
Chapter 16
OR Models for Emergency Medical Service
(EMS) Management

S.M. Gholami-Zanjani, M.S. Pishvaee, and S. Ali Torabi

16.1 Introduction to Emergency Medical Services

Emergency medical services (EMS) is a comprehensive procedure for prompt
patient care in different settings such as the emergency departments (ED), urgent
care clinics, pre-hospital settings, and also disaster situations (Soriya and Col-
well 2012). EMS typically consists of call centers, dispatchers, ambulances and
paramedics. Accordingly, process of EMS follows some steps such as reception of
calls, vehicle dispatching, on-site treatment and release of patient or transportation
to health care facilities. This process is presented in Fig. 16.1. Therefore, emergency
medical service plays a critical role in any emergency care system. The growing
demand for more efficient EMS has sparked off efforts to evaluate and improve
the quality of many EMS systems in recent years. The key objective of many
successful EMS systems can be operationally defined by the effective and consistent
provision of immediate medical care to seriously ill or injured patients, and
the expeditious conveyance of patients to advanced resuscitation and lifesaving
care (I.O.M 2006). Medical conditions of patients who require immediate care
imply that delay in treatment could result in the worsening of patients’ conditions
(Lam et al. 2015).

All abovementioned issues indicate the importance of EMS area. Among several
relevant issues in this context, ambulance planning problem could help to improve
public health level and social health care systems. Generally, the problem of
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Call arrival

Prioritizing the call and
confirming the address

Analyzing the calls and
dispatch schemes

Checking the map
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supervisor

Dispatching the
specific vehicle

Updating the available resources

Monitoring the emergency status and vehicle position

Fig. 16.1 Emergency response process (Adopted from Haghani and Yang 2007)

locating ambulances and ambulance bases can be divided into strategic, tactical and
operational levels. At the strategic level, the locations of the ambulance bases are
determined while considering coverage constraints (Berman et al. 2011; Karasakal
and Karasakal 2004; Brotcorne et al. 2003; Schmid 2012; Schmid and Doerner
2010). In the next step, the required number of ambulances to fulfill the demand
of each base is specified over a multi-period mid-term decision horizon (Brotcorne
et al. 2003; Schmid 2012; Essen et al. 2013; Knight et al. 2012; Galvão et al. 2005).
Finally, at the operational level, the allocation of ambulances to emergency demands
and relocation of ambulances must be carried out in the real-time in an on-going
fashion. Therefore, the main decisions to be made involve: the number of required
resources, ambulance/helicopter fleet management, location of ambulances, and
ambulance routing. The important point is that all aforementioned decisions are
highly interrelated and their joint optimization in a sole model could prevent sub-
optimality of obtained solutions (Coppi et al. 2013; Jagtenberg et al. 2015).

Dynamic and complex nature of emergency medical systems imposes a high
degree of uncertainty in ambulance planning decisions and significantly influences
the overall performance of the achieved decisions. Some examples of uncertainties
in this context are randomness in the demand of emergency services, location of
incidents and variability of travel times. Thus, the significance of accounting for
uncertainty has prompted the researchers to address uncertain parameters in EMS
models. Stochastic programming approach is often employed by researchers to cope
with data uncertainty in the proposed models (Essen et al. 2013; Galvão et al. 2005).
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Fig. 16.2 General trend of healthcare problems

Having reviewed the academic literature of EMS, the general trend of conducted
studies, in terms of number of papers, is extracted. In this regard, we have inves-
tigated the research titles indexed in Google Scholar and Scopus. These research
subjects include “location”, “emergency”, “ambulance”, “routing”, “hospital” and
“medical” with various combinations in the titles and subjects. All relevant studies
published since 2000 have been reviewed. Being mindful of the fact that we may
miss some indirect relevant papers, overlapping some researches and considering
papers that could not be directly involved in the investigated framework, the resulted
papers could fairly mirror the general trend. All together, we have ended up with
numerous papers in this field since 2000. Figure 16.2 shows the number of articles
with respect to relevant years. It is obvious that there is a growing interest in the
subject. It seems that this trend in drawing attentions is likely to continue due to rise
in the elderly population of the societies.

As it is mentioned earlier, the EMS problems could be classified into two
main categories: (1) strategic and (2) tactical/operational level problems. Strategic
decisions are mainly concerned with location of ambulance stations (i.e. those sites
where ambulances are waiting to be dispatched to incident locations), medical
care facilities and staff hiring while tactical/operational decisions focus on short
and mid-term decisions such as crew scheduling, crew pairing, number of needed
vehicles, ambulance standby site location, ambulance relocation and dispatching
rules. Dispatching decisions are related to ambulance routing problems. Generally,
the main three types of decisions in the emergency medical service include: (1)
ambulance location, (2) ambulance relocation, and (3) ambulance dispatching,
which significantly influence the cost efficiency and responsiveness (e.g. response
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time) measures (Bruzzone and Signorile 1998). In this chapter, we focus on strategic
and operational decisions as per their importance in this area.

The remainder of this chapter is continued in Sect. 2 by introducing and
reviewing EMS strategic planning models. EMS operational planning models are
described and investigated in Sect. 3. These sections include distinguished models
from the related literature as well. Section 3.1 describes how different uncertainty
programming approaches are applied to EMS models. An application of EMS
models on a real case is illustrated in Sect. 5. Finally, Sect. 6 includes concluding
remarks and some future research directions.

