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Abstract. The article provides a brief classification of electromechanical dampers
in vehicle suspensions. As investigated version of design of electromechanical
shock absorber is suggested model with ball-screw drive of generator as inves-
tigated version of design of electromechanical shock absorber. The main com-
ponents of the damping force are indicated: the force of inertia and the force
of electromagnetic resistance. The given resistance forces are expressed taking
into account the drive parameters. Presented mathematical model of electrome-
chanical suspension damper of vehicle wheels considers parameters of motion as
vehicle speed and height, and length of overcome irregularity is taken into account.
Suggested model makes it possible to determine kinematic parameters of mov-
able elements of electromechanical damper values of inertial and electromagnetic
components of damping force and also generated electric energy, on conditions
of vehicle movement and connected external load. Due to the presented depen-
dencies, it was revealed that when determining the power of the generator for
operation as part of an electromechanical damper, the most significant parameters
are the rotation speed and efficiency of the generator, which in turn depend on the
rotation speed of its rotor and the load connected to the stator outputs. The inter-
relationships presented in the work make it possible to investigate the influence
of mass size and electromagnetic parameters of elements of electromechanical
dampers on their operating characteristics, to use them as recommendations when
designing electromechanical dampers.

Keywords: Electromechanical shock absorber ·Moment of inertia · Damping ·
Recovery · Damping energy

1 Introduction

When moving the vehicle, the energy of mechanical vibrations in damping devices of
wheel suspensions, which is significant, can be recovered into electric and then used
in the onboard vehicle network, thereby reducing fuel consumption of cars with ICE
operating on hydrocarbon fuel or increasing the range for electric vehicles. [1–3] Several
embodiments of the electromechanical shock absorber are known [4–6]:
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• Linear electromechanical shock absorber [7–9];
• Electromechanical shock absorber with hydraulic drive [10];
• Electromechanical shock absorber with mechanical drive [11, 12];
• Electromechanical shock absorber driven by ball-screw transmission, etc. [13, 14].

To study the effect of various design parameters of the electromechanical shock
absorber on its performance, a physical model of the most promising damper equipped
with a ball-screw drive and a rotary type generator is proposed (Fig. 1).

Fig. 1 Physical model of electromechanical shock absorber with a ball-screw drive. a Generator;
b Ball-screw drive; (1) rotor; (2) stator; (3) drive nut; (4) shaft bushing; (5) movable support; (6)
case; (7) eyelet

The principle of electromechanical shock absorber operation with a ball-screw drive
consists the following: reciprocating movements of wheels relative to vehicle body per-
ceived by eyelet, housing, and nut of ball-screw drive are converted into rotarymovement
of ball-screw drive shaft, which in turn drives generator rotor.

2 Methods and Equipment

Whenevaluating the damping and recuperative properties of the electromechanical shock
absorber, two main components should be taken into account: mechanical, depending
on the design parameters of the electromechanical shock absorber, and electromagnetic,
depending on the operating characteristics of the generator and the external electrical
load connected.

Inertial components include the force of inertia (N) in the case of reciprocating
motion and the inertial moment (N m) of resistance in the case of rotational motion of
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electromechanical shock absorber elements, including the generator rotor, determined
by formulae (1) and (2), respectively.

Fi = m · a (1)

where m—weight, kg; a—acceleration of the body, m s2.

Mi = J · ε (2)

where J—moment of inertia of the rotating body, kg m2; ε—angular acceleration of
a body, radian/s.

Moment of inertia of the rotating body, kg m2:

J =
∫

r2dm =
∫

v

ρr2dV (3)

where r—distance from axis to elementary mass dm, m; dV—elementary volume
occupied by dm, m; ρ—body density at the point where dm is, kg/m3.

Electromechanical component can be estimated by moment of resistance on
generator rotor shaft, N m:

Mr = Ne · ηg
ω

(4)

where Ne—generator electric power at ω, W; ηg—efficiency of the generator at ω

and Ne; ω—angular speed of generator rotor rotation, radian/s.
The reduced force from the moments of the inertial and electromagnetic resistance

elements to the nut of the ball-screw drive (bsd) is expressed taking into account the
parameters of the drive expressed by Eq. (5), H:

Fr = 2π · M · ηbsd
P

(5)

where M—driven moment, (N m); P—ball-screw transmission pitch, (m); Hbsd—
efficiency of ball-screw transmission.

