
formation, which is highly increased in presence of blast-furnace slag. Limestone
filler also contributes to the swelling by similar mechanisms (Carette et al. 2017).

W/C ratio. Autogenous shrinkage depends strongly on the water/cement ratio
(w/c) due to its impact on reduction of the internal relative humidity. In concretes
with low w/c ratio (less than 0.4), such as high performance concretes, autogenous
shrinkage develops faster and reaches the final value at younger age than that of
concretes with higher w/c. This behavior is caused by the decrease of the internal

Fig. 4.14 Autogenous
deformations including
swelling and self-desiccation
in presence of CEM I,
limestone filler, and
blast-furnace slag (Carette
et al. 2017)

Fig. 4.15 Evolution of the
autogenous strain for different
water–cement ratios (0.4–0.5
and 0.6). Adapted from
(Delsaute 2016b)
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relative humidity which is more important for self-desiccation in a finer porous
network (Boivin 1999; Holt 2005; Lopes et al. 2013). Generally, for concrete this
type of deformation is significant only below a w/c ratio of 0.4 (Baroghel-Bouny
and Kheirbek 2000).

For concretes with high w/c ratio (higher than 0.4), autogenous swelling
develops just after the final setting. In Delsaute et al. (2016b), several tests on
concrete with different w/c ratio were performed and are shown in Fig. 4.15. It is
observed that the higher the w/c ratio, the greater the duration and the amplitude of
swelling.

Aggregates. The porosity of aggregates and their humidity influence the value
of shrinkage much more when the w/c ratio is low (Toma 1999). Dry aggregates
will absorb water which remained available for the hydration, leading to a decrease
in the w/c ratio producing a denser cement paste structure with finer pores. The
capillary depressions will be higher, generating more significant shrinkage. The wet
aggregates (porous) will play the role of reservoir and provide additional water
when the water is partially consumed by the hydration of cement. This will result in
an increase in the w/c ratio and reduced shrinkage.

4.3.1.3 Amplitude of Strains

Table 4.4 presents the magnitude of the autogenous shrinkage strain after 28 days
for conventional concrete—based on the EC2 Part 1.1—and with additions.
However, as observed previously, these values are the result of a combination of
swelling and shrinkage. It is to be expected that specific concrete compositions
might present overall swelling, especially in presence of high amount of
blast-furnace slag and with high w/c ratio. For instance, Carette et al. (2017)
observed amplitude of autogenous deformation of 100 µm/m for OC, of 50 for OC
with slag, and a negative value of −50 for OC with slag and limestone filler.

4.3.1.4 Experimental Test Methods

Different methods exist for the determination of the autogenous deformations. The
methods can be in general divided into linear and volumetric. It is normally
assumed that the volumetric autogenous strain is isotropic; thus, the linear auto-
genous strain can be approximated as one-third of the volumetric one. In the linear
method, elongation and shortening of a sample kept in isothermal condition are
followed by either measurements of the sample length change with, e.g., LVDTs or

Table 4.4 Magnitude of the
autogenous shrinkage strain

OC HPC OC + slag OC + silica fume

fck [MPa]a 25 90 22 90

eau [µm/m] 24 131 150 289
aCharacteristic compressive strength of concrete
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optical systems or by strain measurements on the sample with, e.g., strain gauges or
vibrating wire extensometer. In the volumetric method, the sample is immersed in
the bath containing liquid of known density; see, e.g., (Loser et al. 2010). By
suspending the sample from the balance, the volume changes can be followed by
measuring apparent mass changes of the immersed sample.

Moreover, autogenous strain is very sensitive to the conditions of preservation of
the specimen and to many factors related to the test rig. For that reason, several
recommendations were developed in the past (Bjøntegaard et al. 2004; Hammer
et al. 2007; ASTM Standard C1698; Jensen and Hensen 2001). The main common
requirements for all the apparatus for free deformation test in sealed condition are
their ability to:

• perfectly seal the specimen in order to avoid any external drying or water
uptake;

• keep the temperature constant, which requires external control because the
hydration of cement paste releases heat;

• limit the friction with the specimen.