16.2 EMS Strategic Planning Models

In EMS systems, response time is considered as a critical issue that directly
affects patients’ health. Insufficient prompt services dramatically threaten people’s
lives. The public expects availability and accessibility of EMS facilities to provide
sufficient services (Daskin and Dean 2004). However, because of limited allocated
governmental budget and other resources, the quality and quantity of services could
be vulnerable. By availability we mean adequate supply of services. The opportunity
to obtain medical services and resources is defined as the access to healthcare
facilities (Gulliford et al. 2002). In other words, accessibility of facilities refers
to the capability of the patients to reach the health care facilities. In the case of
prompt response services, it is vice versa; capability of health providers such as
ambulances to reach patients is considered as the accessibility. In order to attain
the desired service level, location of health care facilities such as ambulance bases
should be efficiently determined. In addition, high cost resources are involved in
maintaining EMS in terms of ambulances, qualified staff and so on (Farahani et
al. 2012). Hence, effectively locating the EMS facilities becomes an impressive
decision on the system configuration. There are three common service goals used in
EMS which are as follows (Kerkkamp 2014).

• Minimizing the average response time to patients’ needs
• Minimizing the maximum response time to patients’ needs
• Maximizing the number of regions that are supportable (i.e. covered) within a

predefined response time

These three goals are corresponding to three basic location models namely, the
P-median, P-center and the covering models, respectively. Throughout this chapter
our attention is restricted to discrete location models because they have been used
considerably in health care location problems while they are practical to reasonable
extent. Covering models are used abundantly in the related literature as they are
suitable enough for emergency situations. There are several comprehensive reviews
that provide deep insights and state-of-the-art in this field (Brotcorne et al. 2003;
Farahani et al. 2012; Goldberg 2004; Li et al. 2011; Looije 2013; Van Buuren 2011).
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The classical Location Set Covering Model (LSCM) and Maximal Covering
Location Problem (MCLP) introduced by Toregas et al. (1971) and Church and
ReVelle (1974) are two variants of covering models. These models assume that
all the parameters are deterministic and a demand point is roughly covered or
uncovered by each located facility. By covering we mean that a node or a demand
point is covered by a facility if the distance or response time between the facility
and the demand point is less or equal to a predefined value. The sets, inputs and
variables used to define the LSCM are as follows.

Set Description
I Set of demand nodes
J Set of potential facility sites
fj Fixed cost of locating a facility at site j

aij Equals to 1 if demand point j can be covered by base (i.e. location) i,
otherwise it equals to 0

Variable Description
Xj Equals to 1 if a facility is located at potential site j, otherwise 0

With this notation, the LSCP is as follows.

Minimize
X

j2J

fjXj (16.1)

Subject to
X

j2J

aijXj � 18i 2 I (16.2)

Xj 2 f0; 1g 8j 2 J (16.3)

The decision variable xj indicates whether base j is opened or not. The objective
function (16.1) minimizes the total cost of establishing the selected facilities that has
EMS vehicles stationed whilst covering all demand points. Constraints (16.2) states
that each demand point must be covered by at least one opened facility. Constraints
(16.3) ensure that there is no fractional part of healthcare locations. In addition
to this model, another objective function which minimizes the number of located
facilities is of interest. In this case, the objective function is as follows.

Minimize
X

j2J

Xj (16.4)

Such an objective function could be justifiable when the fixed EMS facility costs
are almost equal. Daskin and Dean (2004) referred to the model minimizing the total
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cost, as the set covering problem and to one minimizing the total number of located
facilities, as the location set covering problem.

The above-mentioned model contains some shortcomings which are discussed
in below.

• LSCM seeks the minimum amount of EMS bases required to cover all the
demand points by considering unlimited amount of available stations. However,
the needed resources (the cost or number of required bases) are often prohibitive.
In real world problems, there is certain amount of available ambulances.

• Another disadvantage is that this model ensures that each demand point is cov-
ered just once whilst if EMS vehicles are dispatched and busy, other emergency
demand points covered by the corresponding vehicles could not be covered any
more.

• Furthermore, the model does not distinguish between demand nodes that rela-
tively generate lots of demand and those that generate little demand. It is clear
that the regions with more requests are of high investigation in comparison to
less generated demand points.

In this regard, these concerns motivated some models to compensate for above-
mentioned shortcomings. One of these models is Maximal Covering Location
Problem (MCLP), developed by Church and ReVelle (1974). To formulate this
model, the following notations should be denoted.

hi Demand at demand point i

P Number of available EMS resources
Zi Binary variable, it equals to 1 if demand point i is covered, otherwise 0

Notations
Demand of node i indicates for example the number of incidents per hour or the
number of residents in that area. Accordingly, the mathematical formulation is as
follows:

Maximize
X

i2I

hiZi (16.5)

Subject to Zi �
X

j2J

aijXj � 08i 2 I (16.6)

X

j2J

Xj D P (16.7)

Xj 2 f0; 1g 8j 2 J (16.8)
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Zi 2 f0; 1g 8i 2 I (16.9)

Objective function (16.5) maximizes the total amount of covered demands (not
number of demand points). Constraints (16.6) stipulate that demand point i cannot
be covered unless an EMS vehicle has been located within the relevant. Constraints
(16.7) ensure that p facilities should be exactly located. Constraints (16.8) and (16.9)
are standard integrality constraints. Another objective function for this model could
be minimizing uncovered demand as follows.