The ratio of the rotation angle of the ball-screw gear shaft to the amount ofmovement
of its nut is determined by the dependence:

ϕ = 2πx

Pk
(6)

where x—nut movement, m; k—number of ball-screw gear thread starts.
To assess the effect of electromechanical shock absorber on suspension operation as

a whole, a mathematical model of vehicle suspension with electromechanical damper
has been compiled (Fig. 2).

Figure 3 shows themodel of the vehicle suspensionwith disturbing effect andwithout
taking into account the stiffness of tires and ground C(t+g), so the ground and tire of the
wheel are accepted as absolutely solid bodies.
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Fig. 2 Mathematical model of vehicle suspension. ms—sprung weight, kg; xs—movement of
sprung weight, m; Cs—spring stiffness, N/m; Kd—damping coefficient, N•s/m; mu—unsprung
weight, kg; xu—movement of sprung weight, m; C(t+g)—tire and ground stiffness, N/m; Fu—the
equivalent of all forces on the wheel transmitted from the unsprung part, N

Fig. 3 Suspension model excluding tire and ground stiffness C(t+g)

Fe—elastic force of springs, N; Fd—the strength of the damping, N; X—mixing of
unsprung mass (nut movement), m.

For the maximum comfort of the driver and passengers in the car, it will be ideal
if the movement of the body, i.e., the sprung mass of the car, is zero (xu = 0) under
any disturbing effects. It is necessary to determine the resistance force at which this
condition will be met.

The sprung part of the vehicle can start tomove upward if the spring begins to expand
or if the resistance force of the shock absorber is too high, as a result of which all the
load from the unsprung part will be transferred to the sprung mass.
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Equilibrium equation of this system:

ms · ẍs = −ms · g − Cn · (xu − xs) − Kd · (ẋu − ẋs) + Fu (7)

where ẍs—acceleration of the compressed mass, m/s2; ẋu—speed of unsprung mass
movement, m/s; ẋs—speed of the compressed mass movement, m/c.; g—acceleration of
free fall, m/s2; ms—sprung weight, kg; Kd—damping coefficient, N•s/m; Cs—spring
stiffness, N/m; Fu—equal to all forces on the wheel transmitted from the unsprung part,
N.

To ensure the immobility of the pressed mass, Eq. 7 should take the form:

ms · g = −Cs · x − Kd · ẋ + Fu (8)

In order for the spring part to be stationary, it is necessary that the gravity of the
spring mass, together with the forces generated in the suspension itself, be compensated
by the force transmitted from the spring part.

Force Fu—equal to all forces on the wheel transmitted from the unsprung part is:

mu · ẍ = Fu (9)

where mu—unsprung mass, kg.
Consider the most interesting part of the presented model—the damping coefficient

Kd, which is a characteristic of an electromechanical shock absorber, depending on its
controlled and constant parameters. The damping coefficient characterizes the force of
resistance to the movement of the ball-screw gear nut relative to the shaft depending on
the driving conditions and is composed of the given forces and moments of inertia F i„
as well as the reduced electromechanical force of resistance Fem to the ball-screw gear
nut.

The law of movement of the wheel from disturbing effects of the road is represented
by Eq. (10):

x(t) = A · sin(ω · t) (10)

where A—amplitude, m; ω—frequency, Hz; t—time, s.
Then, the law ofmovement of the ball-screw gear nut as part of the electromechanical

shock absorber:

x(t) = is · A · sin(ω · t) (11)

where is—gear ratio of vehicle wheel suspension.
Converting Eq. 11 to describe the vehicle motion conditions taking into account the

following parameters:

• vehicle speed, Sv (m/s);
• height of the unevenness to be overcome, A (m);
• length of irregularity, λ (m);
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we will receive:

x(t) = is · A sin(ω · t) = is · A sin

(
2π · Sv

λ
· t

)
(12)

ẋ(t) = is · A cos

(
2π · Sv

λ

)
· t (13)

ẍ(t) = −is · A

(
2π · Sv

λ

)2

· sin
(
2π · Sv

λ
· t

)
(14)

Figure 4 graphically shows the dependencies of movement (x), speed (ẋ) and
acceleration (ẍ) of unsprung mass on time.