It should be noted that only the ASTM C1698-09 standards exist for cement
paste and mortar. No standard has been developed for concrete material.

4.3.2 Plastic and Drying Shrinkage

The concrete plastic and drying shrinkage is the deformation caused by drying
(transport of liquid water/water vapor to the outside) due to the lack of equilibrium
between the humidity of the material and the surrounding environment. The excess
water that has not reacted with the cement is subjected to various phenomena:
diffusion of water vapor, permeation of liquid water and moist air, etc.

Just after the casting of concrete, water at the surface of fresh concrete can be lost
by evaporation. As soon as the content of evaporated water is larger than the one
coming from bleeding, a plastic shrinkage occurs. By definition, it occurs before the
end of setting, and drying shrinkage takes over. The risk of cracking is quite of
importance for thin elements (rendering mortars, screeds, etc.) since evaporating
surfaces are more larger than their volume.

Plastic and drying shrinkage can be a priori neglected in massive concrete
structures (dams, liquefied natural gas (LNG) reservoirs, containments in nuclear
power plants, etc.). On the one hand, water exchanges are 103–106 times slower
than the thermal phenomena and have influence only in a thin layer of concrete
located near the surface of a massive structure. The resulting cracking may be only
superficial. This cracking is, however, more damaging for thin structures (repair
layers, paving, facade mortar, etc.). The cracking risk can be largely reduced if
efficient curing is undertaken.

This strain component is therefore not detailed in this STAR.
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4.4 Creep

Creep is the time- and stress-dependent strain which occurs under prolonged
application of load. Creep strains are generally split into three components: basic
creep, drying creep, and thermal transient creep (called also load-induced thermal
strain). Basic creep is defined as creep occurring under no moisture exchange
between the concrete and the environment at constant temperature. When moisture
is exchanged with the environment at constant temperature, there is an additional
creep component referred to as drying creep or Pickett effect. When temperature
variation occurs, there is an additional creep component referred to as thermal
transient creep.

Note that these definitions are purely conventional and several couplings exist
between these three components. Indeed, basic creep, for instance, depends upon
internal relative humidity and temperature, which evolves because of hydration.
The variation of temperature may lead to evaporation or condensation of water,
inducing drying and wetting, and vice versa. The creep effect can also interfere
significantly in structural analysis because it changes stress behavior inside of the
structure and consequently can modify design projects. This effect is known as a
viscoelastic behavior, and it is often considered in structural analysis by means of
creep coefficients or functions that try to explain the phenomenon by simplified
models.

4.4.1 Basic Creep

4.4.1.1 Mechanisms

The mechanisms at the origin of creep have been investigated for several decades,
but they are still not fully understood. This may be due to the fact of the phenomena
being associated with various internal and external intervenient factors of the
concrete that correlate among themselves (coupled phenomena) as well as the fact
that its origin is linked to behaviors at the nanoscale, in which observation, eval-
uation, and monitoring are very difficult. Nevertheless, there is a general agreement
that creep of concrete has its source in hydrates (mainly C–S–H), involves water,
and at especially high stress, interacts with micro-cracking and debonding of the
cement paste–aggregate interface.