Minimize
X

i2I

hi .1 � Zi/ (16.10)

As it was mentioned before, a considerable disadvantageous is that these models
do not allow multiple EMS vehicles at each base. Therefore, in real-life cases,
this property results in uncovered demand points if EMS vehicles are busy for
handling other calls. To deal with this shortcoming, some extended versions are
developed such as Backup Coverage Problems (BACOP) (ReVelle and Hogan 1989)
and Double Standard Model (DSM) (Gendreau et al. 1997).

16.2.1 Backup Coverage Problems (BACOP)

Backup coverage problems (BACOP) firstly developed by (ReVelle and Hogan
1989). BACOP models try to maximize demand points that are covered twice. The
first BACOP (i.e., BACOP 1) model is similar to the MCLP but it ensures that each
point is covered by at least one facility. The model’s objective function maximizes
the demands which are covered twice while in the second BACOP model (i.e.,
BACOP 2) objective function is modified rewarding demand points that are covered
only once as well as those covered twice. In other words, it is combination of the
demands covered once and the ones covered twice.

Backup Covering Problem 1

Max
X

i2I

hi�i (16.11)

S:t:
X

j2J

Xj D P (16.12)

0

@
X

j2J

Xj

1

A � �i � 1 (16.13)
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Xj 2 f0; 1g 8j 2 J (16.14)

�i 2 f0; 1g 8i 2 I (16.15)

Backup Covering Problem 2

Max ˛
X

i2I

hi�i C .1 � ˛/
X

i2I

hi�i (16.16)

S:t:
X

j2J

Xj D P (16.17)

�i � �i � 0 (16.18)

0

@
X

j2J

Xj

1

A � �i � �i � 1 (16.19)

Xj; �i; �i 2 f0; 1g 8j 2 J;8i 2 I (16.20)

In BACOP1 binary variable �i is defined such that it equals to 1 if and
only if demand point i is covered at least twice by EMS bases. Therefore, in
BACOP1, Objective function (16.11) maximizes the population covered at least
twice. Constraints (16.12) states that there is only p number of EMS resources.
Constraints (16.13) stipulate that each demand point is covered twice.

In BACOP2, in addition to �i, �i is defined as a binary variable for the demand
points that are covered at least once. In this model, single covered demand points
are taken into account by a weight factor (˛ 2 [0, 1]). Constraints (16.18) state that
demand points that are covered twice are also covered once. Constraints (16.19)
imply that if demand point i is covered once then �i D 1; and, if the demand point
is covered by more than one EMS resource then �i is equal to 1.

Although LSCP and MCLP are relatively simple in their formulation, they have
resulted in considerable number of extensions and variants. An extension of MCLP
model is the tandem equipment allocation model (TEAM) introduced by Schilling
et al. (1979). In this model, two types of vehicles, primary and special vehicles, are
considered. This model assumes that the coverage distance is higher for primary
vehicles in comparison to secondary ones. Therefore, the maximal travel time is
lower than the maximal travel time for the special ones. Daskin and Stern (1981)
developed Hierarchical Objective Set Covering Model (HOSC) as a combination
of LSCM and MCLP models to locate EMS vehicles in Austin (Texas). This
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model simultaneously maximizes the extent of multiple coverage of demand and
minimizes number of the locations. However, in real world problems, the likelihood
of having two vehicles busy is low. A Double Standard Model (DSM) is a more
recent model, developed by Gendreau et al. (1997). This model makes distinction
between two coverage parameters (response times). It looks for solutions through
which all demand points are covered at least once within response time r1 and ˛
percent of them must be handled within r2. This model can be considered as an
extension for BACOP1. Doerner et al. (2005) applied DSM to locate ambulances
in Australia. The corresponding results demonstrate that a large proportion of
population is covered in the limited amount of time and some vehicles are used
more than once. Laporte et al. (2009) also applied DSM model to tackle real world
problems in Belgium, Australia and Canada. Su et al. (2015) modified the DSM
model by changing the objective function into minimization of operational costs
and the cost of delayed services. They applied the resulted model to ambulance
deployment in Shanghai, China. Backup Double Coverage model is a different
backup coverage model developed by Basar et al. (2009). In this model, a demand
point is covered if at least two opened bases are near to that demand zone. Church
and Gerrard (2003) considered a generalization of LSCM in which multi-level
coverage is needed.

16.2.2 Nonlinear Integer Programming Model for Real-Time
EMS Vehicle Dispatching Model

In this subsection, the model presented by Majzoubi et al. (2012) is reviewed as
a sample while rich model involving vehicle dispatching and relocating decisions.
This model assigns a vehicle to a patient based on vehicle’s current location and
availability status of all other vehicles. Further, patients are assigned to hospitals
again based on the available resources and travel times. In addition to these
assignments, vehicles are relocated after completing their services to serve the next
demand points. This model incorporates assumptions for some medical emergencies
such as influenza outbreak. The following assumptions are made to present this
model.

• The vehicle fleet is heterogeneous and can serve every patient
• All vehicles can be tracked by global positioning equipment
• Information about hospital resources are known in advance as a priori
• At each state the model is invoked for running, only the available resources are

considered
• The priority of requests are known by EMS call takers
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The following notations are introduced to formulate the proposed model.

