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Abstract In this paper, gives the definition of complex fuzzy matrix, and study
its convergence problems based on the fuzzy matrix theory, which included the
Convergence in norm and the Convergence in Power, some important conclusions
are obtained, to build and to improve the solid foundation for complex fuzzy matrix
theory.
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1 Introduction

The fuzzymatrix is an important part of fuzzymathematics, which plays an important
role in the fuzziness expression of two dimensional relationship, which has important
applications in the circuit design the exchange of information, cluster analysis, etc.,
but, because the diversity of the research fields and the target, to solve complicated
system problems will require higher dimensions, in this paper, based on the fuzzy
matrix theory, gives the definition of complex fuzzymatrix, and study its convergence
problems of complex fuzzy matrix, to establish complex fuzzy matrix theory and to
laid a solid foundation for the further research.

2 Complex Fuzzy Sets and Complex Fuzzy Number

Definition 1 ([1]) Let R be the real field, C is complex field. For ∀X, Y ∈ F (R),
Z = X + iY , called the complex fuzzy sets, referred to as the complex fuzzy sets.

Definition 2 ([1]) Suppose Z1 = X1 + iY1, Z2 = X2 + iY2 ∈ C F (C), the Opera-

tion of intersection and union be defined as: ∀z = x + iy ∈ C
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(Z1 ∩ Z2)(z)
Δ= (X1 ∩ X2)(x)∧ (Y1 ∩ Y2)(y) = (X1(x)∧ X2(x))∧ (Y1(y)∧Y2(y))

(Z1 ∪ Z2)(z)
Δ= (X1 ∪ X2)(x)∧(Y1 ∪ Y2)(y) = (X1(x)∨ X2(x))∧(Y1(y)∨Y2(y)).

Definition 3 Suppose {Zγ = Xγ + iYγ , γ ∈ Γ } ⊆ C F (C), the operations of

infinite intersection and infinite unit of the complex fuzzy sets are defined as: ∀z =
x + iy ∈ C ,

( ∩
γ∈Γ

Zγ )(z)
Δ= ( ∩

γ∈Γ
Xγ )(x) ∧ ( ∩

γ∈Γ
Yγ )(y) = ( ∧

γ∈Γ
Xγ (x)) ∧ ( ∧

γ∈Γ
Yγ (y))

( ∩
γ∈Γ

Zγ )(z)
Δ= ( ∪

γ∈Γ
Xγ )(x) ∧ ( ∪

γ∈Γ
Yγ )(y) = ( ∨

γ∈Γ
Xγ (x)) ∧ ( ∨

γ∈Γ
Yγ (y))

Z1 ∩ Z2, Z1 ∪ Z2, ∩
γ∈Γ

Zγ , ∪
γ∈Γ

Zγ ∈ C F (C).

Definition 4 The regular convex complex fuzzy sets in the complex field, Z =
X + i Y is called a complex fuzzy numbers.

3 Fuzzy Matrix

Definition 5 ([2]) All the elements of amatrix are in the closed interval [0, 1], which
called the fuzzy matrix.

Union, intersection, complement operation, the corresponding element of the two
fuzzy matrix: take big, take small, take up, which obtain a new element matrix called
their union, intersection, complement operation.

Concrete concepts and properties of fuzzy matrix, please refer to the Ref. [2].

4 Complex Fuzzy Matrix

Definition 6 Suppose X is a non empty sets of real numbers, called

C = {A (x) + i B (x), x ∈ X}

is complex fuzzy sets on X , A (x), B (x) are real fuzzy number, A (x) + i B (x) is
complex fuzzy number, where A (x) : X → [0, 1], B (x) : X → [0, 1], which ex-
pressed the real parts and the imaginary parts of C separately, 0 ≤ A (x)+B (x) ≤ 1.
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Definition 7 Suppose C = (
Ai j (x) + i Bi j (x)

)
n×m is matrix, all of the Ai j (x) +

i Bi j (x) is complex fuzzy number for i, j (1 ≤ i ≤ n, 1 ≤ j ≤ n), then called C is
complex fuzzy matrix, note as C F M (n, m).

Definition 8 Suppose

C1 = (
Ai j (x) + i Bi j (x)

)
n×m,

C2 = (
Di j (x) + i Ei j (x)

)
n×m

are complex fuzzy matrix, the operation of the A and B is defined as:

C1 ∪ C2 = (
Ai j (x) ∨ Di j (x), Bi j (x) ∧ Ei j (x)

)
n×m .

Definition 9 Suppose

C1 = (
Ai j (x) + i Bi j (x)

)
n×m,

C2 = (
Di j (x) + i Ei j (x)

)
n×m

are complex fuzzy matrix, the Product operation of the A and B is defined as:

C1C2 = (
C1C2Ri j (x) + iC1C2 Ii j (x)

)
n×m,

C1C2Ri j (x) = ∨
1≤k≤m

(
Aik (x) ∧ Dkj (x)

)
,

C1C2 Ii j (x) = ∧
1≤k≤m

(
Bik (x) ∨ Ekj (x)

)
.

5 Complex Fuzzy Matrix Norm and Convergence in Norm

Definition 10 ([3]) Let F = R or C , V is a linear space over F . If the real vector
function ‖∗‖ on V satisfies the following properties:

1. For arbitrary x ∈ V , ‖x‖ ≥ 0, and ‖x‖ = 0 ⇔ x = 0,
2. For arbitrary k ∈ F , x ∈ V get ‖kx‖ = ‖k‖ ‖x‖,
3. For arbitrary x, y ∈ V , get ‖x + y‖ ≤ ‖x‖ + ‖y‖,
then ‖x‖ is called vector norm of X in V .