Several theories for (basic) creep mechanisms have been proposed over the years
to explain the origin of creep in cement-based materials (see Neville et al. 1983 for
a review), but it is generally agreed that none of the proposed theories is capable to
account for all the observed phenomena. None of them can explain in a unified way
the behavior of concrete under various environmental conditions and under various
states of stress (compression, tension, and multiaxial). Several mechanisms may be
involved to explain creep.
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Recently, short- and long-term components of the viscoelastic behavior are gen-
erally separated (see Fig. 4.16). The short-term (characteristic time is about a few
days) component is reported to occur due to a change of the hygral equilibrium in the
gas-filled space which generates strains, stresses, and micro-cracking (Ruetz 1968;
Lohtia 1970; Wittmann 1982). This internal state stress of the micropores, though
evolutionary, due to the hydration process at early ages is even less significant due to
the transient state of formation of the concrete stiffness matrix causing the creep to be
more significant in this component. This component is generally associated with the
reversible part of creep. The long-term component corresponds to an irreversible
viscous behavior which may be related to slippage between layers of C–S–H, and
which would increasingly fade in time (Ruetz 1968; Lohtia 1970), and is supposed to
occur at constant volume according to Acker and Ulm (2001). The creep rate of this
long-term phenomenon evolves as a power function tn (Bažant 1984;Wittmann 1982)
with an exponent n between −1 and −0.9 according to Bažant (1995), between −0.72
and −0.69 according to results of Wittmann (2015) on concrete, and an exponent
n between −0.86 and −0.6 on cement paste according to results of Tamtsia et al.
(2004). Nanoindentation tests were carried out on C–S–H by Vandamme and Ulm
(2009). It was shown that C–S–H exhibits a logarithmic creep at short termwhich is in
agreement with results obtained on concrete at long term. Vandamme (2015) com-
pared also this logarithmic behavior with other heterogeneous and porous materials
with porosity including several orders of magnitude (soils and wood). For these
non-aging materials, a logarithmic long-term creep was also observed. It can then be
assumed that this long-term creep is not linked to a hydration process or any chemical
specificity of the C–S–H.

Other mechanisms have been proposed more recently to explain basic
creep. Sellier et al. (2015) suggested that sliding of C–S–H induces reversible (due
to reversible arrangement of inter-layer water molecules) and irreversible (break
and restoration of inter-layer bonds as in plasticity theory) creep. During creep,
some material rearrangement (interlocking phenomena) occurs leading to

Fig. 4.16 An example of mechanisms for basic creep (Ruetz 1968; Lohtia 1970; Acker and Ulm
2001)
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consolidation. Rossi et al. (2012) proposed an alternative mechanism related to flow
of water in cracks generated during creep, since acoustic emission showed a rela-
tionship between the number of acoustic events and the amplitude of strains.

The creep behavior of cement-based materials is aging; i.e., it depends on the
loading age (see Fig. 4.17). Prestress concrete structures are loaded at later age, and
they will creep less as autogenous/thermal strain restraint leads to stresses just after
setting. Different phenomena can lead to this aging character: solidification of
hydration products due to hydration process (Bažant 1977; Carol and Bažant 1993)
or consolidation and/or space-filling processes at the C–S–H scale (Masoero et al.
2012).

When shrinkage is restrained, tensile stresses occur. They can be preceded by
compressive stresses if swelling or thermal expansion occurs. Therefore, it is
important to assess if basic creep of concrete in tension and in compression occurs
in the same manner. There is still no consensus in the literature on this topic as it is
shown in Fig. 4.18. Due to the low tensile strength of concrete, micro-cracking may
develop, propagate, and contribute more significantly to creep in tension: Effect of
fiber content or cement paste content has inverse effects on total creep in tension
and compression (Bissonnette et al. 2007).

4.4.1.2 Main Influencing Parameters

Temperature. Creep is affected by temperature in several ways:

• Creep for mature concrete is thermo-activated, and as the temperature increases,
creep rate increases;

Fig. 4.17 Effects of loading age on basic creep in compression (Laplante 1993)
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• At early age, since hydration is thermo-activated, mechanical properties are
increasing faster, reducing the creep rate;

• If the temperature changes during the period of creep test, the creep rate may
increase. This additional creep is named transient thermal creep or load-induced
thermal strain.

Load-induced thermal strain has been extensively investigated for concrete at
high temperature (in the context of concrete structures exposed to fire). However,
results at early age are particularly scarce. The main mechanism may be related to
the fact that temperature change leads to redistribution of inherent moisture in the
cement paste as well as structural change—both of clear importance for
creep. Illston and Sanders (1973) describe the rapid increase in creep, due to a
positive change of temperature, as transitional thermal creep which is approxi-
mately independent of maturity, and is zero when the temperature decreases or
when the temperature is raised to the given level for a second time. This means also
that drop of temperature does not give any creep recovery. That a positive change in
temperature of mature concrete increases creep is also confirmed by Arthanari and

Fig. 4.18 Evolution of the ratio between specific compressive and tensile basic creep from
different authors (Hilaire et al. 2014)
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Yu (1967). He also observed that increasing of the temperature by several steps
gives a higher creep than a steady temperature after a certain period of loading

Cement and mineral additions. The type of cement and mineral additions
influences the type of hydration products and the rate of hydration reaction. Thus,
development of mechanical properties, shrinkage, and creep is also affected.