Sets

I Set of vehicles i D 1 : : : I
J Set of patients j D 1 : : : J
K Set of hospitals k D 1 : : :K
S Set of EMS stations s D 1 : : : S
R Set of census tracts r D 1 : : :R
P Set of patients’ priority p D 1 , 2
V Set of available vehicles V D VP [ VH

1 [ VH
2 [ VE

VP Set of vehicles en route to serve a patient
VH
1 Set of vehicles that are able to transport high priority patients or more than one patient to

the hospitals
VH
2 Set of vehicles that are able to transport low-priority patients to the hospitals

VE Set of vehicles that are en route to an EMS station or they are idle
W Set of patients or demand points W D W1 [ W2

W1 Set of high-priority patients
W2 Set of low-priority patients

Parameters

Tij The estimated travel time for vehicle i to arrive at patient j’s location when departing
at the current time

Tik The estimated travel time for vehicle i to arrive at hospital k when departing at the
current time

Tis The estimated travel time for vehicle i to arrive at EMS base s when departing at the
current time

Tjk The estimated travel time from patient j to hospital k

� The average service time for serving each patient at her/his location
PPpr(j) The travel cost per time unit to reach patient j with priority j

IP The travel cost per time unit of idle vehicles
Aij The travel cost for vehicle i to reach patient j; Aij D PPpr(j) � Tij

Bik The travel cost for vehicle i to arrive at hospital k; Bik D PPpr(j) � Tik

Bij The travel cost for vehicle i to reach patient j; Bij D PPpr(j) � Tij

Bw(i) The cost of waiting for patient in a vehicle that is serving another patient;
Bw(i) D PPpr(j) ��

Bjk The cost of traveling from patient j to hospital k; Bjk D PPpr(j) � Tjk

Cis The cost of traveling to EMS base s by vehicle i; Cis D IP � Tis

D The penalty cost incurred by serving more than one patient by one vehicle
E The penalty cost of inefficient routing
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˛p The penalty cost of violating time window for a customer with priority p

ˇr The penalty cost of not covering census tract r by an ambulance
�j The required response time for patient j

� Threshold time for reroute acceptance
! Threshold value for serving another patient

Variables

xij Equals to 1 if vehicle i is dispatched to serve patient j; 0 otherwise
yik Equals to 1 if vehicle i is dispatched to hospital k; 0 otherwise
zis Equals to 1 if vehicle i is dispatched to EMS station; 0 otherwise
� i Equals to 1 if ambulance i serves more than one patient; 0 otherwise
� i Equals to 1 if vehicle i is not efficiently rerouted to serve more than one patient; 0

otherwise
uj Equals to 1 if vehicle if patient j is not served in its time window; 0 otherwise
¤r Equals to 1 if vehicle i is not covered by at least one ambulance; otherwise
wi Equals to 1 if vehicle i is not rerouted; 0 otherwise
� ik � ik D Tik � yik if � i D 0 and �ik D P

j Tik � yik � xij if � i D 1
	 ijk 	 ijk D yik � xij, equals to 1 if vehicle i is dispatched to serve patient j and dispatched to

hospital k

It should be noted that Tij, Tik and Tis are updated over the time. Using the
abovementioned notations, the proposed non-linear mathematical model for the
real-time vehicle dispatching (RTEMSVD) is as follows:

Min
P

i

P
j

Aij xij C P

i2VH
1

P
k

Bikyik C P

i2VH
2

P
k

Bikyik

 
1 �P

j
xij

!

C P

i2VH
2

P
j

Bijxij C P

i2VH
2

P
k

yik

 
P

j
xij

! 
P

j
Bjkxij C Bw.2/

!

CP
i

P
s

Ciszis CP
r
ˇr
r CP

p
˛p

P
j2Wp

uj

(16.21)

X

i

xij D 18j (16.22)

X

i

xij D 18i 2 Vp (16.23)

X

k

yik C
X

s

zis D 08i 2 Vp (16.24)

X

i0D1

X

j2Wp

Aijx
0
i0j �

X

i0D1

X

j2Wp

Aijxij � � � �Mwi8i 2 Vp (16.25)
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X

j

�
1 � xij

�
x0ij � M .1 � wi/8i 2 Vp (16.26)

X

k

yik D 18i 2 VH
1 (16.27)

X

j

xij C
X

s

zis D 08i 2 VH
1 (16.28)

X

k

yik D 18i 2 VH
2 (16.29)

X

j

xij � 18i 2 VH
2 (16.30)

X

s

zis D 08i 2 VH
2 (16.31)

X

j

xij C
X

s

zis D 08i 2 VE (16.32)

X

k

yik D 08i 2 VE (16.33)

X

i

xijTij � �j � Muj8j (16.34)

1 �
X

s

X

i

zis sr � M
r8r (16.35)

It is clear that all the variables are binary in this model. Equation 16.21 represents
the objective function that consists of eight terms including vehicles’ cost to reach
a patient, transporting high-priority patients, and the third through fifth terms are
for low-priority patients. The sixth term is the cost of returning vehicles to EMS
bases. Seventh term is a penalty for not serving patients in the defined time window
and finally, the last term considers the penalty of not serving a census tract by
ambulances.

Constraints (16.22) stipulate that each patient should be served by an ambulance.
Constraints (16.23) through (16.26) are related to the vehicles on the way to serve
patients. Constraints (16.23) state that any dispatched vehicle is assigned to a
patient. Vehicles on their way can neither go to a hospital nor EMS bases; this
is ensured by constraints (16.24). Constraints (16.25) and (16.26) consider route
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manipulation for a vehicle if there is a reduction in travel time. Moreover, Constraint
(16.27) states that vehicles, transporting high-priority patients, are assigned to a
hospital and also they are not allowed to serve other patient and return to the
base, presented by constraints (16.28). As Constraints (16.29) assign the low-
priority patients’ vehicles to hospitals and in contradiction with serving high-priority
vehicles, Constraints (16.30) allow them to serve other patients. Constraints (16.31)
ensure that these vehicles are not returned to EMS bases. Constraints (16.32) and
(16.33) are related to idle vehicles. Constraints (16.32) allow these vehicles to
remain at the same (or other) stations or serve a patient while Constraints (16.33)
states that they cannot be assigned to hospitals. Response times are satisfied by
Constraints (16.34) and (16.35).