Fig. 4 Dependencies of movement, speed and acceleration of unsprung mass on time

The condition of the ball-screw drive shaft of the electromechanical shock absorber
is described by the following equations:

ϕ(x) = 2π · x

P · k
=

2π · is · A · sin
(
2π ·Sv

λ
· t

)

P · k
(15)

ϕ̇
(
xnp

) = 2π · ẋ

P · k
= 2π · is · A · 2π ·Sv

λ

P · k
· cos

(
2π · Sv

λ
· t

)
(16)

ϕ̈(x) = 2π · ẍ

P · k
= −

2π · is · A ·
(
2π ·Sv

λ

)2
P · k

· sin
(
2π · Sv

λ
· t

)
(17)
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These equations are also true for the generator rotor in the case of direct drive of the
generator (Fig. 1). If a multiplier is used to increase the rotor speed of the generator, the
equations of its motion will take the form:

γ (x) = 2π · imx

P · k
=

2π · is · im · A · sin
(
2π ·Sv

λ
· t

)

P · k
(18)

λ̇(x) = 2π · im · ẋ

P · k
= 2π · is · im · A · 2π ·Sv

λ

P · k
· cos

(
2π · Sv

λ
· t

)
(19)

γ̈ (x) = −2π · imẍ

P · k
= −

2π · is · im · A ·
(
2π ·Sv

λ

)2
P · k

· sin
(
2π · Sv

λ
· t

)
(20)

where im—multiplier gear ratio.
According to a given lawofmotion, it is possible to determine the state of themovable

parts of the electromagnetic damper at any moment in time, therefore, to determine the
effect of weight and size and design parameters on the operation of the damper as a
whole.

So the force of inertia from the reciprocating parts, we define from the equation, N:

FiR(x) = −is · A

(
2π · Sv

λ

)2

· sin
(
2π · Sv

λ
· t

)
·
∑

mi (21)

where
∑

mi—sum of masses moving with one acceleration.
The damper under investigation is represented as a link consisting of inertial and

electromagnetic elements connected in parallel to Fig. 5.

Fig. 5 Electromechanical damper model. Fie—the reduced force to the upper eye of the damper
from the inertial moment of resistance, N; Fem—the reduced force to the upper eye of the damper
from the electromechanical moment of resistance, N; Pe—generator power, W; ηg—generator
efficiency; mr—weight of the rotor, kg; Jr—moment of inertia of the generator rotor, kg m2;
ηbsd—ball-screw drive; Js—moment of inertia of the shaft bushing, kg m2

Inertial moment of resistance from rotating elements of damper is equal to product
of angular acceleration at moment of inertia, N m:

Mr(x) = −
2π · isA ·

(
2π ·Sv

λ

)

P · k
· sin

(
2π · Sv

λ
· t

)
·
∑

Ji (22)
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where
∑

J i—sum of moments of inertia of elements moving with one angular
acceleration.

For elements installed after the multiplier, N m:

Mrm(x) = −
2π is · im · A ·

(
2π ·Sv

λ

)2
P · k

· sin
(
2π · Sv

λ
· t

)
·
∑

Ji (23)

The reduced force to the upper eye of the damper from the inertial moment of
resistance is, N:

Fie(x) = 2π · Mr · ηbsd
P

= 2π · ηbsd

⎛
⎜⎝−

2π · isA ·
(
2π ·Sv

λ

)2
P · k

· sin
(
2π · Sv

λ
· t

)
·
∑

Ji

⎞
⎟⎠

/
P (24)

with multiplier:

Fiem(x) = 2π · Mr · ηbsd · ηm
P

= 2π · ηbsd · ηm

⎛
⎜⎝−

2π · is · im · A ·
(
2π ·Sv

λ

)2
P · k

· sin
(
2π · Sv

λ
· t

)
·
∑

Ji

⎞
⎟⎠

/
P

(25)

Electromechanical moment of resistance of electromechanical shock absorber is
expressed, N m:

Me(x) =
(

U 2

R + r
· ηg

)/
2π · is · ẋ

P · k

=
(

U 2

R + r
· ηg

)/
2π · is · A · 2π ·Sv

λ

P · k
· cos

(
2π · Sv

λ
· t

)
(26)

where U—voltage in the circuit, V; R—load resistance, Ohm; r—reactance, Ohm;
ηg—generator efficiency.

or:

Me(x) =
(
I · U · ηg

)/2π · is · ẋnp
P · k

= (
I · U · ηg

)/2π · is · A · 2π ·Sv
λ

P · k
· cos

(
2π · Sv

λ
· t

)
(27)

where I—current in the circuit, A.
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The reduced force to the upper eye of the damper from the electromechanicalmoment
of resistance is, N:

Fem(x) = 2π · Me · ηbsd
P

= 2π · ηbsd
((

U 2

R + r
· ηg

)/
2π · is · γ̇np

P · k

)/
P

= 2π · ηbsd
((

U 2

R + r
· ηg

)/
2π · is · A · 2π ·Sv

λ

P · k
· cos

(
2π · Sv

λ

))/
P (28)

or:

Fem(x) = 2π · ηbsd
((

I · U · ηg
)/2π · is · γ̇np

P · k

)/
P

= 2π · ηbsd
((

I · U · ηg
)/2π · is · A · 2π ·Sv

λ

P · k
· cos

(
2π · Sv

λ

))/
P (29)

3 Research Results

It follows from the above that the sum of all forces brought to the nut of the elec-
tromechanical shock absorber ball-screw drive will be the resistance force of the
damper.

F(x) = FiR(x) + Fie(x) + Fiem(x) + Fem(x) (30)

Since the only controlled parameter in Eq. (30) is Fem(x)—the electromechani-
cal resistance force brought to the upper lug of the damper, it is advisable to con-
sider it as the main component when calculating the characteristics of the elements of
the electromechanical damper and express the electromechanical resistance force from
Eq. (30).

Fem(x) = FiR(X ) + Fie(x) + Fiem(x) − F(x) (31)

From Eqs. (4)–(6), we express the generated electric power of the generator, W:

Ne = ω · Fem · P

2π · ηg · ηbsd (32)

where Fem—reduced damping force to the upper eye of the shock absorber from the
moment of generator resistance, N.

It can be seen from Eq. (32) that when determining the power of a generator for
operation as part of an electromechanical damper, the most significant parameters are
the rotation speed and efficiency of the generator, which in turn depend on the rotation
speed of its rotor and the load connected to the stator outputs.
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4 Conclusions

The use of an electromechanical shock absorber in vehicle suspensions will allow chang-
ing the damping level in awide range, aswell as using recuperable energy to performuse-
ful work. The presented dependencies can be used when studying the effect of mass and
electromagnetic parameters of electromechanical shock absorber elements on its prop-
erties, as well as recommendations for designing an electromechanical shock absorber.
To reduce the effect of inertia forces on the generator drive, for example, it is possible
to use generators with a smaller rotor radius, with equal power characteristics, and also
it is possible to install elastic and friction elements between the generator rotor and the
ball-screw transmission shaft.