Creep tests performed by Botassi et al. (2012) showed different behavior for
early age at loading. Concrete with mineral admixture at one-day loading showed
creep of 58–316% greater than the reference for many types of admixtures, while
loading ages at 3 and 7 days creep behavior is inversed. In those ages creep
concrete is reduced with mineral additions of up to 77% for blast-furnace slag than
reference.

Igarashi and Kawamura (2002) suggested that the lower potential of creep for
concrete with silica fumes results from the higher strength and the dense
microstructure for such concrete.

Aggregate. Since creep strains occur mainly in the cement paste, aggregates act
as a restraint element and reduce the potential of basic creep. The Young modulus is
thus an important factor. For lightweight aggregate for instance, since its Young
modulus is lower than typical aggregate, this type of concrete exhibits larger creep.

On Very Young Concrete

By means of compressive creep tests on very early-age concrete, Delsaute et al.
(2016b) have observed that short-term creep can be divided into two parts. The first
part occurs during the first hours after loading with constant kinetic and variable
amplitude which is inversely proportional to the age of the material at loading. The
second part occurs on longer duration with amplitude increasing with the age at
loading and a faster kinetic evolution for very early-age loading. The effect of the
age at loading is significantly more marked for the first part of the short-term
creep. By comparison with the evolution of the microstructure, it is observed that
the first part of the short-term creep is associated with the state of the material
(capillarity pores, C–S–H, etc.) when the load is applied and more specifically to
the largest diameter pores. The second part of the short-term creep is associated
with the solidification theory of Bažant and Prasannan (1989) which links the
evolution of the C–S–H to the decrease of the creep for early-age loading.

Through these observations, a new advanced experimental methodology was
developed on concrete (Delsaute et al. 2016b) to monitor the basic creep at very
early age. The methodology is based on repeated minute-long loading which starts
just after the final setting of the material. Every 30 min, a load corresponding to
20% of the compressive strength is applied and kept constant during 5 min and then
finally removed. The amplitude of the aging creep for short duration of loading is
defined with the value of the creep coefficient obtained after 5 min of loading.

Age at loading. Results of the compressive creep compliance for short duration
loading of 5 min are presented in Fig. 4.19. The effect of the age at loading is
significantly marked on the amplitude of the creep compliance, especially just after
the setting time. Each compressive creep curves are normalized by their value reach
at the end of the plateau of stress. All repeated minute-long loadings are
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quasi-superimposed which leads to the conclusion that the kinetic of the specific
creep is independent of the age at loading during the early age for duration of
loading limited to 5 min. The same data analysis has been made for compressive
relaxation test, and no kinetic effect is detected for creep and relaxation test in
compression. Tensile creep and relaxation were also carried out, and no difference
was also observed in the kinetic for age at loading between the final setting time and
100 h.

For the analysis of the evolution of the creep or relaxation amplitude, the value
of the creep coefficient or the relaxation coefficient after a plateau of 5 min with
constant stress or mechanical strain was used. This value is called amplitude factor.
Fig. 4.20 presents the evolution of the amplitude factor for several creep and
relaxation tests in compression. A same evolution of the amplitude factor is
observed for creep and relaxation. Just after setting, the value of the amplitude
factor obtained a value of 0.3 which means that the creep strain or the relaxation
stress represents after 5 min of loading 30% of the elastic strain/elastic stress.