16.3 EMS Operational Planning Models

As mentioned before, this chapter has focused on strategic and operational levels.
In this section operational problems are investigated. Response time to reach
the demand points is a critical issue for locating and relocating EMS bases
and especially ambulances. Emergency medical aspects are often combined with
routing and dispatching problems. Over $2.5 billion out of $5 billion of EMS
expenditure is spent on transportation of patients (Sayre et al. 2001). Apart from this
potential benefit, there are some other objectives that are desired to be optimized.
These criteria include improving the information utilization and maximizing the
productivity of services. In other words, at the operational level planning, it has to
be decided which ambulance should be assigned to which request. Usually, when
an emergency request occurs, the ambulance with the shortest path is dispatched
(Golden et al. 2008). The contributions in ambulance operational planning are sparse
and there is a little OR-based research works conducted on dispatching of vehicle
fleets. Two problems, however, as ambulance dispatch and relocation are of great
interest (Andersson and Värbrand 2007).

In the real world conditions, the regular transportations and emergency ones
are scheduled and controlled with the same fleet of ambulances. Form another
perspective, emergency transportations are required to service the emergency
demand points. This kind of transportation includes dynamic elements since the
parameters such as demand points, driving times and service times are uncertain
and unknown at the decision making moment (Créput et al. 2011). Generally, service
providers face with two different types of services based on their fleet of vehicles.
First, they should cover their assigned region, as an output of location problem,
in case of emergency requirements. Secondly, some regular requirements should
be satisfied in terms of periodic pick-ups, delivery to patients, etc. Considering
these two issues, regular transportations beside emergency ones, in one problem
requires a highly robust and dynamic plan. These two problems seek different
objectives. From the perspective of regular transportation, the total travel cost in
terms of time or distance is minimized whilst in the case of emergency services,
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providing services within a predetermined amount of time, is desired (Bruzzone
and Signorile 1998). Taking these two issues into account simultaneously, the
arisen problem becomes a very challenging problem. For the sake of simplicity,
these two types of demands (emergency and regular transfers) can be managed
independently by dividing the vehicle fleet and managing them separately. However,
this attitude leads to less efficient results in comparison to the integrated approach
(Kergosien et al. 2014).

Studying approaches applied to Dynamic Vehicle Routing (VRP) can provide
notable insights for decision makers deciding on ambulance dispatching problems.
In those VRP addressing ambulance dispatching problem, vehicles can dynamically
change their routes to serve the demand points within a time window. The regular
transportations are also known as “Dial a Ride Problem (DARP)” (Cordeau and
Laporte 2003). This problem consists of designing vehicle routes and schedules
for a set of clients to satisfy their transportation requests. In this regard, some
considerations are inevitable such as vehicle capacity, maximum rid time constraint,
meeting time windows, etc. Moreover, there could be different criteria like mean
user ride time or total distance traveled. This problem can be employed for both
static and dynamic contexts (Cordeau and Laporte 2007; Parragh et al. 2010;
Attanasio et al. 2004). Beaudry et al. (2010) applied this approach into medical
context. Also, Parragh (2011) studied DARP with different types of vehicles (i.e.,
seated, wheelchair and stretcher).

The ambulance dispatching problem is a kind of general assignment problem
(Goldberg 2004). This problem is solved considering several criteria such as
nearest origin, highest priority or first come first served (Haghani and Yang 2007).
In other words, various dispatching rules such as Nearest Origin (NO), Highest
Priority First Serve (HPFS) and First Come First Serve (FCFS) could be applied
to different models. Dispatchers could have an ordered priority list for demand
zones. Dispatching decisions can remarkably affect system outcome in terms of
response time and survival rate. Hogan and ReVelle (1986) suggested dispatching
the nearest ambulance to the demand with the highest priority. For the low-priority
demands, they suggested dispatching ambulances in such a way that the demands
are served in the predefined time windows. Green and Harries (1988) studied this
problem and concluded that dispatching the nearest vehicle is efficient in the case of
minimization of the average or total response time. Yang et al. (2004) developed
a dispatching model that can be employed for EMS. Their model’s objective is
to minimize travel times in addition to the penalties for violating the desired time
window and not covering demand points. Ibri et al. (2010) considered coverage and
dispatching decisions as an integrated approach.
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16.3.1 Joint Ground and Air Emergency Medical Services
Coverage Model

This subsection presents the model introduced by Erdemir et al. (2010) as an
operational sample model. They involved aeromedical services as well as ground
ambulances in responding to trauma crashes. In this regard, they proposed a
location-coverage model on the basis of both response time and total service time.
This model addresses location of air and ground ambulances, and transfer points.
Locating transfer points are justifiable since helicopters cannot always land at
the crash sites. Therefore, it considers three options for transporting the demand
requests as ground, air and joint ground-air. Two models were developed for this
problem that one of them is presented here, which is a Set Covering with Backup
Model (SCBM).