References

1. Nikonov VO, Posmet’ev VI (2018) Sostoyanie problemy i analiz konstruktsij sistem reku-
peratsii ehnergii v podveskakh kolesnykh mashin (State of the problem and analysis of the
structures of energy recovery systems in the suspensions of wheeled vehicles). Voronezhskij
nauchno-tekhnicheskij vestnik

2. Posmet’evVI,DrapalyukMV,ZelikovVA(2012)Otsenka ehffektivnosti primeneniya sistemy
rekuperatsii ehnergii v podveske avtomobilya (Evaluation of the efficiency of the energy
recovery system in the vehicle suspension). Nauchnyj zhurnal KubGAU

3. Okladnikov DL, Zeer VA, Grazhdantsev EV, Avdeev RM, Akhremov SA (2019) Energy
recovery method of damping oscillations of the vehicle suspension. IOP Mater Sci Eng
537:032074:1–7. https://doi.org/10.1088/1757-899x/537/3/032074

4. Klimov AV, Karelina MYu (2017) Vybor tipa konstruktsii i opredelenie parametrov i kharak-
teristik amortizatora s rekuperativnym ehffektom (Selection of the type of structure and deter-
mination of parameters and characteristics of the damper with regenerative effect). Trudy
NAMI

5. Sergienko AN, Lyubarskij BG, Samorodov VB, Sergienko NE (2012) Analiz konstruktsij
ehlektromekhanicheskikh preobrazovatelej i vybor skhemy ehlektroamortizatora nepodres-
sorennykh mass transportnogo sredstva (Analysis of the designs of electromechanical con-
verters and the choice of an electric shock absorber circuit for unsprung mass vehicles).
Avtomobil’nyj

6. OkladnikovDL, PerikovDS, Sorokin AA, Evseev PP (2013) K voprosu ispol’zovaniya ehlek-
tromagnitnykh ustrojstv v podveskakh avtobilej (On the use of electromagnetic devices in car
suspensions). Tret’ya vserossijskaya nauchno-tekhnicheskaya konferentsiya “Sovremennaya
tekhnika i tekhnologii: problemy, sostoyanie i perspektivy”, Rubtsovsk

7. Demetgul M, Guney I (2017) Design of the hybrid regenerative shock absorber and energy
harvesting from linear movement. J Clean Energy Technol 5:81–84. https://doi.org/10.18178/
jocet.2017.5.1.349

8. Sarbayev VI, Garmash UV, Blinnikova LG (2016) Rekuperativnyy amortizator (Regenerative
shock absorber). Vestnik mashinostroyeniya

9. Oprea CA, Martis CS, Jurca FN, Fodorean D, Szabó L (2011) Permanent magnet linear
generator for renewable energy applications: Tubular vs. four-sided structures.Clean electrical
power (ICCEP), pp 588–592. https://doi.org/10.1109/iccep.2011.6036316

10. Avadhany S, Abel P, Tarasov V, Anderson L (2011) Regenerative shock absorber. CN Patent
102007008:6

https://doi.org/10.1088/1757-899x/537/3/032074
https://doi.org/10.18178/jocet.2017.5.1.349
https://doi.org/10.1109/iccep.2011.6036316


206 D. L. Okladnikov et al.

11. Khushal A,Monis A (2017) Design and simulated analysis of regenerative suspension system
with hydraulic cylinder, motor and dynamo. SAE technical paper series. https://doi.org/10.
4271/2017-01-1284

12. Li Z, Zuo L, Luhrs G, Lin L, Qin Y (2013) Electromagnetic energy-harvesting shock
absorbers: design, modeling, and road tests. IEEE Trans Veh Technol 62:1065–1074. https://
doi.org/10.1109/tvt.2012.2229308

13. Zeer VA, Okladnikov DL, Filatov AN, Golubtsov DI (2020) Electromagnetic shock absorber
with regenerative effect. RU 2714331 C1 4 Feb 2019

14. Kireev AV, Kozhemyaka NM, Grebennikov NV (2017) Energy-regenerative shock absorber
mathematical model. Proc Eng 206:1741–1746. https://doi.org/10.1016/j.proeng.2017.
10.707

https://doi.org/10.4271/2017-01-1284
https://doi.org/10.1109/tvt.2012.2229308
https://doi.org/10.1016/j.proeng.2017.10.707

	Development of a Mathematical Model of Electromechanical Dampers with a Regenerative Effect in Vehicle Wheel Suspensions
	1 Introduction
	2 Methods and Equipment
	3 Research Results
	4 Conclusions
	References