Fig. 4.19 Repeated minute-long loadings. Left to right: For each repeated minute-long loading,
creep curves are superimposed and set to zero when the load is kept constant. For each repeated
minute-scale loading, creep curves are normalized by the value obtained after 5 min of loading.
Mean values of normalized curve for creep and relaxation repeated minute-scale loadings in
tension and in compression (Delsaute et al. 2014)

Fig. 4.20 Amplitude factor
for creep and relaxation
repeated minute-long loading
tests in compression (Delsaute
et al. 2016b)
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Water–cement ratio. A very similar methodology was also used by
Irfan-ul-Hassan et al. (2016) in order to assess the aging of the viscoelastic behavior
of cement pastes with three different water–cement ratios. The amplitude of the
creep complaisance is influenced by the water–cement ratio. For high water–cement
ratio, the creep complaisance obtained with short duration of loading (3 min) is
higher for degree of hydration at loading between 0.3 and 0.65 (which corresponds
to an age of the material varying between 24 and 168 h). However, when the
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Fig. 4.21 Creep compliance in function of the gel–space ratio for three cement pastes with
different w/c ratios (Irfan-ul-Hassan et al. 2016)
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evolution of the amplitude of the creep complaisance is compared to the gel–space
ratio, a same general trend is observed as shown in Fig. 4.21.

On Hardened Concrete

Age of concrete. As shown in Fig. 4.22, concrete age at application of load is a
very important factor: More the concrete is old, less the concrete will creep. This
phenomenon is observed at early age and at long term. Therefore, this age effect is
related to the degree of hydration, but also to another phenomenon (polymerization
and micro-prestress relaxation theories have been proposed in the literature (Bažant
et al. 1997)).

Fig. 4.23 Basic creep strain
evolution for age at loading of
15–20–24–40 and 72 h for an
ordinary concrete (Delsaute
et al. 2016b)

Fig. 4.24 Creep compliance
evolution for age at loading of
15–20–24–40 and 72 h for an
ordinary concrete (Delsaute
et al. 2016a) and comparison
with the Model Code 2010
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4.4.1.3 Amplitude of Strains

Only few data are available in the literature for early-age concrete. Data obtained
for very early age (<24 h) are nearly impossible to find. Recently, Delsaute et al.
(2016b) have carried out several tests of long duration for age at loading of 15–20–
24–40 and 72 h on an ordinary concrete with a CEM I 52.5 and a characteristic
compressive strength of 40 MPa (Fig. 4.23).

Figure 4.24 presents the evolution of the creep compliance for several ages at
loading of the same ordinary concrete. These results were compared to the value
predicted by the Model Code 2010 (MC2010). For age at loading higher than 40 h,
MC2010 is able to correctly predict the evolution of the basic compressive
creep. However, for earlier ages, the amplitude of the creep can be underestimated
by a factor 2.

4.4.1.4 Multiaxial Creep

Shrinkage strains are isotropic, and if they are restraint in 2 or 3 orthogonal direc-
tions, a biaxial or triaxial stress of state occurs. Even if there is no restriction in
orthogonal directions, internal restrictions and the inherent internal balance of loads
promoting tensions in all directions. It seems that there is no experimental data
regarding the basic behavior of concrete in multiaxial tension. In most of the studies,
multiaxial creep is dealt by using a creep or a relaxation Poisson’s ratio (e.g.,
Granger 1996; Bažant et al. 1997) or by splitting the creep strain into a spherical
and deviatoric component (e.g., Benboudjema et al. 2005; Sellier et al. 2015).

Fig. 4.25 Creep experiments on concrete: long-term asymptotic value of the viscoelastic
Poisson’s ratio versus elastic Poisson’s ratio for each individual experiment; y-axis error bars
indicate the maximum and minimum values of the viscoelastic Poisson’s ratio during the
experiment (Aili 2017)
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Due to time-dependent effects, the Poisson ratio needs to be well defined in an aging
viscoelastic framework (Hilton and Yi 1998). Aili (2017) showed that using
available experimental data, the use of creep or relaxation Poisson’s ratio leads to
almost the same results. A literature review in compression shows some discrep-
ancies (see Fig. 4.25).