This model aims at covering all demand points using a combination of air and
ground ambulances. As an extension to LSCP model, SCBM allows joint coverage
through a combination of two facilities on a transfer point as well as exclusive
coverage of two kinds of facilities. Further, other LSCP extensions consider single
or backup coverage only in a direct way. To formulate the model the following
notations are introduced.

Sets

Mh Set of potential helicopter locations h D 1 : : :H
Ma Set of potential ground ambulance locations a D 1 : : :A
Mr Set of transfer point locations r D 1 : : :R
N Set of all crash paths
P Set of all crash nodes

Parameters

Ch Cost of locating an air ambulance
Ca Cost of locating a ground ambulance
Cr Cost of locating a transfer point
Aaj(Aak) Equals to 1 if a ground ambulance location covers node j through path k; 0

otherwise
Ahj(Ahk) Equals to 1 if potential helicopter location h covers node j through path k; 0

otherwise
Aahrj(Aahrk) If potential air and ground ambulances (a and h), and transfer point location r

covers node j through path k; 0 otherwise
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Variables

xa Equals to 1 if ground ambulance is located at site a; 0 otherwise
yh Equals to 1 if air ambulance is located at site h; 0 otherwise
zr Equals to 1 if a transfer point is located at site r; 0 otherwise
uj Equals to 1 if node or path j is covered by at least one of the located helicopters; 0 if

node or path j is covered by at least two ground ambulances and/or combinations
vja Equals to 1 if node or path j is covered by ground ambulance a; 0 otherwise
lahr lahr D xayhzr , Equals to 1 if a ground ambulance, helicopter and transfer points are

located at a, h and r, respectively; 0 otherwise

Using the abovementioned notation, the proposed mathematical model is as
follows:

Min Z D
X

a2Ma

Caxa C
X

h2Mh

Chyh C
X

r2Mr

Crzr �
X

j2N[P

uj" (16.36)

s:t:
X

h2Mh

Ahjyh � uj8j 2 N [ P (16.37)

Aajxa C
X

h2Mh

X

r2Mr

Aahrjlahr � vja8j 2 N [ P;8a 2 Ma (16.38)

X

a2Ma

vja D 2
�
1 � uj

�8j 2 N [ P (16.39)

xa � lahr8a 2 Ma; h 2 Mh; r 2 Mr (16.40)

yh � lahr8a 2 Ma; h 2 Mh; r 2 Mr (16.41)

zr � lahr8a 2 Ma; h 2 Mh; r 2 Mr (16.42)

zr C yh C xa � lahr � 28a 2 Ma; h 2 Mh; r 2 Mr (16.43)

zr; yh; xa; lahr; uj&vja 2 f0; 1g (16.44)
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Objective function (16.36) minimizes the total cost of locating ground ambu-
lances, air ambulances and transfer points. Sum of variables uj multiplied by
a very small number ", is subtracted from the total cost because through this
subtraction, assignment of two different ground ambulances to cover node j is
relaxed. Constraints (16.37–16.39) are the set covering and backup coverage
constraints ensuring that all nodes are covered at least twice by ground ambulances,
or once by an air ambulance and/or by a combination of air and ground ambulances.
Constraints (16.40–16.43) linearized counterparts of the nonlinear terms stipulating
that lahr cannot be 1 unless at least one of xa, yh or z is 0. In other words, this term
justifies combination of air and ground ambulances used for service. So, if all xa,
yh and zr are 1 then all the EMS servers that form the combination are located and
available.

16.4 EMS Models Under Uncertainty

The complex nature and dynamic structure of EMS systems imposes a high degree
of uncertainty that could remarkably affect the overall performance of the system.
Since the emergency event may happen at anytime and anyplace, uncertainty is
inevitable in emergency situations. On the other hand, there are some limitations
in multiple coverage models since they cannot ensure a satisfying service level.
Therefore, to be of any help, we must represent the inherent problem complexities.
The deterministic models do not consider the busy times of vehicle fleets. However,
in real world problems, resources in terms of the total number of vehicle fleets are
limited. This assumption as well as busy fractions and reliability can be covered by
probabilistic EMS models. In these models, distribution functions are extracted for
the arrival calls. In EMS systems, usually arrival calls are assumed to follow the
Poisson processes and service is done with respect to FCFS strategy.

Daskin (1983) extended the MCLP model by considering the ambulance busy
fraction. The introduced model is the Maximum Expected Covering Location Model
(MEXCLP) that includes a busy fraction �2 (0, 1) for all ambulances. In this model,
three simplifying assumptions are considered as follows:

• Servers operate independently
• Servers’ busy probabilities are invariant regarding the locations
• Busy probabilities are the same for all servers.

The mathematical formulation of this model is as follows.

Maximize
X

j

dj

qX

kD1
.1 � �/ �k�1zk

j (16.45)

S:t:
X

i

xi � p (16.46)
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X

i

yi � q (16.47)

yi � qixi8i (16.48)

X

i

aijyi �
qX

kD1
zk

j 8i (16.49)

xi & zk
j 2 f0; 1g (16.50)

yi 2 N (16.51)

This model overestimates coverage since independent assumptions are made. In
this model, xi is a binary variable that is 1 if a facility is set up at location i and yi

determines number of ambulances allocated to opened facility at location i. These
two are limited by parameters p and q. zk

j is a binary variable that is 1 if demand
point j is covered at least by k number of ambulances. According to the base model,
aij shows that if base i can cover demand point j. In this model, the objective function
is to maximize the expected coverage by the term which is demand multiplied by
the sum of marginal gains (dj(1 � �)�k � 1). As for the busy ambulance, �k shows
the probability that k ambulances are busy. Constraints (16.46) indicate that up to p
emergency bases can be opened and Constraints (16.47) stipulate that total number
of available ambulances is equal to q. Constraints (16.48) ensure that if a base is
opened, only a limited number of ambulances can be assigned to it. Constraints
(16.49) are covering limitations. Integrality constraints are shown by Constraints
(16.50) and (16.51).