Definition 11 Suppose ‖∗‖ is non negative real function on Fn×n , if

∥∥C1C2Ri j (x)
∥∥ ≤ ∥∥C1Ri j (x)

∥∥ ∥∥C2Ri j (x)
∥∥ ,
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∥∥C1C2 Ii j (x)
∥∥ ≤ ∥∥C1 Ii j (x)

∥∥ ∥∥C2 Ii j (x)
∥∥ ,

then called ‖∗‖ is C F M (n, m).

Definition 12 ([4]) Suppose (V, ‖∗‖) is a n-dimensional normed linear space,
x1, x2, . . . , xk, . . . is a vector sequence of V , α is a fixed vector V , if

lim
k→∞ ‖xk − α‖ = 0,

then called vector sequence x1, x2, . . . , xk, . . . convergence in norm, A is the limit
of a sequence, note as:

lim
k→∞ xk = α or xk → α,

vector sequence does not converge called divergence.

Definition 13 Suppose (V, ‖∗‖) is a n-dimensional normed linear space,
c1, c2, . . . , ck, . . . is a complex fuzzy matrix sequence of V , c (k) constitutes a com-
plex fuzzy matrix function, α = αR + iα I is a fixed complex fuzzy matrix of V ,
if

lim
k→∞ ‖cR (k) − αR‖ = 0, lim

k→∞ ‖cI (k) − α I‖ = 0,

then called complex fuzzy matrix sequence c1, c2, . . ., ck , . . . convergence in norm,
α = αR + iα I is the limit of a sequence, note to: lim

k→∞ x (k) = α or xk → α.

Definition 14 Suppose (V, ‖∗‖) is a n-dimensional normed linear space C (k),
(n = 1, 2, . . .), c : CFM (n, m) → CFM (n, m), then

1. {c (k)} almost everywhere convergence c, in V , if there is E ∈ V , c (E) = 0,

makes {c (k)} pointiest convergence on c in V − E , note as c (k)
a.e→ c in V ,

2. {c (k)} almost uniform convergence c in V , if there is E ∈ V , for any ε > 0,
‖c (E)‖ < ε, makes {c (k)} pointiest uniform convergence on c in V − E , note

as c (k)
a.u→ c in V ,

3. {c (k)} pseudo almost everywhere convergence c in V , if there is E ∈ V ,
c (V − E) = c (E), makes {c (k)} pointiest convergence on c in V − E , note as

c (k)
p.a.e→ c in V ,

4. {c (k)} pseudo almost uniform convergence c in V , if there is {Ek} ⊂ V ,
lim

n→∞ c (V − Ek) = c (A) makes {c (k)} pointiest uniform convergence on c

in V − E , note as c (k)
p.a.u→ c in V .

Theorem 1 A necessary and sufficient condition of null additives of c is for any
A ∈ V , c ∈ CFM (n, m), c (k) ∈ CFM (n, m) and ‖C M F (n, m)‖ < ∞ has

c (k)
a.e→
A

c ⇒ c (k)
p.a.u→

A
c.
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Proof: Necessity:

c (k)
a.e→
V

c ⇒ c (k)
a.u→
V

c,

by consistency theorem has

c (k)
a.e→
V

c ⇒ c (k)
p.a.u→

V
c.

Sufficiency: Suppose for any B ∈ V has c (B) = 0, let x ∈ V − B, c (x) = 0, so

obviously there is c (k)
a.e→
V
0, exist Pk, when k → ∞ has c (V − Pk) → C (V ), and

{c (k)} uniform convergence 0 on V − pk, n = 1, 2, . . ., at this time there will be
V − B ⊇ V − Pk, k = 1, 2, . . ., c (V − B) ≥ c (V − Pk) → c (V ), therefore it is
c (V − B) = c (V ).

6 The Power of Complex Fuzzy Matrix and Its Power
Convergence

Definition 15 Suppose A ∈ C M F (n, n) power K of A is defined as Ak , among
them A1 = A, Ak = Ak−1A.

Theorem 2 Suppose A ∈ C F M (n, n), there are must be a positive integer P and
K, making ∀k ≥ K has Ak+p = Ak.

Proof: Let ∀k ≥ 1, A = (
Ai j (x) + i Bi j (x)

)
,

Ak = (
Ai j (x) + i Bi j (x)

)k
n×n =

(
Ak

i j (x) + i Bk
i j

(x)
)

n×n
,

Ak
i j (x) = ∨

1≤t1,...,tk−1≤n

(
Ait1 ∧ Ait2 ∧ · · · ∧ Aitk−1

)
,

Bk
i j (x) = ∧

1≤t1,...,tk−1≤n

(
Ait1 ∨ Ait2 ∨ · · · ∨ Aitk−1

)
,

because the ∧,∨ is closed, so the elements number of
{

Ak, k ≥ 1
}

in not more than(
n4n

)n
there must be a positive integer P and K, make Ak+p = Ak, so for any k > K

has

Ak+p = A(k−k)+k+p = Ak−k Ak+p = Ak−k Ak = Ak .

Theorem 3 Suppose A ∈ C F M (n, n), which is power sequence monotone increas-
ing of A, hence
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An = An+1 = An+2 = · · · = lim
k→∞ Ak,

that is, power sequences of A is Convergence.

Proof: Because power sequence of A monotone increasing, then An ≤ An+1, and
from the An+1 ≤ A ∨ A2 ∨ · · · ∨ An = An, so An = An+1.

7 Conclusion

In this paper, by studied complex fuzzy matrix convergence problems based on the
fuzzy matrix theory, which included the Convergence in norm and the Convergence
in Power, which is important work in fuzzy complex analysis, to build and to lay a
solid foundation for our future research on complex fuzzy matrix theory.
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