4.4.1.5 Influence of the Stress Level and Interaction Between Creep
and Cracking

As the concrete compressive and tensile strengths increase rapidly at early age as
the applied stress remains constant, the stress/strength ratio decreases with time.
Most of the experiments are performed in such case. However, the research by
Botassi et al. (2012) concluded for concrete at early ages that more consistent tests
results are obtained by maintaining the stress/strength constant over time,
increasing the load test similar to the increased resistance. According to Botassi
et al. (2012), this way of performing the assay evaluates the creep phenomenon,
disregarding interference stiffness growth in the cement matrix, and allows the
analysis to evaluate the behavior of creep from their main causes, (and not by
stiffness increase of the concrete).

It is quite admitted in compression that creep is proportional linearly to the
applied stress until a certain stress level. This threshold varies between 0.2 and 0.75
of the concrete compressive strength in compression (e.g., Hannant 1967;
McDonald 1975; Smadi and Slate 1989; Ranaivomanana et al. 2013; Rossi et al.
2013). Above this threshold, micro-cracking develops in concrete, creep rates
increase as the stress/stress ratio increases, and failure may occur.

There are less analyses in tension than in compression about the effect of stress
level. Tensile creep strain remains proportional to the applied stress up to a stress

Fig. 4.26 Evolution of the
applied stress r/tensile or
compressive strength rf ratio
with respect to the time until
failure Dtf in tension
(Al-Kubaisy 1975; Carpinteri
et al. 1997) or in compression
(Zhaoxia 1994)
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level between about 40 and 100% (Illston 1965; Domone 1974; Al-Kubaisy 1975;
Neville et al. 1983; Bissonnette et al. 2007). As in compression, a sustained loading
beyond this range of linearity may lead to failure. Note that some studies propose
that creep induces micro-cracking (Rossi et al. 2012; Sellier et al. 2015) even for
small level of stresses, leading eventually to internal drying shrinkage (Rossi et al.
2012). It is supported by acoustic emission (Rossi et al. 2012; Saliba et al. 2012;
Al-Kubaisy 1975) and by observation in microscope (Shah and Chandra 1970).

Figure 4.26 displays the relationship between the applied stress rð Þ/tensile or
compressive strength rfð Þ ratio with respect to the time until failure Dtf for different
authors in uniaxial tension or compression.

This result shows that the stress-to-strength ratio is proportional to the logarithm
of time at failure. A similar result is observed also in bending (Carpinteri et al.
1997; Rossi et al. 2014). Micro-cracks during creep in tension may lead to their
coalescence and result in a macro-crack and a corresponding failure. Note that the
variability of properties is quite of great importance (coefficient of variation of 13%
for 40 tested specimens coming from a construction site (Aït-Mokhtar et al. 2013)),
since the tensile strength of the tested specimen is not known in advance: Reinhardt
and Rinder (2006) observed in HPC for the same stress/strength ratio either a failure
or not during tensile creep test at high stress level.

4.4.2 Drying Creep

Such as the drying shrinkage, this strain component is not detailed in this STAR.

4.4.3 Experimental Test Methods

The creep properties are very sensitive to the conditions of preservation of the
specimen during the test and to many factors related to the test rig. For that reason,
several recommendations were developed in the past (ASTM C512 2015; ISO
1920-9 2009; Subcommittee 4 1998) for hardened concrete. Currently, no recom-
mendation or standard test method exists for the determination of the basic creep for
concrete at very early age. The main common requirements for all the apparatus for
testing basic creep in sealed condition are their ability to:

• ensure uniform stress distribution over the cross-section of the specimen;
• apply a load very quickly;
• operate in a room with controlled temperature and humidity;
• and maintain a constant known load during the whole testing period.

In addition, the measurement of the strain must be carried out in the central part
of the specimen in order to eliminate the edge effects. As for the measurement of the
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free deformations, the specimen must be perfectly sealed to avoid any external
drying or water uptake. The instrumentation must be composed of material with
very low coefficient of thermal expansion.

For the separation of the autogenous strain and the basic creep strain, a dummy
specimen that is load free must be made for each creep test. A same instrumentation
must be used for the loaded and the dummy specimen.

If sample is tested few hours after setting, special attention should be taken for
the preparation of the sample (Delsaute et al. 2016b).
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