Simplifying assumptions of MEXCLP was later relaxed by Batta et al. (1989)
through the use of Adjusted Maximum expected Covering Location Problem
(AMEXCLP). As another extension, Erkut et al. (2008) incorporated busy fractions
into EMS survival models entitled Maximum Expected Survival Location Problem
(MEXSLP). The introduced model tends to maximize the survival probability of
a patient rather than the expected coverage. In this respect, Galvao et al. (2005)
developed a simulated annealing heuristic to cope with location hypercube models
in order to calculate the expected coverage.

A valid strategy to incorporate the uncertainty is to determine several scenarios
for uncertain parameters. For instance, uncertain demands can be estimated by a set
of scenarios. In this respect, since the large number of scenarios makes the model
more complex, scenario reduction methods could be useful. Nickel et al. (2016)
used a sampling approach in case of large scenario numbers for ambulance location
problem with stochastic demands. In this field, Bernaldi and Bruni (2009) developed
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the two-stage stochastic LSCM model with uncertain demands. In this model, the
first stage finds the opened bases and allocated ambulances, and the second stage
assigns the demand points to the EMS bases. Van Den Berg et al. (2015) presented
the linear formulation of MEXCLP with fractional coverage. The computational
results show that by their formulation, run time of the linear integer programming
model is considerably shorter than the corresponding non-linear one.

From another perspective, research on stochastic EMS problem is limited due to
the following reasons.

• Often, quantifying the uncertainty through the probability distribution functions
is too difficult because of data scarcity

• In large-scale problems such as natural disasters, the queuing models could
become too complex to tackle with

• Linearization of the non-linear terms is not an easy task

To cope with these challenges, robust optimization approach can be applied in
order to provide appropriate solution. This approach uses uncertainty sets rather
than probability density functions or scenarios. In this method, the obtained solution
is optimal against all possible realizations of the uncertain parameters within their
defined sets. Robust models have been rarely applied to EMS problems. Zhang and
Jiang (2014) developed a robust counterpart model for a bi-objective EMS design
problem. They considered two uncertainty sources as the number of emergency calls
and the maximum number of concurrent calls. Among several robust models, they
applied ellipsoidal uncertainty sets for both uncertainty sources.

Another application of operations research in EMS could be through quantifying
and applying resiliency concepts. Today’s EMSs need to be more agile and
flexible in order to deal with demand fluctuations, variations in travel times, site
disruptions and so on, to quickly respond to emergency demands. In other words,
disruptions in EMS could be resolved by some recovery strategies such as: back-
up supplies, backup transportations modes, capacity buffers and expansions, and
facility fortifications. As it was considered in this section, MEXCLP models are
rather restrictive for two reasons (Ivanov et al. 2016):

• Failures or business disruption in the locations or networks are possible but not
through describable probabilistic assumptions

• These models do not consider dynamics of the system that considerably impacts
performance of the system.

In disruptive situations, disruption duration and recovery time considerably
impact performance of the system; however it imposes dynamic dimensions to the
system. In other words, the mathematical models should contain recovery functions
such as differential equations to be able to describe unavailability time of the
healthcare facilities and more importantly gradual recovery of capacities. Despite
the rich literature on EMS models under uncertainty, most of the studies assume that
the disrupted facilities are not returned to the operational mode during the planning
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horizon. So, regarding the healthcare models, dynamic functions embedded in
mathematical models can be helpful to develop more realistic healthcare models.

16.5 Case Study

In this section, a real facility location model case study, presented by Jia et al. (2007)
is reviewed. The case study is related to large scale emergency medical services
(LEMS) in case of natural disasters, terrorist attacks, and etc. local emergency
response providers are designed for dealing with regular small-scale emergencies
such as vehicle accidents. Location problems, however, in large scales impose
special assumptions to be taken into account in order to maximize coverage and
services. For instance, these kinds of services follow low rate of frequencies and
overwhelmed local emergency responders that often results in national assistances.
In this regard, some modifications are inevitable for definition of facility coverage.
Prior to present the elaborated models, we have to make some assumptions such as
facility location objectives, facility quantity and service quantity. It is noteworthy to
know that redundant and dispersed requirements in facility location problem helps to
enhance reliability of facilities since some emergency situations such as earthquakes
affect the availability of facilities (Jia et al. 2007). Moreover, in LEMS facility
locations, there are different types of coverage since occurrence of an emergency at
a specific location needs more than one facility to quell the impact of the emergency.
Another point is that the demand areas in LEMS should be categorized with respect
to attributes such as economic importance, weather pattern, and population density,
and so on.

Being mindful of modifications, Jia et al. (2007) investigates locating medical
supplies for large scale services. To be more specific, protective equipment and
antidotes stocks against dirty bomb attacks are to be located. In this regard, three
general facility location models namely covering model, P-median model and P-
center model are developed with the analyzed assumptions to formulate the location
problems in large scale disasters including anthrax, dirty bomb and smallpox
terrorist attacks.

According to Fig. 16.3, the considered area for locating the facilities is Lose
Angeles. This area is gridded into square zones and each zone’s center is considered
to be aggregated demand point. Downtown, West Hollywood, LAX airport, Port of
LA, Port of Long Beach, Rowland Heights and Disneyland are considered as seven
demand zones.

In this figure, a number of nodes are defined as potential nodes for locating
facilities. It is assumed that resources are adequate to locate just four numbers of
facilities in seven potential nodes.

Developed models are employed to solve the defined problem and afterwards
a comparison is made by the obtained results between the classic and developed
models. The notations of these models are presented as follows.
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Fig. 16.3 Los Angeles country gridded map (Adopted from Jia et al. 2007)

Sets

I Set of possible demand points i D 1 : : : I
J Set of possible facility locations j D 1 : : : J
K Set of emergency scenarios k D 1 : : :K

Variables

xj Equals to 1 if a facility is placed at j; 0 otherwise
zij Equals to 1 if facility j covers demand point i; 0 otherwise
ui Equals to 1 demand point i is covered; 0 otherwise

Parameters

Mi The population of demand point i

eik The impact of demand point i under emergency scenario k

ˇik The probability of emergency scenario k for demand point i

Qi Minimum number of facilities serving demand point i to consider demand point i as
covered

pjk Service level reduction in facility j by emergency scenario k

P The maximum available number of facilities to be located in possible locations
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The mathematical formulation for dirty bomb emergency situation is as follows:

Maximize
X

i2I

ˇikeikMiui (16.52)

s:t:
X

j2Ni

xjpjk � Qiui 8i (16.53)

X

j2J

xj � P (16.54)

ui; xj 2 f0; 1g 8i; j (16.55)

This model aims at maximizing coverage under occurrence of scenario k.
Constraints (16.53) ensure coverage of each demand point by required number
of facilities. Constraint (16.54) enforces that the maximum number of facilities
does not exceed P. Now, the P-median model in presented for Anthrax emergency
problem under occurrence of scenario k. As it was mentioned earlier, in this model
the objective function minimizes the total distances between demand points and
their serving facilities.

Minimize
X

j2J

X

i2I

ˇikeikMizijdij (16.56)

s:t:
X

j2J

zijpjk D Qi 8i (16.57)

X

j2J

xj � P (16.58)

zij � xj 8i; j (16.59)

zij; xj 2 f0; 1g 8i; j (16.60)

In this model, constraints (16.57) indicate that each demand point is covered if
there are Qi number of facilities serving it and constraints (16.59) ensures that a
demand point i can be served by a facility j if the facility is already established.

In the following, the P-center model, corresponding to Small-pox emergency is
presented. This model aims at minimizing the maximum distance for all demand
points. As it can be seen, the only difference between the P-center and P-median
model is about their objective functions, presented as objective function (16.61) and
constraints (16.62).
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Minimize L (16.61)

s.t. (16.57–16.60)

L �
P

j2J ˇikeikMizijdij

Qi
(16.62)

Each of the proposed large-scale examples is compared with its corresponding
traditional model. According to Table 16.1, in case of dirty bombs, the optimal
solution of classical coverage model locates the facilities at sites 1, 4, 6 and 7. This
solution ensures that 100% of population is covered by one facility while in the
multiple-coverage case only 21% of the population is covered. On the other hand,
the proposed model can cover 97.5% of population as single coverage and 88%
as for multiple-coverage. This result implies that the developed model provides an
acceptable efficiency for multiple-coverage.

For the anthrax emergency, the optimal solution, on the basis of P-center model,
suggests to locate facilities at sites 1, 2, 5 and 6. As it can be seen, although for the
single-coverage both models, the same distances are resulted, for multiple-coverage
the objective function value of classical model is greater than the developed model.
Therefore, classical model provides unbalanced solutions that could result in more
economic cost value and life losses.

In the third case, the classical model suggests to locate facilities at sites 1, 2, 5
and 7 on the basis of P-median for smallpox emergency In case of single coverage
models, the developed model results in larger distances (2040 versus 1740). But, if
the multiple coverage is considered, the weighted total distance equals to 11,018 for
traditional model while in the proposed model the weighted total distance decreases
to 7,528 miles.

16.6 Future Research Directions

In this chapter, an extensive review of emergency medical services mathematical
models is presented. Specifically, these models are categorized into strategic and
operational level problems. Then, two rich models are studied from the recent
literature and a case study is presented and investigated in order to highlight the
practical value of this area. Given the current state-of-the-art literature in EMS areas,
there are various avenues for further research. Among these areas we refer to the
following ones:

• The proposed models can be extended to include hospital evacuation problem.
When an evacuation is inevitable, emergency medical services may assist
hospitals with coordinating placement and transport of patients.

• According to relevant literature, considering some real-world features such as the
varying travelling speeds of vehicles, through different scenarios, could provide
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valuable insight for decision makers. However, EMS vehicles often do not follow
all the rules and could use some exemptions.

• Following the real world problems, the current active location sites have not been
included in the existed models. Therefore, it is advisable to include the current
facilities in the model while making their decisions such as closing or keeping
active the current facilities.

• Using bi-level programming approach including the location decisions and
routing strategies, as embedded problems within another, could be another
attractive subject to deal with EMS problems. In this way, global solutions rather
than local ones can be obtained.

• Due to nature of inevitable uncertainties in this area, considering worst-cases
could provide a remarkable vision for decision makers. Robust optimization
models are helpful to reach such an understanding.
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